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PHANI: PAISO - GIAI TiCH
4 CHUONG I N
UNG DUNG DAO HAM DE KHAO SAT

VA VE PO THI CUA HAM SO
g %

1. TINH DON DIRU CUA HAM SO

1. Dinh nghia:
Ham s6 f dong bién trén K < (Vx1, x2 € K, x1 < x2 = f(x1) < f(x2)
Ham s6 f nghich bién trén K < (Vx1, x2 € K, x1 < x2 = f(x1) > f(x2)
2. Piéu kién can:
Gid st f c6 dao ham trén khodng I.
a) N&u f ddng bi€n trén khodng I thi f'(x) >0, Vx eI
b) N&u f nghich bi&n trén khodng I thi f'(x)< 0, Vx €1
3. Piéu kién di:
Gia st f ¢c6 dao ham trén khodng I.
a) Néuf' (x) >0, Vx e I (f'(x) =0 tai mot sd hitu han di€m) thi f ddng bién trén I.
b) Néu f' (x) <0, Vx e I (f'(x) =0 tai mot s& hitu han di€m) thi f nghich bién trén 1.
c) N€u f'(x) = 0, Vx e I thi f khong ddi trén L.

»
y X=a x=b

Hing

Off'(x)<0 f(x)=0 f'(x];-()\

Chui y: Néu khodng I duoc thay bdi doan hodc nita khodng thi f phdi lién tuc trén dogn

Trang 1
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VAN PL 1: Xét chiéu bién thién cfia ham s&

Pé xét chiéu bién thién ciia ham sé'y = f(x), ta thuc hién cdc budc nhu sau:
— Tim tdp xdc dinh ciia ham sé.
— Tinh y’. Tim cdc diém ma tai dé y’= 0 hodic y’ khong ton tai (goi la cdc diém téi han)

— Ldp bdng xét ddu y’ (bdng bién thién). Tir dé két ludn cdc khodng dong bién, nghich bién clia
ham so.

= Chuy:

= Poi v6i ham sé nhat bién, khéng cho y' =0 (Viy' luén dwong hodc luén dm véi moi X
thuoc tap xdc dinh).

= Ddu ciia tam thirc bdc hai: P(x)=ax’ +bx+c=0 (a#0).
v’ Néu P(X) =0 co hai nghiém thi P(X) “Trong trai ngoai cung”.
v’ Néu P ( X) =0 c6 nghiém kép thi P ( X) luén cing ddau véi a . V6i moi X khéc nghiémkép)
v’ Néu P(X) =0 vo nghiém thi P(X) luén cing dau véi a. (Véi moi xeR)

CAC Vi DU MAU
Vi du 1. Xét tinh don diéu ciia ham s6 y = x® —3x* +2
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Vi du 4. Tim khoang don diéu ciia ham s6 y = x* —3x? + 4.

2x-1
X+1
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A.BAI TAP TU LUAN

Bai 1. Xét chiéu bién thién ctia cdc ham sd sau:
a)y=x3—2x2+x—2 b)y=x3—3x2+4x—5 c)y=x3—3x2+3x—l
d) y=@4-x)(x-1) e) y=—x*-2x>+3 f) y=x*—2x>-2

Bai 2. Xét chiéu bién thién clia cdc ham s sau:

2x—1 x—1 1
a)y= b) y= )y=1-——
)y x+5 )y 2—x )y 1-x
2x% +x+26 1 4x% ~15x+9
dy=—"¢--— €) y=—x+3——— fy y=——"F"—
x+2 1—-x 3x

Bai 3. Xét chiéu bién thién clia cdc ham so sau:

a)yzxx/2—)c2 b)y=\/2x—x2
B. BAI TAP TRAC NGHIEM

CAu 1: Cho ham s6 f (X) dong bién trén tap sb thuc R , ménh dé nao sau day 1a dung?

A.Véimoi x >x, e R= f(x)< f(x,). B. Véi moi x,x, e R= f(x)> f(x,).

C. V6i moi x,x, e R= f(x)< f(x,). D. Véimoi x, <x, eR= f(x)< f(x,).
Cau 2: Haim s6 y = ax® +bx?* +cx+d,a # 0 ludn dong bién trén R khi va chi khi

a>0 a>0 a>0 a>0
A. . B. . C. : D. .
{b2—3ac>0 {bz—ac<0 {b2—3ac<0 {b2—3acs0

Céu 3: Him s6 y = x®—3x? —9x+1 dong bién trén mdi khoang:

A. (—1;3) va (3; +oo). B. (—oo;—l) va (1; 3).

C. (—00;3) va (3; +oo). D. (—oo;—l) va (3; +oo).
Cau 4: Hoi ham sé y = 2x° +3x” +5 nghich bién trén khoang nao?

A. (—o0;-1). B. (-10). C. (0;+00). D. (-3:1).

Céu 5: Ham s6 y = —x* +4x?* —2 nghich bién trén mdi khoang nao sau day?

A. (—\/E;O)vé (\/§;+oo). B. (—«/E\/E)

C. (\/§;+oo). D. (—oo;—\/z) va (0;«/5) .
Cau 6: Cho ham sb y = % x* —2x? +3. Khang dinh nao sau diy ding ?

A. Ham s6 nghich bién trén khoang (—2;0) va (2;+ ),

B. Ham s6 dong bién trén khoang (—o0;—2) va (2;+).

C. Ham s6 nghich bién trén khoang (—o0;—-2) va (0;2).

D. Ham s nghich bién trén khoang (—0;0).
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Cau 7: Trong cac ham s6 sau, ham so nao nghich bién trén cac khoang xac dinh cta chiung

A y=x"+3x. B.y=X;2.
x—1
2X—3
= : D. y=—x"-2x*+3.
S - '
Cau 8: Ham s6 nao sau day luén dong bién trén tirng khoang xac dinh cua ching
A. y:g . B. y=2x+3. C.(-11). D. y=x+£
X ‘ x-1 X
Cau 9: Ham s0 nao sau day dong bién trén moi khoang xac dinh cua né:
-1 -1 2x-1 2
=X_ B. y=X_ C. y = X D. y= X+5
X—2 X+2 X—2 X+2

Céu 10: Cho ham sb y = f(x) c6 bang xét ddu dao ham nhu sau
Ménh d& nao dudi day diing

X ‘ —_0 400

Li

—2 0 2
y + 0 -~ H - 0 +

A. Ham s6 dong bién trén khoang B. Ham s6 dong bién trén khoang (—oo;O)
C. Ham s6 nghich bién trén khoang (0;2) D. Ham s6 nghich bién trén khoang (—oo; —2)

Cau 11: Cho ham sb y = f (x) (c6 bang bién thién), dong bién trén khoang nao dudi day?

i —on -1 0 1 Yoo
¥ 0 0 0
y -1 -1
—o0 / \ -2 / \ —0
A. (L+x). B. (-10). C. (—0;1). D. (0;1).

Ciu 12: Cho ham s y=f(x) c6 dao ham f'(x)=x*-2x,Vx e R. Ham s6 y=-2f(x) dong

bién trén khoang

A. (2;+0). B. (0;3). C. (—0;1). D. (0;1).

Trang 5



PE CUONG HOC KY I, NAM HQC 2021-2022

TO TOAN NGUYEN HIEN
Cau 13: Cho ham sé y = f (x) co d6 thi nhu hinh v& bén dong bién trén khoang nao duéi day?

'y
] / -
7 -

A. (0;2). B. (—0;-1). C. (-11). D. (-1,0)
Cau 14: Cho ham sb y = f (x) co dd thi nhu hinh v& bén.
o

3 |

/\\ i

[ bl /

| V1]

I -1 _2; \:/f

Ham s6 da cho nghich bién trén khoang nao dudi day?

A. (0;1). B. (—o0;-1). C. (-12). D. (1 +00).
Céu 15: Ham s6 y =+/x—x* nghich bién trén khoang nao sau day?
1 1 . .
A |5 B.| 02 C. (-=;0) D. (L+e)
Cau 16: Ham s6 y =+/x* +x+3 nghich bién trén khoang
A (_oo;_lj. B. (_l;mj C. (o). D. (_l;mj v (-oo;-lj
2 2 2 2
Céu 17. (cAu 50 minh hoa 2020) Cho ham s f (X). Ham s6 y = f’(X) c6 d6 thi nhu hinh bén.
Ham s6 g(x)= f (1-2x)+x* —x nghich bién trén khoang nao dudi day?
3 :
A (1;_j D. (2:3).
2
Trang 6
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VAN PE 2: Tim diéu kién d€ ham s& luén ddng bi€n hoic nghich bién

trén tap xac dinh (hoic trén tirng khoang xac dinh)

Cho ham 56" y = f(x,m), m la tham sé, cé tdp xdc dinh D.
e Ham s6 f dong bién trén D < y’>0, Vx € D.
e Ham s6 f nghich bién trén D < y’<0, Vx e D.
Tir d6 suy ra diéu kién ciia m.
Riéng ham nhat bién:
e Ham s6 f dong bién trén D < y’> 0, Vx € D.
e Ham s6 fnghich bién trén D < y’< 0, Vx € D.
Chii §:
1) y’= 0 chi xdy ra tai mot s6 hitu han diém.

2) Néu y'=ax2+bx+c thi:

{a:b:O {a:bzo

> <

ey'>0,VxeR< ¢=0 e y'<0,VxeR< c<0
a>0 a<0
AL0 A<L0

3) Pinh li vé déu ciia tam thitc bdc hai g(x)=ax*>+bx+c:

o Néu A < 0 thi g(x) luén cing ddu vdi a.

e Néu A = 0 thi g(x) luén cing ddu vdi a (tric x = —2£)
a

o Néu A > 0 thi g(x) cé hai nghiém xi1, x2 va trong khodng hai nghiém thi g(x) khdc ddu vdi a,

ngoai khodng hai nghiém thi g(x) cing ddu vdi a.

4) So sdnh cdc nghiém xi, x2 cia tam thitc bdc hai g(x) = ax? +bx+c vdi 56 0:

A>0 A>0
ox1<x2<0<:> P>0 oO<x1<x2<:> P>0 e x,<0<x,=P<0
S<0 S>0

5) So sdnh cdc nghiém x1, x2 ciia tam thiic bdc hai g(x)= ax®> +bx+c véisé a :

A4>0 A4>0

'x1<a<x2<:>a.g(a)<0 a<x; <x, a.g(a)>0 X <X, < a.g(a)>0
X, +X X, +X

7254 72 oy
2 2

Trang 7
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(m-1)x—2m
X—m

Vidy 9. Tim m dé hamsé y= dong bién trén timg khoang xac dinh.

mx—2m+2

X+2m
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Vi du 14. Tim m dé ham séy:—%x:*—(m—Z)xz+(m—2)x+mlu6n nghich bién

VAN PE 3: Tim diéu kién d& ham sé y = ax® + bx> + cx + d ddng bién hoic nghich bién

trén khoang c6 do dai bang d

eTinhy’
o Tim diéu kién dé ham sé cé khodng dong bién va nghich bién:
a#0
1
{A >0 ()
e Bién di |x, — x| =d thanh (x,+x,)° —4xx, =d’ (2)

o Sit dung dinh li Viet dua (2) thanh phuong trinh theo m. Gidi phuong trinh, so véi diéu kién (1)
dé chon nghiém.Gidi phuong trinh, so vdi diéu kién (1) dé chon nghiém.

0 . 1 N .
Vi du 15. Tim m d€ ham s6 y= —§x3 +(m—1)x2 +(m+3)x—4 dong bién trén mot khoang c6 dd

dai bing 4.
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VAN PE 4: Tim didu kién d€ ham s& déng bién hoiic nghich bi€n

trén khodang xac cho truéc

Dang 1. Him nhit biény = ax+b
cx+d
ad—-cbh>0
*Pong biéntrén K < y'>0,vxeK << ¢ <
=
c
ad-cb<0
* Nghich bién trén K < y'<0,VxeK << ¢ <
——¢
c

Dang 2. Cac ham s6 con lai

Budc 1.

* Déng bién trén K < y'>0,Vxe K(*);

* Nghich bién trén K < y'<0,Vxe K (**) :

Buéc 2. Doc 1ap tham s6 m (trong (*),(**), dét vé con lai la f (), ta dugc
f(x)>=m,vxeK;
f(x)<m,VxeK.

Buwéc 3. Khio sat tinh don diéu cia hamso y = f (X) trén K.

Buéc 4. Dua vao bang bién thién két luan

+Khi m> f (x),vxe K = mz=max f (x);

K

+ Khi m < f(x),VXEK:mSmKinf(x).

Chi y: Mot s6 bai toan khong ¢o 1ap duoc tham sé thi ta dwa vao bang bién thién va so sanh nghiém

dé tim 10i giai.

Vi du 16. Tim m d€ ham 5§ y = 7%+ 1

dong bién trén khoang (1;+0).
x+m

Trang 10
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Vidu 17. Tim m d& ham s8'y = x* + 3« + (m +1) x + 4 nghich bién trén khodng (-1;1).

A.BAI TAP TU LUAN
Bai 1. Chitng minh ring cdc him s& sau luon dong bi€n trén tirng khodng xdc dinh (hoic tip xdc
dinh) cua no:

3
2x—1
a)y:x3+5x+13 b)y:x——3x2+9x+l c)y= al
3 xX+2
2
+2x-3
dy y=2T1272 e) y=3x—sin(3x+1)
x+1

Bai 2. Tim m d€ cdc ham sd sau ludn déng bién trén tap xdc dinh (hoic titng khodng xdc dinh) clia

no:
3 2 X3 me xX+m
a) y=x"-3mx"+(m+2)x—m b)) y=———""—-2x+1 c)y=
3 2 xX—m
mx+4 x2 —2mx—1 X2 —2mx +3m>
d) y= e) y=—— f) y=
X+m X—m x—2m

Bai 3. (¥) Tim m d€ ham s4:
a) y = x> +3x> + mx +m nghich bi€n trén mot khodng c6 do dai bing 1.

1 3

1 . N
b) y= gx —mez +2mx —3m+1 nghich bi€n trén mdt khoang c6 do dai bang 3.

Trang 11
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Bai 4. (*) Tim m d€ ham s0:

3
a) y= % +(m+ l)x2 —(m+1x+1 déng bi€n trén khodng (1; +0).
b) y=x>—3(2m+1)x? +(12m+5)x +2 ddng bién trén khodng (2; +00).

4 . .
c)y= mers (m # +2) dong bién trén khodng (1; +o).
x+m

B. BAI TAP TRAC NGHIEM

Céu 1: Him s6 y = x* —3x? + (m—2)x +1 ludn dong bién khi:

A. m=>5. B. m<5, C.msg. D.m>E.
5 5
, 1 . » . .
Cau 2: Ham s6 y=§x3—mx2—(3m+2)x+1 dong bién trén R khi m béng
m>-1 m>-1
A. . B. . C.2<m<-1. D.-2<m<-1.
m< -2 m< -2

Céu 3: Cho ham s6 y = x* + 3x® + mx+m . Tim tat ca gia tri m dé ham s6 luén dong bién trén tap xac
dinh.
A. m>3, B. m<3, C. m>3, D. m<3,

Céau 4: Tim tat ca cac gia tri cnatham so M dé hamso y = §X3 +mx ddng bién trén (—oo;+o0)?

A. me(—o0;+). B. m<0. C. m>0, D. m=0.
o q . x> ) L
Cau 5: Gia tri cia m dé ham s6 y=§—(m +1)X° +4Xx+5dong bién trén R 1a:

A.-3<m<1, B. -3<m«<1, C.2<m<£2,. D.-2<m<2,
| N
Cau 6: Him séy:§x3 +(M+1)x* + (M+1)x +1 dong bién trén tap xac dinh caa no khi

A. m>-1. B. -1<m<0. C. m<0, D. -1<m<0.,

. . . X . .
Céu 7: Diéu kién cia m dé ham s6 y =(m’ —1)§+(m +1)x* +3x+5 ddng bién trén R 1a

A. me(—0;—1]U[2;+ ), B. me(—0;—1)U[2;+ ).
C. me(-12]. D. me[-12].
Cau 8: Timm déhamséy = x3 — 6x% + mx + 1 ddngbién trén mién (0;+ o0 )
A.m=<0 B.m>0 C.m=>12 D.m<12
mx + 3

CAu9: Tim tit ca cac gia tri cua tham sb mdéhamsd y = luon nghich bién trén tirng

X+m
khoang xac dinh cta no
A. —3<m<3, B. m<-3, C. 3<m<0, D. m>3,

Trang 12
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Cau 10:( P& 105 — 2018) C6 bao nhiéu gia tri nguyén cuia thamsé m dé ham s y = xgl
X +3m
nghich bién trén khoang (6;+)
A3 B. 0 C.V0 56 D.6 ,
Cau 11. (Cau 35. MD 101 nam 2018) Co6 bao nhiéu gia tri nguyén cua tham s6 m dé ham so
X+2 .
= dong bién trén khoang (—o0;-10)?
y X+5m J g’( )
A 2. B. V0 so. C. 1 D. 3.

VAN PI: 5: Ung dung tinh don diéu d& chitng minh bat ding thic

P& chitng minh bdt ddng thicc ta thuc hién cdc budc sau:

e Chuyén bdt ddng thitc vé dang f(x) > 0 (hodc <, > < ). Xét ham sé'y = f(x) trén tdp xdc dinh
do dé bai chi dinh.

o Xét ddu f’(x). Suy ra ham s6 dong bién hay nghich bién.
e Dita vao dinh nghia s dong bién, nghich bién dé két ludn.
Chi y:

1) Trong truong hop ta chua xét dugc ddu ciia f’(x) thi ta ddt h(x) = f(x) va quay lai tiép tuc xét
ddu h'(x) ... cho dén khi nao xét ddu duoc thi thoi.

2) Néu bt ding thitc c6 hai bién thi ta dua bdt ddng thitc vé dang: fla) < f(b).

Xét tinh don diéu ciia ham sé f(x) trong khodng (a; b).

3
Vi du 18. Chitng minh bit ding thirc sau: x —% <sinx<x, vdi x>0

BAI TAP
Chitng minh cdc bat ddng thifc sau:

2 . 1 . V4 .. V4
a) —smx+§tanx>x, VOi 0<x<5 b) x <tanx, vdi O<x<5

Trang 13
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TO TOAN NGUYEN HIEN
II. CUC TRI CUA HAM SO

I. Khdi niém cyec tri cia ham sé

Gid st ham s6 f xdc dinh trén tap D (D < R) va xo € D.

a) x0 12 diém cuc dai cta f néu ton tai khodng (a; b) = D va xo € (a; b) sao cho
f(x) < f(x0), v6i Vx € (a; b) \ {xo0}.

Khi d6 f(xo) dwoc goi la gia tri cuc dai (cuc dai) cta f.

b) x0 12 di€m cuc ti€u clia f néu tdn tai khodng (a; b) = D va xo € (a; b) sao cho
f(x) > f(x0), v6i Vx € (a; b) \ {xo0}.

Khi d6 f(xo) duoc goi 1a gia tri cuc ti€u (cuc tiu) cia f.
¢) N€u x¢ 12 diém cye tri ctia f thi di€m (xo; f(x0)) duoc goi 1a di€m cuc tri ctia d6 thi hs

v
: diém cyue dai
N -\\ o >
R e,
Lot 5
NS / .
diemicyce ticu
»
0| x

Y4 Gia tri ewre dai (ciee dai)

Diém ciee dai
ctia ham so

ciia do thi \
&5

Diem cure tieu

cita ham so

Diem cuec dai

cua ham so

Xep) O

P / iy Fr-————
Gia tri cire tiéu Yer }
(cire ﬁé:.x) Didm cie tidn
cita db thi

ctia ham sé

II. Piéu kién can d& ham sé c6 cuc tri
Né&u ham sd f c¢6 dao ham tai xo va dat cuc tri tai di€m d6 thi f' (xo) = 0.
Chii y: Ham s6 f chi ¢6 thé dat cuc tri tai nhitng diém ma tai dé dao ham bdng 0 hodic khéng cé dao

ham.

Trang 14
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. diém cyc dai
1 £*(c) khong xic dinh

II1. Pi€u kién di d€ ham sé c6 cuc tri
1. Pinh i 1: Gi4 st ham s& f lién tuc trén khodng (a; b) chita diém xo va ¢6 dao ham trén (a;
b)\{x0)
a) Né&u ' (x) ddi dau tir 4m sang duong khi x di qua Xo thi f dat cuc ti€u tai xo.
b) N&u f' (x) d6i dau tir duong sang 4m khi x di qua xo thi f dat cuc dai tai xo.

aiem
cuc dai

‘<

Khong
phai diém
cyc trj

y Khong
phai (?i(-'m T
cyc tri

O ¢ X o c X
2. Pinh Ii 2: Gia st ham s6 f c6 dao ham trén khodng (a; b) chita di€m xo, ' (x0) = 0 v ¢6 dao ham
cap hai khdc 0 tai di€m xo.

a) Né&u " (xo) < 0 thi f dat cuc dai tai xo. b) N&u f” (x0) > 0 thi f dat cuc ti€u tai xo.

VAN P 1: Tim cyc tri cia ham so

Qui tdc 1: Ding dinh I 1.
o Tim f(x).
o Tim cdc diem xi (i = 1, 2, ...) ma tai dé dao ham bdang 0 hodc khéng cé dao ham.
o Xét ddu f/(x). Néu f/(x) doi ddau khi x di qua xi thi ham s6 dat cuc tri tai xi.
Qui tdc 2: Ding dinh i 2.
e Tinh f’(x).

Trang 15
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e Gidi phuong trinh f’(x) = 0 tim cdc nghiém xi (i = 1, 2, ...).
eTinhf”(x)vaf’(xi)(i=12, ..)
Néu f” (xi) < 0 thi ham s6 dat cuc dai tai xi.

Néu f” (xi) > 0 thi ham sé dat cuc tiéu tai xi.

CAC ViDU

Vi du 18. Tim cuec tri ciia ham sd y = —x% + 2x% —x+3.

Vi du 20. Tim m dé ham sd: y = X3 —2mx? + m?x+2 dat cyc tiéu tai x =1, bang 2 cach (d4u hiéu 1
va dau hiéu 2).

Trang 16
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VAN DI 2: Tim diéu kién d€ ham sé cé cuc tri

1. Néu ham s6'y = f(x) dat cuc tri tai diém xo thi f’(xo) = 0 hodc tai xo khéng cé dao ham.
2. B¢ ham s6'y = f(x) dat cuc tri tai diém xo thi f’(x) doi ddu khi x di qua xo.
Chuy:
e Ham 56 bdc ba y=ax® +bx> +cx+d c6 cuc tri < Phuong trinh y’ = 0 c6 hai nghiém phdn
biét.
Khi dé néu xo la diém cuc tri thi ta cé thé tinh gid tri cuc tri y(xo) bdng hai cdch:
T y(xy) = ax03 + bx02 +cxy+d
+ y(xy)=Ax,+B, trong dé Ax + B la phan du trong phép chia 'y cho y'.
(J¥) = Q(xf(x) + Ax + B.)
Khi d6y = Ax + B la dwong thang qua 2 diém cuc tri Ciia do thi ham s6

. [N [N A A 7 N A z . A . [ . A . “A
e Khi sit dung diéu kién can dé xét ham so co cuc tri can phdi kiém tra lai dé loai b nghiém

ngoai lai.

e Khi gidi cdc bai tdp loai nay thuong ta con st dung cdc kién thiic khdc nita, nhdt la dinh li Vi—

et.
e Ham bdc bon tring phwong dang y = ax* + bx? + ¢ (a #Z0)

x=0

Tacé y'=4ax’ +2bx =0 < b

2ax’ +h=0 x> =——
2a

Sé diém cuc tri phy thude vao sé nghiém cia phwong trinh ax* +b=0.

. . . . [ b
Neu 23 <0 (tirc a; b trdi dau) thi ham so cé ba diem cuc tri la X=0;X==% “oa
a

A b , < A - \ N A ’ A, A A 7N
Neu 23 <0 (trc a; b cing dau hogc b =0 thi ham so cé duy nhat mét diém cuc tri la X=0
a
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Vidu 21. Tim m dé ham sb: y=x3—2mx2 + mx—1 cé cuc tri.
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VAN BE 3: Cong thirc tinh nhanh cuc tri ham trung phwong

Goi A thudc Oy, B, C la ba diém cuc trj Ciia do thi ham s, ta cé cdc truong hop sau:

L 4 3
+ Tam giac ABC vuong can, khi AB.AC :O<:>£+ b > =04 b—=—8
2a 16a a

4 3
+TamgichBCdéu, khi AB=BC<:>—£+ b > =—2—b<:>b_=_24
2a 16a a a

+ Tam gidc ABC ¢6 dién tich S, goi H la trung diém cua BC,

22 2 5
Ta Cé SABC :%AHBC:SZZ%[_Z_] (2\/—21} @Sz _b
a a

Vidu 26. Tim m dédd thihamsd y = x* —2m?x? +1 ¢6 3 diém cuc tri 13 3 dinh ctia mot tam giac vudng
can.

VAN PE 4: Phuong trinh duong thing qua 2 diém cuc tri

Dang 1: Tim phirong trinh dwong thang qua 2 diém cuc trj ciia ham bdc 3 bang MTBT.
Ta tim phan dw trong phép chia y cho y’ mét cach tong qudt nhw sau:
Ta cé y'=3ax’ +2bx+C;y"=6ax+2b.
(1 b s
Xét phép chiay cho y' thi ta duoc: Y=Y . §X+£ +0 (X) (*), 6 day 9(X) la phuong trinh dwong

thang di qua hai diém cuc tri cia do thi ham sé bdc ba.

2 3ax+Db 6ax+2b

Tiép t (e y=y. =y

ieptuctacoé ()< y=y oa +g(x)=y=y ™ +9(x)
vy Yy

<:>y—y.18a+g(x) =g(x)=y 182

Nhép cong thirc trén vio may tinh, gan X=1, néu c6 chira tham sé ta gan cho tham sé bang 100, suy
ra phwong trinh dwong thang di qua 2 diém cuc tri.
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+ Ngodai ra, sau khi thuc hién phép chia tong qudt thi ta rit ra dwoc cong thire phwong trinh dwong
thang di qua hai diém cuc tri Ciia do thi ham sé béc ba theo a, b, ¢, d nhw sau:

2c 2b’ bc
y=| ——— |x+d ——
3 9a %9a
/4 2 2 2
Dang 2: Ham so y = axd+—bx+c c6 phuong trinh duwong thang qua 2 diém cuc tri la
X+e
_ 2ax+b
d

Vi du 27: Viét phuong trinh dudng thing di qua hai diém cuc tri ctia dd thi ham s :
y =xP—2x% —x+1

HDBM: Chuyén may tinh sang ché do tinh toan véi s6 phirc bing cach nhap:[Mo0e] (2eve]

Phuong trinh dudng thang di qua hai diém cuc tri ciia d6 thi ham s6 xac dinh boi:

6x—4
X)=x3—2x* —x+1—(3x* —4x-1).
L (o -1
-2 -pe] -5

= N 7 14,
An (=), gan x bang i (& may tinh i 1a nut (<)) khi d6 may hién: sl
Vay phuong trinh di qua hai diém cyc tri cia d6 thi ham sé da cho 1a

7 14

=———X<14x+9y-7=0.
Y=3"79 y
r ’ Ly 2
Ngodai ra, ta theé cac hé so a, b, ¢, d truc tiép vao cong thuc y :(%_ZQL}Hd _;)_c’ ta duwoC
a a

phurong trinh dwong thang qua 2 diém cuc trizy = —% X +g < 14x+9y-7=0.
Vi du 28: Viét phuong trinh dudng thing di qua hai diém cuc tri clia dd thi ham s& ly=
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A.BAI TAP TU LUAN

Bail. Tim cuc tri ciia cdc ham so sau:

a) y= 3x2-2x°

4

X 2
d)y="——x"+3
)y 5

Bai2. Tim cuc tri cda cdc him sd sau:

a) y=(x-2>(x+D*

d) y=xVx?-4

ay=x-2x*+1
C) Y = sinx + /3 cosx

Bai 4: Tim m d€ ham so:

a) y=(m+2)x> +3x* +mx—5 c6 cuc dai, cyc tiéu.

b) y=x>—2x* +2x-1

e) y=x"—4x>+5

_3x2+4x+5

4x®+2x-1

2x% +x-3
e) y=\/x2 —2x+5
Bai 3: Dung dau hiéu 2, tim cuc trj cac ham so:
b) y = sin2x — x

d) y = 3 —2c0osx — c0s2x

(:)))———963-|—4)c2 15x
4
X 2
=——+x"+=
Dy=-7
i _x"=2x-15
Y x-3
3x% +4x+4
O y=——7F—-
x“+x+1

f) y=x+v2x—x2

b) y = x> =3(m—-1)x> +(2m* =3m+2)x —m(m—1) ¢6 cyc dai, cyc tiéu.

c)y= x> —3mx? +(m2 —1)x+2 dat cuc dai tai x = 2.

1
d) y:—mx4+2(m—2)x2+m—5 c6 mdt cuc dai X=5-

X2 —2mx+2

e) y=———— dat cuc ti€u khi x = 2.

B xz—(m+l)x—m2+4m—2

f)y

x—1

2 . e R
c6 cuc dai, cuc ti€u.
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x> —x+m . .
g) y= —1 c¢6 mot gid tri cyc dai bang 0.
Bai5: (*) Tim m d€ ham s6 :
a) y=x3+2(m—1)x2+(m2—4m+1)x—2(m2+1) dat cuc tri tai hai di€m xi, x> sao cho:
1

—+—==(x,+x,).
xXox, 2 2

1 3 2 2
b) y=§x —mx”~ +mx—1 dat cyc tri tai hai di€m x1, X2 sao cho: ‘xl—xz‘z&

1 1 )
c)y= ng3 —(m—-1)x* -|-3(m—2)x-|—§ dat cuc tri tai hai di€m x1, x2 sao cho: x; +2x, =1

Bai 6: Vi€t phuong trinh dudng thing di qua hai di€m cuc tri cda d6 thi ham s4 :

a)y=x3—2x2—x+1 b)y=3xz—2x3

2x2 —x+1 X —x-1

Q) y="——"— d) y="—"
x+3 x=2

Bai 7: (*) Khi ham s6 ¢6 cuc dai, cuc ti€u, vi€t phuong trinh dudng thing di qua hai diém cuc tri
cda dd thi ham so:

a) y= x° —3mx? +3(m2 —l)x—m3

b) y=x>=3(m—Dx> +2m* =3m+2)x—m(m—1)

Bai 8: (*) Tim m d€ ham sd:
a) y= 223 +3(m—-1)x* +6(m—2)x—1 ¢6 dudng thing di qua hai diém cuc tri song song vdi
dudng thing y = —4x + 1.
b) y=2x>+3(m—1)x> +6m(1-2m)x c6 céc diém cyc dai, cyc tiéu cha dd thi nim trén
dudng thing y = —4x.
Bai 9: (*) Tim m dé dd thi ham s6
al y=x'+2(M=2)x’+m>=5m+5 c6 3 cuc trj va 3 diém cyuc tri cia ham sé tao thanh tam giac

vuong can.
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b/ y=x*-2mx?+2m+m* c6 3 diém cyc tri tao thanh tam giac déu.
o/ y=x*=2mx*+2m+m* ¢co63 diém cuc tri tao thanh tam giac c6 dién tich bang 4.
B. BAI TAP TRAC NGHIEM
Cau 1: Cho ham s0 (C):y = f(x) xéc dinh trén tap K va x, € K . Ham s6 (C) dat cyc tai x,
néu
A. f'(xo) =0.
B. £"(x,)<0.
C. ton tai khoing x, €(a;b) = K sao cho f(x)< f(x,),Vxe(ab)\{xy} .
D. ton tai khoang x, € (a;b) c K sao cho f(x) < f(xo),Vx € (a;b)\{xo} )
CAu 2: Gia st ham sb (C) (y= f(x) xéc dinh trén tap K va dat cuc tiéu tai diém x, €K . Khi
do: ’ , 7
A. Ham s6 dat gia tri nhé nhat tai diem x, .
B. Néu ham sb c6 dao ham tai x, thi f'(xo) =0.
C. *(x)>0.
D. Ham s6 luén c6 dao ham béng 0 tai diém X -

Cau3: Hamsb Y= x*—3x*-9x+4 dat cuc tri tai X, va X, thi tich cac gia tri cuc tri bang

A. 25. B. -82. C. -207. D. -302.
Cau4:. Himsd Yy = x°—3x" -1 dat cuc tri tai cac diém nao sau day?
A x==2, B. x=+1. C. x=0x=2. D. x=0;x=1.

Céu 5: Lap phuong trinh duong thing di qua cac diém cuc tri cua do thi ham sd
y= % x° —g X? + X
A_ y=—§X+£- B y:§x+£, C y:—EX—l. D S 1
6 2 6 2 6 2 6 2
Ciu 6: Cho ham s y :%f +x% —7x+3 dat cuc tri tai X,X, . Tinh T=x+X,’
A. T =-50. B. T=-30. C.T=29. D. T=49.
Cau 7: Phuong trinh duong thang di qua hai diém cuc tri ctia d6 thi ham so

y=2x"+3x"-12x-1 13

1 1 1 1
A y=9x+1. B. y=-9x+1 C.y=—Zx+=. D.y==x+=.
Y Y Y 3 6 y 3 6
Cau 8: Biétham sé Y =X’ —3X+1 c6 hai diém cuc tri XX, Tinh tdng %’ +X%,’.
A. x2+x2=0. B. X’ +X =09. C.X+x2 =2 D. XX+ =1,
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A . A . 2 ) X gl 1LY £ 2 \
Cau 9: Diém cuc tiéu cua d6 thi hamso Y = X' +2x*+31a

A. (-L4). B. (L4). C. (0;3). D. (-2;2).
Cau 10: Ham sd nao sau day co 2 cuc dai?

A. y:—lx4+2x2—3. B. y=-X'-2x"+3.

2
1 _9yd 2

C. yzzx4—2x2—3. D. y=2X +2x"-3.
Céu 11: Ham sd ndo trong cac ham sb sau ddy khong c6 cuc tri?

A y=x. B. y=X'—X"+3x+5,

C.y=x"+x*-2. D. y=3x"+2x -1,
Céu 12: Trong cac ham sd sau, ham s ndo chi c6 cuc dai ma khong ¢ cuc tiéu ?

A Y=x+3x—6x+1. B. y-2*~1

X
4x* +x-5
C.y=—x4—x2+5, D.y=——=
X+2

A \ e X2 —4x+1 ; © 4R c 1 coas s M
Cau 13: Hamsoy = Tl co hai diém cuc tri la X, X,, khi do tich X.X, bang

A. -5. B. 5. C. -2. D. 2.
Cho ham s0 y = f (x) xac dinh, lién tuc trén R va c6 bang bien thién nhu sau:

4 — 2 a g + oo
y! - + 0 - +

Y + o 2 + o
\ ; / \ . /

Khang dinh nao sau day ding?

A. Ham sb c6 gia tri nho nhat bang 0 va gid tri I6n nhat bang 2.

B. Gi4 tri cuc dai cua ham sb bang 5.

C. Ham s6 ¢6 dang mot diém cuec tri.

D. Ham s dat cuc tiéu taix =2 vax = 8.
CAu 14:( D& 108 - 2019) Cho ham s6 y = f (x) ¢6 bang bién thién sau

Gia trj cuc dai ctia ham sb di cho bﬁng
A. 1. B. 2. C.o0. D. 5.
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Céu 15. (Minh hoa 2019) Cho ham s6 y = f(x) c6 dao ham f'(x) = x(x-1)(x+2)*, VxeR.
S6 diém cuc tri ciia ham s da cho 1a

A. 3. B. 2. C.5. D. 1.

Cau 16. ( Pé 108 — 2019) Cho ham s f(x) c6 dao ham f'(x) =x(x-2)*, ¥xeR . Sb diém cuc tri
ctia ham sb da cho 1a
A. 0. B. 3. C.1. D.2.

Cau 17: Ham sd y = x—sin 2x dat cuc dai tai cac diém nao cho duéi day?

A. X=—%+k7z,keZ- B. X=%+k7z,keZ-
C. X:%+k7r,keZ- D. X:—%+k7r,keZ-
Cau 18. Vi gia tri nao ctia m thi ham sb y:xs—%x2+(1—2m)x+5m3—3 cd 2 cuc tri
A m<il B. m<il. C.m>1t. D. m>1L,
24 24 24 24
Cau 19. Tim gia tri m dé ham sb y:%xS—x2 —%mx co hai cuc tri x,x, théa man
X + X, +2XX, =0.
A. m=3. B. m=2. C.m:g. D. m=-3.
Cau 20.Cho ham s6 y = 2~ (m-+1)x" +(m* + 2m)x-+1 (M 14 tham s6). G tr cia tham s6 m

dé ham sb dat cuc tiéu tai x =2 1a:

A m=1. B. m=0. C. m=2. D. m=3.
Ciu 21. Ham s f(x):x3—(m+1)x2+(m2—3m+2)x+2 dat cuc tiéu tai x =2 khi

A m=2. B. 5. C. m=3. D. m=1.
Cau 22. Ham s6 (C):y=ax" +bx® +¢,(a#0) ludn c6 it nhat mot diém cuc ticu néu

A. a<0. B. a<0,b<0. C.a>0. D. a<0,c<0
Cau 23. Him sb y=2x*—(m2—4)x*+m ¢6 3 cuc tri khi:

A m>2m<-2, B. 2<m<2. C. m<O. D. m>1.

Céu 24. (Minh hoa 2017) Tim tit ca cac gia tri cia m sao cho d6 thi cia ham sb

y = x4+ 2mx2 + 1 ¢6 ba diém cyc tri tao thanh tam giac vudng can.

B. m=-1 C.m=

5]
& -

Trang 25



TO TOAN NGUYEN HIEN PE CUONG HOC KY |, NAM HQC 2021-2022

Céu 25. Tim tat ca cac gia tri cua m sao cho dd thi cia ham sb y = x* +2(m-2)x% +m? —5m+5

¢6 3 diém cuc tri tao thanh tam giac déu.
A m=2+33 B. m=-1 C.m=2-33 D. m=1

Céu 26. (Cau 33 dé 101-niim 2020) Cho ham s6 f (X) lién tyc trén R va c6 bang xét du cua f '(x)
nhu sau:

X —0 -1 0 1 2 +o0
f'(x) + 0 - 0 + | - 0 -
S6 diém cuc dai cuia ham sb da cho 1a
A. 4. B.1. C.2. D. 3.
Céu 27. (Céu 46 minh hoa 2020) Cho ham s6 bac bén y = f (x) c6 do thi nhu hinh bén. S6 diém

cuc tri ciia ham s6 g (x) = f (x*+3x*) 1a.

A.5. B. 3. C.7. D. 11.
Céu 28. (Cau 36 Md 101 2018). C6 bao nhiéu gia tri nguyén cua tham sé m dé ham s
y=x2+(m-2)x° —(m2 —4)x4 +1 dat cuc tidu tai x =0?.
A. 3. B. 5. C. 4. D. Vo sb.
Céu 29. (Céu 50 Md 101 2021). Cho ham s§ y = f (x) c6 dao ham f'(x)=(x—7)(x*-9),vxeR.
C6 bao nhiéu gia tri nguyén duong cua tham s m dé hamsé g(x)= f (‘X3 + SX‘ + m) c6 it nhat 3 diém
cuc tri?
A. 6. B. 7. C. 5. D. 4.
Cau 30. Him s6 y=f (x) ¢6 @6 thi nhu hinh dudi day. C6 bao nhiéu gia tri nguyén duong ciia tham

sé m dé ham Séy:‘f(x+l)+m‘ 6 5 diém cyc tri.

D. V6 so.
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II1. GIA TRI LON NHAT

VA GIA TRI NHO NHAT CUA HAM SO

1. Pinh nghia:
Gia st ham s6 f xdc dinh trén mién D (D c R).

f(x)sM,VxeD

a) M:mle)le(x)@{ax() eD: f(xy))=M

f(x)2m,VxeD

b) m:mgnf(x)Q{axO eD: f(xy)=m

Nhan xét: Gia tri cuc dai (cuc tiéu) cia ham s6 dugc xét trén ving 1an can caa diém cuc tri, vi vay
thudng dugc goi 1a "cyc tri dia phuong", con gia tri 16n nhat, gia tri nho nhat cia ham s duge xét
trén toan mién. Vi du cu thé khi thé hién gia tri 16n nhat (nho nhat) va diém cuc dai diém cyc tiéu
cua dd thi ham sd duoc thé hién & hinh sau:

y1

di€m cyc dad gid tri 16n nhit

|
|  diém cyc tiéu cing

i 1a gid tri nho nhit X
O] a b =

Ta thay gia tri cuc dai va gia tri 16n nhat ciia ham sb khac nhau. Piém cuc dai nam giira khoang
ddng bién va khoang nghich bién, con gié tri I6n nhat 13 tung d6 caa diém "cao nhat" cua do thi
ham s trén [a;b]. Chu y rang, & hinh trén, gia trj 16n nhét cua ham s6 c6 thé ndm ¢ diém dau
mut cia [a; b] , va gia tri 16n nhét gia tri nho nhit ¢ thé tring voi gia tri cyc tri cia ham s6. Ta
thiy day 1a d6 thi cia mot ham lién tuc c6 ca gia tri 16n nhat va gia tri nhoé nhat, nén ta ¢6 dinh Iy
sau.

Pinh Iy: Moi ham s lién tyc trén [a;b] co gié tri Ion nhét va gia tri nho nhat trén [a;b].
2. Tinh chat:
a) Néu ham 5 f ddng bién rén [a; b] thi max f(x)=f(b), {mbr} fx)=f(a).
a; a;

b) N&u ham s& f nghich bién trén [a; b] thi I[na};]c f(x)=f(a), {mbr} fx)=1().
a; a,
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Phuong phap tim GTLN, GTNN ctia ham so

Cdch 1: Thuong diung khi tim GTLN, GTNN ciia ham s6 trén mét khodng.
e Tinh f’(x).
o Xét ddu f’(x) va lap bdng bién thién.
e Dita vao bdng bién thién dé két luan.

Cdch 2: Thuong diung khi tim GTLN, GTNN ciia ham s6 lién tuc trén mét doan [a; b].
e Tinh f’(x).
e Gidi phuong trinh f’(x) = 0 tim dugc cdc nghiém x1, x2, .., xn trén [a; b] (néu c6).
e Tinh fla), f(b), fix1), f(x2), ..., f(xn).

e So sdnh cdc gid tri vita tinh va két ludn.

M=%ﬁﬂm=mwhﬂ&ﬂijmﬂ@»wﬂmﬁ

m=min f () = min f (@), (). (). () S (3}

Chu y: Néu bai toan phai dat an phu thi phai co diéu kién cho an phy d6

Vi du 28. Tim GTLN, GTNN clia ham s6 y =x* +2x> -2

2
Vi du 29. Tim GTLN, GTNN cfia ham s8 y = w
x“+1
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Vi du 30. Tim GTLN, GTNN clia hAm s6 y =3x —x’ , trén [-2; 3]

MX+1 ¢en doan [L; 2]

Vi du 32. Tim Gi4 tri cia tham sé thuc M dé gia trj 16n nhat ciia ham sé y =

bang -2.
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Ung dung GTLN, GTNN ctia ham s6 dé giai bai toan thuc té

Budre 1: Thiét 1ap ham sb da vao gia thiét dé cho.
Buwéc 2: st dung kién thirc GTLN, GTNN dé tim gia trj can tim.

Cac vi du.

Vi du 33. Cho mot tim nhém hinh vudng canh 18 cm . Ngudi ta ¢t & bdn goc ciia tim nhém dé bon
hinh vudng bang nhau, moi hinh vudng c6 canh bang x cm, roi gap tim nhom lai nhu hinh v& dudi
day dé dugc mot cai hop khong nap. Tim x d€ hop nhan dugc c6 thé tich 16n nhat.

Vi du 34. Khi xay dung nha, chi nha can lam mot bé nuée bang gach c6 dang hinh hop c6 day 1a
hinhchit nhat chiéu dai d (m) va chiéu rong r(m) véi d = 2r. Chiéu cao bé nuéc 1a h(m)va thé

tich bé 1a 2mq. Hoi chiéu cao bé nudc nhu thé nao thi chi phi xay dung 13 thip nhat?
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Vi du 35.

A.BAI TAP TU LUAN
Bail. Tim GTLN, GTNN ctia cdc him s0 sau:

-1
a)y=x2+4x+3 b)y=4x3—3x4 ¢) y=vxZ+x-2 d)y:ﬁ
x°=2x+

Bai2. Tim GTLN, GTNN ctia cdc him s0 sau:

a) y=2x3+3x2—12x+1 trén [-1; 5] b) y=x4—2x2+3 trén [-3; 2]
. 4 . 3 n . _X- A
¢) y:2s1nx—§sm x trén [O,;r] d) y——3 trén [0; 2]
x_
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4x* +7x+7 _ 2
o) y= AT en(0: 2] fy yo iz Xt
x+2 l+x—x

trén [0; 1]

g) y=\/100—x2 trén [-6; 8] h) y=+2+x++4-x
B. BAI TAP TRAC NGHIEM

Cau 1. Cho ham s Y = f (X) lién tuc va ludn nghich bién trén [a;b]. Hoi ham sé f(X) dat gi4 tri

I6n nhét tai diém nao sau day ?

A X=a. B. x=b. C. x=2+th, D. x=2—2,
2 2
Céu 2. Gia tri nho nhat cua ham sé Y = —x* +12X+ 2 trén doan [l; 4] 1a
A. 13. B. 2. C.-14. D. 18.

Ciu 3. Gia tri 16n nhit cia ham s6 f (X) =X’ —3X+3 trén {—:L- g} bang:

A. 5. B.3. C.4. D.6 .
CAu 4.Goi m la gia tri nho nhét va M 1a gia tri 16n nhit cua ham sé y =2x” +3x° —1 trén doan

1
—2;—5 . Tinh gia tricia M —m

A.—5. B.1. C. 4. D. 5.
n . . o . o . , X+3
Cau 5. Ki hiéu m,M lan luot 1a gia tri nho nhat va gia tri 16n nhat ctia ham so Y = trén doan
[1;4]. Tinh gi4 tri biéu thic d =M —m.
A.d=3. B. d =4. C.d=5. D.d=2.
Ciu 6. Goi M,n lan luot 1a gid trj 16n nhét va gi tri nho nhat cia ham sé y = f (x) = > ‘i trén doan
X+
[0;2]. Hay tinh tich M.n.
A. 2. B. 0. C. -1. D.1.
Ciu 7. Gia tri nhé nhat va gié trj 16n nhat cia ham s§ y=-3++4-x? lan luot la
A. -3 vay(. B. 3 va_1. C.0va 2. D. -2 va 2.
Cau 8. Gi tri nho nhat cia ham s6 Y = VO~ X ~VX+4 gt tai %0 tim %09
A% =—V10, B.%="4 c. % =6 D% =10,
CAu 9. Gia tri 16n nhit ctia ham s6 y =v-x* +4x la:
A. 4. B. 0. C. -2. D. 2.

Ciau 10. Goi M va M 1an lugt I gi4 trj 16n nhét va gia tri nho nhit cua ham 6 f (x)=2x—4v/6-x
trén doan [-3; 6]. Téng M +m co gia tri la:
A.18. B. -6. C. -12. D. 4.
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Cau 11. Tim gia tri I6n nhit ciia ham s6 Y =vVX—1++/3—X trén doan [13]

A. maxy=2. B. maxy=+2. C. maxy=—/2. D. maxy=-2.
(3] [£3] [13] [1:3]
Cau 12. Gia tri nho nhat ciia ham sd y = 5sin x —cos 2x 1a:
A. 6. B. -7. C. 4. D. 3.
Cau 13. Tim gia tri nho nhét caa ham s . Y = 208" X+4C0S X
A. ijny=5. B. mRiny=—2. C. miﬂgy:?. D. mRiny:S.

Cau 14. Tim gia tri I6n nhat ciia ham s6 y = cos2x + 4cos x +1 .
A. mRiny:S. B. mﬂgxy:6. C. mﬂgny:7. D. mﬂgny:&

Céu 15. Cho ham s6 y = f (x) c6 do thi nhu hinh v& bén. Goi M va m 1a GTLN va GTNN cua ()

trén doan [-1;2] . Gia tri cha M.m bang ?

Al B. 3 C.-9 D.0

Céu 16. Cho ham s0 f (x) lién tuc trén doan [-1;3] va c6 do thi nhu hinh v& bén. Goi M va m lan

luot 1a gid tri I6n nhat va nhé nhét cua ham sb da cho trén [-1;3]. Giéd tri chia M —m bang

A.0. B. 1. C.4. D.5.
Cau 17. Gia tri ciia tham sb thuc m dé gia trj I6n nhat cia ham s y = MX+1 trén doan [1:2] bang
X—m
2. 1a:
A. m=-3. B. m=3. C. m=1. D. Khong ton tai.
Cau 18.Trén doan [2;4] ham s6 y = ™+ dat gia tri lon nhat bing 2. Khi dé :
A.mzz. B.m=1. cC.m=2. D.m=§.

6
Céu 19: Hinh chit nhat ¢6 chu vi khong ddi 1a 8 m. Dién tich 16n nhat cta hinh chir nhat d6 1a:

o

A. 4m2, B. 8m? C. 16m2, D. 2m2,
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[ V. DUGNG TIEM CAN CUA DO THI ]
I. Dinh nghia:
e Dudng thing x = x,, dgl dudng tiém cin difng cda do thi ham s6 y = f(x) n€u it nhat mot
trong cdc diéu kién sau dugc thod méin:
lim f(x)=+o0; lim f(x)=-o0; lim f(x)=+o0; lim f(x)=-x
x—x," x—x," x—x," x—x,"
e Buding thing y =y, dgl dudng tiém c4n ngang cta dd thi ham s6 y = f(x) n€u it nhat mot
trong cdc diéu kién sau dugc thod main:
xlinfoo S(xX)=yy> xlin_loo S(x) =y,
2.Chua y:

o _P(x)
a)Néu y=f(x)= 000)

12 ham sd phan thic hitu ty.

e N&u Q(x) = 0 c6 nghiém xo thi dd thi c6 thé c6 tiém can ding X = x,,.

e N&u bac(P(x)) < bac(Q(x)) thi d6 thi c6 tiém cin ngang.

. 2x+3
Vi du 33. Tim cac duong tiém can ctia ham so y = 5
-X
i o . o Tx% +4x+5
Vi du 34. Tim céac duong tiém can ciia ham so y = T3y
—3x
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Vi du 35. Tim céc dudng tiém can ciia ham sb y =

A.BAI TAP TU LUAN

Bail. Tim cdc tiém cin cda do thi cdc ham sd sau:

_2x—5 b _10x+3
a)y x-—1 )Y 1-2x
2 2
—4x+3 -2

Q) y=T—— @ y=""2
x+1 1-x

Bai2. Tim cdc tiém cin cda do thi cdc ham sd sau:

X _ 2+x x> +4x+5
x“—4x+5 9—x x“ -1
2 3 4
d) y=2x2+3x+3 o) yzx J2rx+1 f) yzx 3x+4
x“+x+1 x+1 x =1
4-x?
2
= —4 hy=—ro 2
g) y=Vx"—dx )Y x> —5x+4

B. BAI TAP TRAC NGHIEM

Céu 1: Trong cic ham sb sau, dd thi ham s6 nao c6 duong tiém can ngang:

2x% -1

A y=xX+25x+8 B.y=x'-8x¥+99 C. y-=x-1 D.y=
X? -2 ’ X—=2

Cau 2: buong thang y = -8 1a tiém can ngang cta do thi ctia ham so nao ?

2

2x+7 16X —25 2x" -1 8x—25

A y= B. y= C.y= D.y=
x?—9 3-2x 16x-2 YT 1

2X+3 1a:

Céu 3: Phuong trinh cac dudng tiém can cua do thi ham sb y= .
X_
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A y=1x=2 B.y=2,x=1 C.y:%,x=1 D.y:l,X:%

. . VX2 =2x+6 XemAX43
Cau4: Chohamso y= %1 va :)(2—9' Tong s6 duong tiém can cua hai do thi
la

A.3 B. 4 C.5 D.6
Céu 5: Cho ham sb y:il c6 d thi 1a (C). Ménh d2 nao sau day 14 dang?

X+

A. (C) cotiemcanngang la y =3 B. (C) cotiém canngang la y =0

C. (C) co tiém can dtng la x =1 D. (C) chi cé mot tiém can

A A - \ A 2X+3 ’ [N \ = A A
Ciu 6: Do thi ham soy =1+ X[+l c6 bao nhiéu duong tiém can?

A. khong c6 B.1 C.4 D.2
Cau 7: buong thang y =2 1a tiém can ngang cia do thi ham so nao dudi day?

2 1+x 2X—2 —2X+3
A. = —_—, B = . C = . D = .
y x+1 Y 1-2x y X+2 y X—2
Cau 8: SO duong tiém can cua do thi ham s y 2% 14
au 8: SO duong tiém can cua do thiham s6 y=— 1a
Vi +1-x
A 2. B. 1. C. 3. D. 4.

Cau 9. Cho ham sb y = f (x) c6 bang bién thién nhu sau

X ‘—oo 1 +0o0

+00 5

fx) / /

2 3
Tong so tiém can ngang va tiém can dang cua do thi ham sé di cho 1a
A. 4. B. 1. C.3. D. 2.

Céu 10: Cho ham sb y= f (x) xdc dinh trén (—o0;5)\{-1} c6 bang bién thién nhu hinh dudi.

Hoi d6 thi ham s da cho c6 bao nhiéu dudng tiém can?

- — —1 1_ 5
v = || : ‘
W ./_,/’ ,,-»"j
> — o —0
A. 2 B.1 C.3 D. 4
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Cau 11: (D& 108-2019) Cho ham s6 y = f (X) c6 bang bién thién nhu sau:

xr |—oo O 1 ‘oo
y’ — - 0 -+
(8] > —+oco
< -
Tong sé tiém can dimg va tiém can ngang cta do thi ham sé da cho 1a:
Al B. 3. C. 4. D.2.
o , (m+1)x-5m :
Cau 12: Tim m d¢ d6 thi ham so Y = Toeem c6 ti€ém can ngang la duong thang y =1.
A. . m=2. B.m:g_ C. m=0. D. m=1.
2
Cau 13: S6 duong tiém can cua db thi ham sé y=—* "' 1a
x =5x+4
A 2. B. 1. C. 3. D. 4.
_ 2
Cau 14: S6 duong tiém can cua db thi ham sé y=—0—* |3
X —=5x+4
A 2. B. 1. C. 3. D. 4.
2
Cau 15: S6 dudng tiém can cia db thi ham sé y = 3 *12 Ia
X+
A 2. B. 1. C. 3. D. 4.
2
Cau 16: Tim m dé @ thi ham s y =211 ¢ duong tiém can dimg di qua diém M (2;1).
A m=2. B.m:g_ C. m=0. D. m=1

Cau 17: Cho ham s6 y = f (x) xac dinh trén (—o0;5)\{~1} c6 bang bién thién nhu hinh dudi.

Hoi d6 thi ham s da cho co dudng tiém can ngang 13?

a — —1 1 5

y' + | t

2 N —c —=
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VI. KHAO SAT SU BIEN THIEN

VA VE DO THI CUA HAM SO

1. Cac buéc khao sat sy bién thién va vé dé thi ciia ham s¢
e Tim tap x4c dinh clia ham s0.
e Xét su bi€n thién cia ham so:
+ Tinh y'.
+ Tim céc di€m tai d6 dao ham y’ bing 0 hoic khong xac dinh.
+ Tim cdc gi6i han tai v6 cuc, gidi han vo cyc va tim tiém can (né€u co).
+ Lap bang bi&n thién ghi rd ddu clda dao ham, chiéu bi&n thién, cuc tri cda ham s6.
e V& dd thi ciia ham s6:
+ V& cdc dudng tiém cin (néu c6) clia dd thi.
+ X4c dinh mot s6 di€m dic biét cia dd thi nhu giao diém cda dd thi vdi cdc truc toa do
(trong trudng hdp dd thi khong cit cdc truc toa do hoic viéc tim toa do giao di€m phic tap thi
c6 thé bd qua). C6 thé tim thém mot s6 di€m thudc dd thi dé c6 thé vé chinh xdc hon.

+ Nhan xét vé d6 thi: Chi ra truc ddi xing, tim d6i xtitng (n€u c6) clia dd thi.

2. Ham sd bacba y=ax> +bx*> +cx+d (a#0):
e Tap xdc dinh D = R.
e Choy “=0<=>x0 =>I(x0; fixo)) . D6 thi nhan I ( di€m udn) 1am tim ddi xitng.

e Cic dang dd thi:

y’ =0 c6 2 nghiém phan biét Ty ty

<A =b*-3ac>0 /\\| / \ o
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y4

y’ =0 c6 nghiém kép

SN =b*-3ac=0

N\

y’ =0 v06 nghi€ém

SN =b*-3ac<0

v

3. Ham so trung phuong y = ax* +bx* +¢ (a#0):

e Tap xdc dinh D =R.
e D{ thi ludn nhan truc tung 1am truc ddi xdng.

e Cic dang dd thi:

v =0 co 3 nghiém
phin biét
AN x
N4

(a.b<0)

el

T~

v =0 cd 1 nghiém \

(a.b>0) \\/

Db 0.ad—be#0):

4. Ham s6 nhat bién y =
cx+d

d
e Tap xdc dinh D = R\{——}.
c

tiém cin 12 tAm ddi xitng clia d6 thi ham s6.

e D) thi c6 mdt tiém cin dirng 1a ¥ =—— va mot ti€ém cdn ngang la y=—. Giao di€m cida hai
c c
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e Cic dang dd thi:

5. Cach vé @b thi ciia ham s6 c6 chira ddu gia tri tuyét doi:
DANG 1: V& dé thi ham sé: y=|f (x)
, (00 ki f()z0 o
Ta co, y:‘f(x)‘: _ . Do d6 d6 thi ham so yz‘f(x)‘ ¢ thé suy ra dugc
—f(x) khi f(x)<0
tir d6 thi (C) ctia ham s6 y = f (x) nhu sau:
+ Phan cua (C) nam trén truc hoanh, ta gitt nguyén
+Phan cua (C) nam dudi truc hoanh, ta bo di va thay vao dé 1a phan d6i xring ciia phan vira
b6 qua truc hoanh.
+Vidu:
: (c')
y=x3-3x+2 (©)

Z_l'—|'|"—_-='\'+ El

DANG 2 : V& dé thi ham s6: y = f (|x|)

Tacé y = f(|x|) 1a ham chin. Do d6 db thi ctia n6 d6i xng qua truc tung

Nhén xét: Vi x>0,taco f|x/=f(x).Vay dd thi ciia ham y = f (|x|)c() thé suy ra duoc tir
do thi (C) cua ham s6 y = f (x)nhu sau:

+ Giit nguyén phan db thi bén phai truc tung ( ta tam goi 1a (C1)), bé phan bén trai.

+ Phan bén tréi truc tung c6 duoc bang cach 1ay dbi xiing cua (Cz2) qua truc tung.

+Vidu:
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(c")
V= |l.| —3|.1|+ 2
+ 4 o :E II , .-1|.'
y—x'l—fix-l-l ,‘I
Vi du 36. Khao sat va v& dd thi cia ham s§ y=x> —3x? +3
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2x+1

x—1
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A. BAI TAP TU LUAN

Bai 1. Khdo sit sy bién thién va vé do thi cia cdc ham so:

a)y=x3—3x2—9x+1 b)y=x3+3x2+3x+5 c)y=—x3+3x2—2
2 X 51 3 4.2
d) y=x-1D)7"(4-x) e)y=?—x 3 f) y=—x"=3x"—4x+2

Bai2. Khio sit sy bién thién va vé do thi cia cdc ham so:

4

a) y=x4—2x2—1 b) y=x4—4x2+1 c) y:%—3x2+§
d) y=(x-D*(x+1)? e) y=—x*+2x2+2 f) y=—2x*+4x>+8
Bai3. Khdo sit sy bién thién va v& do thi cia cdc ham so:
) _x+l b) _ 2x+1 ) _3-x
DY x+2 Y x—1 < x—4
" 1-2x ) 3x-1 N x-=2
= e = =
Y 1+2x Y x=3 Y 2x+1

Bai4. (*) V& dd thi clia cdc ham so:
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a) y=|x|3—3|x|+2 b) y=|—x3+3x2—2|
x+1

¢) y=|x*—2x2 3] d) y=|—
x—1

B. BAI TAP TRAC NGHIEM

Céu 1. Bang bién thién dudi day 1a bang bién thién cua ham s6 nao trong cac ham sé duoc
liét ké & bén phuong an A, B, C, D?

X —0 -2 1 +o0
y' + 0 - 0 +
y /20 +00
p \_7 /
A. y=-2x-3x" +12x. B. y=2x"+3x"-12x.
C. y=-2x"-3x*+12x . D. y=2%"-3x"+12x.
Céu 2. Bang bién thién sau 1 ctia ham s ndo ?
X | —»o -1 0 1 +eo
» -0 + 0 - 0 +
+ -1 o0
2 2
A y=z1 -2 +1. B.y=z"—21"-1.
C.y=z'-2"-1 D.y=-z'+2z" 1.

Ciau 3. Bang bién thién sau day 1a ciia ham s6 nao ?

-0

3

A y=x"-3x"+1 B.y=x-1.c. y=x*+3x*-1.D. y:%—x2+x+§
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Céu 4. Bang bién thién sau 1 ctia ham s6 nao?

X | —>» —1 +0
y’ - -
2 +00
y
\ _ \
2x—1 2x+1 2x 2x+3
A y= . B. y= . C.y=—. D.y=
x+1 x+1 x+1 x+1
Céu 5. Ham sd ndo sau day c6 bang bién thién nhu hinh bén
x . 2 400
3 _ ‘\ _
1 ‘ 10
) s
o0 T
2x-1 2X—3 X+3 2X—7
A. y= ) B. yv= ) C.v= ) D.y= )
y X—2 y X+2 y X—2 y X—2

Ciau 6. ( Pé 108-2019). P6 thi ctia ham sé nao dudi day c6 dang nhu dudng cong trong hinh
V€ bén?

\/ 0 \ X

A y=x"-3x+1. B.y=x"-2x*+1. C. y=—x*+3x+1. D. y=—x*+2x"+1.

Céu 7. D6 thi duéi ddy 1a ciia ham sb nao ?

&

v

/

Ay=x-3x"+1.- B. y=x*+x"+1. C.y=-x*+3x*+1. D. y=x*+x+1.
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Céu 8. D6 thi nhu hinh bén 13 d6 thi ciia ham sb nao sau day?

A y=x'-2x B. y=x'-2x*-3. C.y=—x*+2x>. D.y=—x‘+2x*-3.
Céu 9. Pudng cong hinh bén 1a d6 thi ciia ham sd nao trong cic ham sb sau?

Ay=x>—1.B. y=x"+2x*-1. C. y=—x*-2x*-1.D..y=x*+2x*-1
Ciu 10. Puong cong hinh bén duéi 1a d6 thi ham s6 nao trong 4 ham sd sau:

o

|

ol X
% 4 2 o 2 4 6 8
______________ .

o

o

Cau 11. Cho ham s§ Y =X>—6X*+9X c6 db thi nhu Hinh 1. Khi d6 dd thi Hinh 2 13 ctia ham

s6 nao dudi day?.
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yA
Hinh 1 Hinh 2

A. y:|x|3—6x2+9|x|. B. y=-X+6x"-9x.
C. y=‘x3—6x2+9x‘. D. y:|x|3+6|x|2+9|x|.

Céu 12. Cho dudng cong (I') dugc vé bai nét lién trong hinh vé:

Y=

R —

Hoi (') 1a dang d6 thi ctia ham sé nao?

A y=—|x"+3x. B. y:‘x3—3x‘. Cc.y=x-3x. D. y:‘x3‘—3|x|.
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VII. MOT SO BAI TOAN LIEN QUAN

DN KHAO SAT HAM SO

1. SU TUGNG GIAO CUA CAC PO THI

Cho hai d6 thi (C): y = f(x) va (C’): y = g(x)

Toa d6 didm chung cua (C) va (C”) 1a nghiém cua hé:

{y=f(X) { = (x)
y=g(x) [f(x)=9(x)

Phuong trinh f(X) = g(X) (*) goi 1a phuong trinh hoanh d6 giao diém cua (C) va (C”).

a. S6 nghiém ciia phwong trinh (*) chinh 13 sb giao diém cia (C) va (C’).
b. Dwa vao dieu kién c6 nghi¢m cia phwong trinh dé bién luan
Nhic lai:

1. Puong thang d qua A(X1; Y1) va c6 hé sb goc k thi o phuong trinh:
y = K(X-x1) +y1

2.Cho M (x;¥,):N (3:¥,) = MN = (%, =x)" + (v, = )

Vi dy 41. Tim giao diém cta 6 thj cdc ham sé sau (C):y =x* —5x* +10x—=5(P): y=x* —x+1

Vi du 42. Tim m d€ dd thi cic ham s6: y =(x— 1)(x2 —mx+m* —3) cit truc hoanh tai ba diém phin
biét.
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Vi du 43. Tim m d€ 4 thi cdc ham s6 sau: y =x* —2x> —1; y =m cdt nhau tai bon diém phan biét.

A.BAI TAP TU LUAN

e A . - R 2z A . 2 N ~
Bai 1 : Tim toa do giao di€ém ctia cdc do thi cia cdc ham so sau:

X 3
=——+3x—= _2x-4
a) Y 2 2 b) 4V 1 ) y=4x>—3x
—£+l y——x2+2x+4 y=—at2
Y 2 2
4 2 2
=x —x"+1 X
d) {y ; ) V="
y=4x"-5 X =
y=-3x+1

Bai 2: (*) Tim m d€ dd thi cdc ham so:
a) y=(x —1)(x2 —mx+m® —3) cit truc hoanh tai ba diém phan biét.
b)y=x>+3x> +mx+2m;y =—-x+2 citnhau tai ba di€m phan biét.
¢) y=x*=2x>—1; y=m citnhau tai bdn di€m phan biét.
d) y=x"—mx’+m-1cit truc hoanh tai bén di€ém phan biét.

3x+1

Bai 3 (**) Tim m d& dd thi ca cic ham s8: y = ;¥ =X+2m cit nhau tai hai di€ém phan biét

A, B. Khi d6 tim m d€ doan AB ngén nhat.
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B. BAI TAP TRAC NGHIEM

Cau 1: S4 giao diém cta dudong cong Y = X° —2x° +2x+1 va duong thing y =1-x bing
A. Ll B. 2. C.3. D. 0.

Céu 2: Tim s giao diém cia d thi (C): y=X>+X—2 va duong thing y=x-1,

A 2. B. 3. C. 0. D.1.
Cau 3: Tim s6 giao diém cua do thi ham s6 y = x* —4x® +1 va duong thing y = 3.

A 0, B. 2. C. 3. D. 4..
CAu 4: Tung do giao diém cua dd thi cac hamsé y=Xx>-3x*+2, y=-2x+8 la:

A. 2. B. 4. D. 0. D. 6.

Cau 5: Tung d6 giao diém cta do thi ham so y = va duong thang y =x-1 Ia:

A O, B. 3. C. -1 D. 3.
Cau 6: Tim s giao diém caa d6 thi ham s6 y = (x —2)(x* + X +1) va truc hoanh.
A l. B. 0. C. 2. D. 3.

Cau 7: Db thicuahamsd Yy = —x3+3x% +2x -1 va dd thi cia ham sé Yy = 3x? —2x—1 c6 tit ca
bao nhiéu diém chung ?
Al B. 3. C. 2. D. 0.
n . . Y . B < s 2x+4 . .
Cau 8: Goi M, N 1a giao diém cua duong thang y = Xx+1 va duong cong Yy = 1 Hoanh d¢

trung diém | cua doan thang MN bang:
A -2 B. 1. C.2. D. 2.
2 2
Cau 9: D thi ham s6 Y = x> —3x* +2x—1 ¢4t d thi ham sé Y = X* —3X+1 tai hai diém phan biét
A, B. Tinh do dai doan AB
A. AB=3, B. AB=24/2 C. AB=2. D. AB=1,
Cau 10: Tim m d& dwong thing d:y=m(x-1)+1 cit dd thi (C) ham s§ y=-x*+3x-1 tai

ba diém phan biét A(L1), B, C.

A. m=0. B. m<%.
9 - 9
C.0xm<—, D. m=0 hoac m>—.
4 4
. 2X — - . . , . 2 .
Cau 11: Cho hamso y= ;( 13 . Do thi ham s6 cat duong thang y = x+m tai 2 giao diém khi
A. m<-1m>3, B. m<-Im>3.
C. -1<m<3. D.m<lm>7.
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Céu 12: Cho ham sb y =

X \ . ) L
£ ©0 40 thi (C).Tim m dé duongthing d :y=—-X+m cétdd thi

(C) tai hai diém phan biét ?
A l<m<4. B. m<0 hoac m>2.
C. m<0 hoic m> 4. D. m<1hoic m>4.

2. BIEN LUAN SO NGHIEM CUA PHUONG TRINH BANG PO THI

+ Gia sir phai bién luan sé nghiém cua Pt : F(x; m) = 0.
+ Bién d6i phuong trinh vé dang f(x) = g(m) (1)

Goi (C) 1a @6 thi cia ham s6 y = f(x) va duong thang d 1a do thi cua y = g(m) (d nam ngang
hay d // Ox hoac d trung Ox)

Ta c6 (1) 1a phuong trinh hoanh d¢ giao diém cua (C) va (d)

Cho duong thang (d) di dong, tuy theo sé diém chung cua (C) va (d) ta suy ra s6 nghiém cua
phuong trinh (1)

(C)
m _-i/ (d):y=m
¥op |- |
' |
! |
/\ !
. T
\L/ Xa X
Yo Tt

Vi du 44. Giai va bién luan s6 nghiém ciia phuong trinh 2x* —4x*—m =0
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A.BAI TAP TU LUAN

Bai1: Chohamsd y=-x>+3x+1
a.Khao sat sy bién thién va vé d6 thi ham sd

b.Dua vao db thi, bién luan theo m sé nghiém pt: x*—3x+m=0

Bai 2. Cho ham s y=%x4—3x2 +g

a.Khao sat sy bién thién va v& d6 thi ham sé

b.Duya vao db thi, bién luan theo m sé nghiém pt: x* —6x2+3=m
Bai 3. Cho ham s6 y=—x%+3x* ¢6 d6 thi 1a (C).

a.Khao sat sy bién thién va v& d6 thi ham sd

b.Tim m dé phuong trinh —x* +3x? +1-m =0 ¢6 dung mot nghiém
Bai 4. Cho ham s6 y=—x%+3x*-1 ¢ d6 thj (C)

a.Khao sat su bién thién va v& do thi (C)

b.Xéc dinh k dé phuong trinh x* —3x?+k =0 ¢6 3 nghiém phan biét
Bai 5. Cho ham s6 y=—x*+2x%+3

a.Khao sat su bién thién va vé& d6 thi ham s6 (C)

b.Tim m dé phuong trinh x* —2x? +m=0 c6 4 nghiém phan biét
Bai 6. Cho ham s6 y =2x° —9x* +12x—4

a.Khao sat sy bién thién va vé d6 thi

b.Tim m dé phuong trinh 2|x|3 —9x* +12|x|=m c6 6 nghiém phan biét

B. BAI TAP TRAC NGHIEM
Céu 1. Tim m dé phuong trinh X’ -3x+m=0 c6 3 nghiém thuc phan biét

A. —2<m<2, B. 2<m<2, C.2<mim>2.D. -1<m<1.
Cau 2. Tim tit ca cac gia tri m dé phuong trinh 2° — 3z = 2m c6 3 nghiém phan biét

A —2<m<2. B. -1<m<1. C.2<m<2D.-1<m<1.
Cau 3. Phuong trinh X' —2x>=2=m ¢6 bén nghiém phan biét khi:

A 3<m<-2. B. m<-3m>-2. C. 3<m<-2.D. m=3.
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Céu 4. Xac dinh m dé duong thang y =4m cat d6 thi ham s6 y=x*—2x*+4 tai 3 diém phéan
bigt ?

A.m=1, B.m=4, C.3<m<4, D.m=3.
CAu 5. Tim m & duong thing Y =4m cét d6 thi ham s6 (C): y =x" —8x* +3 tai 4 phan biét:
A. —§<m<§. B.mgg C.mz—E. D. —ESmgg.
4 4 4 4 4 4

Cau 6. Cho ham s6 y = f (X) c6 bang bién thién nhu hinh bén. Khi d6 tat ca cac gia trj ciia m

dé phuong trinh f (x)=m=-1 ¢6 ba nghiém thyc 1a

X |-® -2 0 +00
Y + 0 - 0 4
5 +00
I N
A. me(35). B. me(4;6). C. me(—0;3)u(5;+x). D. me[4;6].

Cau 7. Cho ham s y = —x® —3x% +2 ¢6 d6 thi nhu hinh v&.
y

N
VAl

V6i gid tri nao cia m  thi phuong trinh —x* —3x*+1-m=0 c6 ba nghiém phan biét?
A. -1<m<3, B. -3<m<1, C. 3<m<l1, D. m<1,
Cau 8. Do thi hinh bén 14 cia ham sé y = —2° + 32 — 4 . Tim tit ca gia tri cia m dé phwong trinh

z° — 32" + m = 0 c¢6 hai nghiém phan biét? Chon mét khing dinh BPUNG
rF. y -

A. m=4hoac m=0. B. m=4. C.0O<m<4, D.m=0.
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Céu 9.Cho ham s y = f (x) c6 bang bién thién nhu sau

X ) -2 0 2 +0
S (A) 0 + 0 - 0 +

1) +m\2 /1\2 /m

S6 nghiém thyc caa phuong trinh 2 f (x)+3=0

A. 4. B. 3. C. 2. D. 1.

Ciu 9. (Pé 108- 2019) Cho ham sb f (x) c6 bang bién thién nhu sau:

X —0 -2 0 2 +0

f'(x)

- 0 + 0 - 0 s
00 2 +0
() \ | / \ | /

S6 nghiém thyc cia phuong trinh 3 f (x)-5=01a
A 4. B. 2. C. 0. D. 3.

Ciu 10. Cho ham s6 y = f(X) c6 db thi 1a hinh sau. Tim tat ca cac gi4 tri thyc cta tham s m
dé phuong trinh | f (x)|=m+1 c6 4 nghiém thuc phan biét

‘-1\ o1 2 3

A. m<-4 hay m>0. B. 4<m<0. C.0<m<4. D. -1<m<3.
Cau 11. Hinh v& bén 1a d6 thi (C) ciia ham s6 y=x*-3x—1. Gia tri cia m dé phuong trinh

‘xs -3x —1‘ =m c¢6 3 nghiém d61 mot khac nhau la.

I
L\

|||||||

Y

A. m=0, B.1<m<3, C. 3<m<1, D. m=0, m=3,
Céu 12: Tim m dé phuong trinh x°*—3x*+m—-1=0 ¢ ba nghiém thuc phan biét
A. -1<m<5. B.1<m<5. C. 5<m<l. D.1<m<5,
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3. TIEP TUYEN CUA PUGNG CONG.

Cho dwong cong (C) : y = f(x) ¢6 do thi (C)
Loai 1: Tiép tuyén tai diém M(xo;yo) € (C)

- Tim f’(x0)
- Thé vao phuong trinh tiép tuyén c6 dang y = f (%) (X=X )+ Yo

Loai 2: Tiép tuyén khi biét hé sé goc k:

- Goi d 14 tiép tuyén c6 hé sb goc k

- Goi M(xo;Yo) e( C) la tiép diém => f’(x0) = k => Xo ==> M(Xo;Yo)
( C6 thé c6 nhicu M)

- Viét phuong trinh tiép tuyén d tai M : y = f (%) (X=X )+ Yo

Chit y : Cho (A) :y = ax + b, goi k 12 hé s6 goc cua tiép tuyén d
e (d)// (A)=>k=a (loai truong hop d trung A)
o (d)L(A)=>ka=-1
Loai 3: Tiép tuyén qua diém A(X1;y1)

Goi d 14 tiép tuyén c6 M(Xo;yo) e ( C ) 1a tiép diém va d qua A
Phuong trinh duong thang d @y = f'(x,)(x =%, )+ f (%)

- Aed=>y = (%) (% — %)+ F (%)
- Viét phuong trinh tiép tuyén d tai M : y = f (%) (X=X )+ Yo

Vi du 45. Viét phuong trinh tiép tuyén ciia ham sé y = x* —3x* + 2 diém co6 hoanh d6 bang 3.

Trang 55



TO TOAN NGUYEN HIEN PE CUONG HOC KY |, NAM HQC 2021-2022

Vi du 46. Viét phuong trinh tiép tuyén ciia ham sé y = ii . Biét tiép tuyén song song véi dudng thang
X_

d:y=-3x+10.

Vi du 47. Viét phuong trinh tiép tuyén cua ham sy = x> —3x* +2x+1. Biét tiép tuyén vudng véi
duong thangd @y = x +2021.

Vi du 47. Viét phuong trinh tiép tuyén cua ham sy = x> —3x* +2x+1. Biét tiép tuyén vuodng véi
duong thangd : y = x +2021.
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Vi du 48. Viét phuong trinh tiép tuyén ciia d6 thi (C) cta ham sd y=x*—x*+9x—3 biét tiép
tuyén di qua A(2;-1).

A.BAI TAP TU LUAN
Bai 1. Vi€t phuong trinh ti€p tuyé&n cda (C) tai diém dugc chi ra:

a) (C):y=3x>—x*-7x+1 tai A(0; 1)
b) (C):y=x*-2x>+1 taiB(1;0)

o) (C>:y=;“4

tai C(1;-7)

Bai 2. Vi€t phuong trinh ti€p tuyé&n cda (C) tai diém dugc chi ra:

x+1

a) (C): y= tai cdc giao di€m cida (C) vdi truc tung.

b) (C):y= ix‘l —2x? —% tai cdc giao di€m cda (C) véi truc hoanh.

Bai 3. Viét phuong trinh ti€p tuyé&n cla (C) tai cdc giao diém cia (C) véi dudng dudc chi ra:
a) (C)y=2x>-3x>+9x—4 vad: y=Tx+4.
b) (C):y=2x>-3x2+9x—4 va (P): y=—x>+8x-3.

Baid4. Vi€t phuong trinh ti€p tuyén A ctia (C), bi€t A c¢6 hé s6 géc k dudc chi ra:

2)6—1;1(:_3
2

a) (C):y=2x>-3x>+5:k=12 b) (C):y =

X —
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Bai 5. Vi€t phuong trinh ti€p tuyén A ciia (C), biét A song song vdi dudng thing d cho trudc:

3

a) (C):y=%—2x2+3x+1;d: y=3x+2 b (C):y:zx_l

x—=2

3
;di y=—=x+2
Y 4

Bai 6. Vi€t phuong trinh ti€p tuyén A ciia (C), bi€t A vudng géc v6i dudng thing d cho trudc:

3

a) (C):y:%—zxZ +3x+1;d: y:_§+2 by (C):y = 227!

;dry=x
5 y

Bai7. (*) Viét phuong trinh ti€p tuyén A cda (C), biét A di qua diém dugc chi ra:

a) (C):y= —x> +3x-2 s A2, -4) b) (C):y =x_+§ ; E(-6;5)
x—

B. BAI TAP TRAC NGHIEM

Céu 1. Tim phuong trinh tiép tuyén cua dd thi ham s8 Y = X* —3X% + 2 tai diém M (—1; —2) ?

A. y=9x+11. B. y=9x-11. C.y=9x-7.D. y=9x+T7.
Céu 2. Phuong trinh tiép tuyén cua duong cong (C):y = x* —3x* +4 tai diém A(L2) 1a
A y=3x+5. B. y=2x+4. C. y=-2x+4.D. y=-2X.
Céu 3. Tim phuong trinh tiép tuyén cua do thi ham s6 y=x°—x*+x+1 tai diém co tung do
bang 2
A y=2X. B. y=9x-11,
C.y=2x va y:2x+%. D. y=2x+4.

Céu 4. Viét phuong trinh tiép tuyén véi d6 thi ham sb y = tai diém c6 tung do bang 3.

A. x+4y-20=0. B. x+4y-5=0. C. 4x+y—-20=0. D. 4x+y-5=0.

. . .2 s Ak abe 1 £ X - e £ . s A A el
Cau 5. Goi A la giao diém ctia do thi ham s6 Y = > véi truc OX. Tiép tuyén tai A cua do thi

ham s dé cho c6 hé sé goc k 1a

5 1 1 5
k=—2 k== k=—= k=2
Ak==7 . B. k=73 C. 3 D. k=3

o . \ . X+1 . . .
Cau 6. Tiép tuyén ciia do thi hamsd y = Tt tai diém A(—1;0)co hé s6 goc bang

1
AL B.—1. c. o D.- 2.
6 6 25 25
Cau7. Chohamsd y=x’—6x>+9x c6 dd thi (C). Tiép tuyén cuaa (C) song song véi dudng thing

d:y=9x co phuong trinh la
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A. y=9x+40. B. y=9x-40. C.y=9x+32. D. y=9x-32.

3
Céu 8. Goi (C) 1ado thi cia hamso y= X?—ZX2 +x+2. Co hai tiep tuyén cta (C) cung

song song vé6i dudng thang y = —2x+5 . Hai tiép tuyén do 1a :
A. y=-2x +% va y=-2X+2. B. y=-2x+4 va y=-2x-2 .

C. y:—2x—% va y=-2X-2, D.y=-2x+3 va y=-2x-1.

. . 5 . 2X+3 . ., . _
Cau 9. Hoi ¢6 bao nhiéu tiép tuyen véi do thi ham sd y = oy 1’ biét tiép tuyén vudng goc vai

, 1
duong thangy = > X ?

A. 0. B. 1. C. 2. D. 3.

Cau 10. Tiép tuyén ciia dd thi ham s6 y = x*~3x+2 vudng goc voi duong thing y:—éx la
A. y=9x+18;y =9x-14. B. y:—%x+18;y:—éx+5
C. y=9x+18;y =9x +5. D. y=éx+18;y=éx—14
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VIII. ON TAP KHAO SAT HAM SO

A. PHAN TU LUAN

Bail. Chohams6: y = x> +ax’—4, ala tham s6.
a) Khdo sat va vé do thi véia = 3.
b) Tim cdc gid tri ctia tham s& a d& phudng trinh sau c6 nghiém duy nhat: x° +ax> =4 =0
DS: b) a < 3.

Bai 2. a) Khdo sdt va vé dd thi ham s8: y = x> —6x> +9x—1.

b) Tir mot diém bat ky trén dudng thing x = 2 ta ké dudc bao nhiéu ti€p tuyén tdi dd thi cla

ham s8?
bS: b) mot ti€p tuyén.
Bai3. a)Khdo sdtva vé dd thi ham s6: y = x* —2x? -1 (1)

b) (*) VGi nhirng gid tri nao ciia m thi phuong trinh sau c¢6 6 nghiém phan biét.
|x4 —2x? —1| =log, m (2)
DS: b)4<m< 16.
Bai4. Chohamss: y=x*—5x>+4 1)
a) Khio st va vé d6 thi (C) cia ham sd.

b) Tim diéu kién cia tham s& m dé dudng thing y = m cit d6 thi (C) clia him s& tai 4 di€m

phén biét.
9
DS: b) 2 <m<4

4 2.3
-mx“+= (1
5 (1)

Bai5. Chohamso: y = %x
a) Khdo sat va vé dd thi (C) ciia ham s6 khi m = 3.

. . . 3 .
b) Viét phuong trinh ti€p tuyén di qua A(O; EJ ti€p xuc vai (C).

c)(*) Xdc dinh m d€ ham s& (1) c6 cuc ti€u ma khong cé cyc dai.
ps: b)y=%;y=i2\/5x+% ¢)m <0,
Bai6. Chohamss: y =" +14 (H)
x—
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a) Khdo sat va vé do thi ham sé.
b) Vi gid tri ndo cla a, dudng thing y = ax + 3 khong cit dd thi (H)?
¢) (¥) Qua di€m M(2 ; 3) vi€t phuong trinh ti€p vdi db thi (H).
DS: b)-28<a<0 c)y=-28x+59.
Bai7. Chohamsé: y=—x>+3mx> +3(1-m?)+m* —m? (1) (m1a tham s&)
a) Khdo sdt sy bi€n thién va v& dd thi ham s6 (1) khim = 1.
b) Tim k dé phuong trinh —x3+3x2 +k°>=3k* =0 ¢6 3 nghiém phén biét.
¢) Viét phuong trinh duding thing di qua hai diém cyc tri cia dd thi ham s6 (1).
DS: b) —1<k <3 k#0; k#2; ¢)y=2x—m’+m
Bai8. Chohamsd: y=mx*+(m*=9)x>+10 (1) (mla tham s6)
a) Khdo sit sy bi€n thién va vé do thi cda ham so (1) khim = 1.
b) Tim m d€ ham s6 (1) c6 ba di€m cuc tri.
DS: b) m<—-3 hay 0 <m < 3.

B. PHAN TRAC NGHIEM
Ciu 1. Trong cac ham so sau ddy, ham s6 nao nghich bién trén R:

Ay=—2: B.y=v4-x? C.y=—x*+2x*-1 D.y=-2x*+3

Cau 2. S& cyc tri clia hams6 y = - x* + 6x* - 8x + 1 1a:

A.0 B.1 C.2 D.3
Céu 3. Tim gia tri cuc dai chahamséy = x3-3x + 2

A. 4 B.1 C.0 D.-1
Cau 4. Gia tri 16n nhat ciia ham s6 y = 2x° +3x* —12x+ 2 trén doan [-1; 2] 1a

A.6 B. 10 C.15 D.11

T Z 3-3x i en R
Cau 5. Do thi ham so y = —; , ©0 bao nhiéu tiém can

A.0 B.1 C.2 D.3
Cau 6. D6 thi ham s y= _XX+_23 . Trong céc cau sau , chon cau dung.
A. Nhan 1(-2, 1) lam tam d6i xtng. B. Nhan I(2, 1) 1am tam ddi xang.
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C. Nhan I(-2, -1) 1am tam ddi xung. D. Nhan 1(2, -1) lam tam dbi x&ng.

Céu 7. Puong cong trong hinh dudi day 1a dd thi cua ham sb nao?

Ay=-x+3x*+2 B.y=x*-3x*+2 C.y= —x*+2x*+2 D.y=x"-2x*+2

Ciau 8. Bang bién thién sau day 1a ctia ham s nao? Chon céu dung.

X |- -1 1 +oo
y - 0 + 0 -
y |+t / 3 \
\ -1 -
A y=—x*+3x+1 B.y=x*+3x+1
C.y= X +3x*+2 D.y=x*-3x"+2

Ciu 9. S6 giao diém cua hai duong congy = x° —2x% —2x+1vay= x?—x+1
A.0 B.1 C.2 D.3

Cau 10. D) thi ham s6 Y = x> —x? +3x—2 cht dd thi ham s§ y = 3% —2X tai hai diém phan
biét A, B. Khi d6 d6 dai AB 1a bao nhiéu ?

A. AB =52 B. AB =22 C. AB=32 D. AB=1

Cau 11. Cho ham sé (C):y = X%l H sé goc cita tiép tuyén véi (C) tai diém thude (C) c6

tung d6 1a (-1)

A.

N |
99)
|

O
H
O
N
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Céu 12. Cho ham s (C): y = x*-3x?+1. Toa do diém M thudc (C) ma tai diém d6 tiép tuyén
vé6i (C) c6 hé sé bang (-3).

A. (1;-1) B. (-1; -3) C. (0; 1) D. (-1; 3)

Céu 13. Cho ham s6 y = 2x* +3 d6ng bién trén khoang nao?
A. (_OO;_EJ B. (0;+0) C. (—%;mj D. (—»;0)

Cau 14. Gid tri m d€ ham s6 y = x> -3x> + 3(m? -1)x dat cuc ti€u tai xo = 2 1a:

A m=1 Bm=+1 Cm=zx1 D.m=-1
a X2—2X+4 Y A . . 2 3
Cau 15. Choy = — . Ham so dat cuc tri tai x,, x,. Tong (x, +x,+Xx,.X,) bang:

X+
A.-12 B.—4 C.4 D. 12

2

Cau 16. Gia tri nho nhat ciia ham sd y = X“+S trén doan [2; 4] bang:

A.6 B.-2 C.-3 D.5

Céu 17. D6 thi trong hinh bén dudi 1a do thi caa mot ham sé trong bén ham sé duoc liét ké ¢
bdn phuong 4n A, B, C, D dudi day. Héi ham s6 d6 1a ham s6 nao ?

Céu 18. Cho ham sé y =ax* +bx?+¢ ¢6 dd thi nhu hinh vé& bén. Khang dinh nao sau day
dang ?

Trang 63



TO TOAN NGUYEN HIEN PE CUONG HOC KY |, NAM HQC 2021-2022

/\
VARV,

A.a>0b>0,c>0 B.a>0b<0,c<0
C.a>0,b<0,c>0 D.a<0,b>0,c>0

Cau 19. Vi gia tri nao cua m thi phuong trinh x3 - 12X + m — 2 = 0 ¢4 3 nghiém phan biét.

A. -16<m<16 B. -18<m<14 C. -14<m<18 D. 4<m<4

Céu 20. C6 bao nhiéu tiép tuyén voi (C):y = :—Jr; song song véi duong thang (d): 3x + 4y —
1=0.
Al B.2 C.3 D.4

3
A RN 5 3 1. X X . - X A LA ,
Cau 21. Vi gia tri nao ciia m thi ham so y = —?4— 2mx* —mx +m—1nghich bién trén tap xac

dinh.

1 1 m<0 m<0
A.0<m<= B.0<m<= C. 1 D.

4 4 mzZ m>—

Céu 22. Cho ham sé y = x®—3mx® +4m® . Vi gia tri ndo ctia m thi ham sé c6 hai diém cuc tri
A va B sao cho AB = /20 .

A m=z+1 B.m=+2 Cm=1m=2 D.m=1

Cau 23. Tim céc gi4 tri cia m dé gid tri nho nhat cia ham sd y = x—)r(n:1+ M trén doan [0;1]
bang -2.

A m=-1 B.m=2 Cm=-1Im=2 Dm=1m=-2

Cau 24. D6 thi sau day 1a ciia ham s6 y = —x3 + 3x + 1.V6i gia tri nao ctia m thi phuong
trinh: x> — 3x — m = 0 ¢6 3 nghiém phan biét
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J
3
2/\
/
4 3 2\ | 1 34
-2
-3
-4
A.-1<m<3 B.-2<m<?2 C.-2=sm<2 D.-2<m<3

Céu 25. Tim m dé (C): y = x* — 2mx? + m — 1 cét tryc hoanh tai 4 diém phan biét

m>1 D m=2

A m<l1 B.m>1 C.{
m =2

Ciu 26. Puong thang nio sau day 1a tiép tuyén cta do thi (C): y = x* —3x* +2 va c6 hé 6
gbc nho nhat?

A y=-3x-3 B.y=-x-3 C.y=-3x+3 D.y=-5x+10

2xX+1 \ .2 ; o .
X +3 c6 do thi la (C), M 1a diém bat ki thudc (C). Gia tri nho nhat

Ciu 27. Cho hamsd y =

cua tong khoang cach tir diém M dén hai duong tiém can cia d6 thi (C) bang:
A. 347 B. 77 C.6+/7 D. 27

Céu 28. (Cau 50, MD 101, 2018) Cho ham s y = f (x), y=g(X). Hai hams6 y = f'(x)va y=g'(x)

c6 b thi nhu hinh bén, trong d6 duong cong dam hon la d6 thi cia ham sé y =g'(x).

63
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CHUONG II
HAM SO LUY THUA - HAM SO M0 - HAM SO LOGARIT

L L. LUY THUA ]
1. Pinh nghia luy thira
S6 mii o Cdsoa Lu§ thita a*
a=neN’ a eR a®* =d" =a.a.....a (n thita sé a)
a=0 a0 a”=a’=1
« o _n_ 1
a=-n(neN") az0 a“ =a =§
_m 7 N” m
a—F(me ,nNe ) a>0 aazan=nlam (Q/g=b<:>b”=a)
a=limr, (r, eQ,neN") a>0 a“ =lima"
2. Tinh chat cia luy thira
e Véimoia>0,b>0taco:
a“ a)’ a“
a“a’ =a“’ ; —=a“’ ; (%)’ =a""; (ab)*=a"b* ; [_ e
> (a”) (ab) o] =5

e a>l:a>d’ ca>p; O<a<l:a*>d’ ca<p

eVSi0<a<btaco:

am

Chii ¥:

<b"om>0; a’>b" <m<0
+ Khi xét luy thita véi s6 mii 0 va s6 mii nguyén dm thi co s6 a phdi khdc 0.

+ Khi xét luy thita véi s6 mii khong nguyén thi co sé a phdi duong.
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3. Pinh nghia va tinh chat cta cin thic

- A N ~ n
eCinbicncuaalasdbsaocho b =a.

e Véia, b >0, mn eN* p, qg € Ztaco:

Wab =%a b . (/%%0»0); Yor =(Wa) @>0);  Wa ="a

Neuw 2 =L g tlar =20t (@>0): Pac bier Yo ="am
n m

e Né&u 7 12 s6 nguyén duong 1é va a < b thi Ya <4b |
Néu 7 1a s6 nguyén duong chin va 0 < a < b thi 8a<b .
Chil §:
+ Khi n 1é, mbi s6 thuc a chi c6 mot can bdc n. Ki hiéu Q/;.

+ Khi n chdn, méi sé thuc duong a cé diing hai cdn bdc n la hai s6° déi nhau.

Sb\/z

Vi du 1. Vi€t biéu thic P = duéi dang luy thira v6i s6 mii hitu ti

1 1 1 1 1 1
Vi du 2. Rat gon bidu thic P :(a4 —b4).(a4 +b4).(a2 +b2)
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Vidu 3. Sosanhm ,nbidt (v2-1)" <(v2-1)"

4. Cong thiic Iai kép
Goi A 12 s6 tién giti, r 12 131 sud't mdi ki, N 12 sd ki.

S6 tién thu dudc (cd von 1an1di)la:  C=A1+r)"

Vi du 5. (Pé tham khio — B GD & PT nim 2018 — Cau 22) Mot ngudi giri 100 tri¢u dong vao ngan
hang véi 14i suat 0, 4% / thang. Biét rang néu khong rut tién ta khoi ngan hang thi ctr sau mdi thang,
s6 tién 1ai s& duoc lap vao von ban du dé tinh 1di cho thang tiép theo. Hoi sau 6 thang, ngudi do

dugc linh bao nhiéu tién (ca von ban dau va 1ii), néu trong khoang thoi
gian nay nguoi do khong rut tién ra va 1ai xuat khong thay do1 ? ........cceviieiiiiiiiiiieeee e,

Vidu 6. (THPT QG nim 2018 — Ma dé 104) Mot ngudi giri tiét kiém vao mot ngan hang véi 13i suat
6,1% /nam. Biét rang néu khong rut tién ra khéi ngan hang thi cir sau mdi nam sé tién 13i s& dugc nhap
vao von dé tinh 1ai cho nam t’ié'p‘theo. Hoi sau it nhit bao nhiéu nim ngudi d6 thu duoc (ca s tién
gui ban dau va lai) gap doi so tien gui ban dau, gia dinh trong khoang thoi gian nay 1ai suat khong
thay d0i va ngurdi A6 KNONG TUL LIEN TA 7 .vviniieieiiieeieeee ettt

Trang 68




TO TOAN NGUYEN HIEN PE CUONG HOC KY |, NAM HQC 2021-2022

A.BAI TAP TU LUAN
Bai 1. Viét cdc biéu thitc sau dudi dang lu§ thira v6i s6 mii hitu ti:

a) Yx23x ,(x>0) b) ‘S/Si/%’ (a,b#0) ) \5/2%/%

o 2L o W

Bai2. Pon gidn cic biéu thifc sau:

15 15
a”+b 205505

Ne gs T 05

a®? + b 2b™ b) ( a® +2 a®? —ZJ a® +1

a-b a® + b0 a+24"+1  a-l a’?

a)

3t vt )
c) \a3-b3)\a3 +a3.b3 +b3

Bai3. Pon gidn cic biéu thifc sau:

Ya-3p b) (Ja_

Y Yt

Bai4. So sianh hai sd m, n néu:

2) 3,2 <3,2" b (+2)" >(2) o (l)m S (lj

a [ﬁjm > [ﬁj o) (V5-1)" <(v5-1)"

2 2

Bai5. C6 thé k&t luan gi vé s6 a néu:

2 1 3 | 1 -0,2
a) (a-1) 3 <(a-1)73 b) 2a+1) " >2a+1) o (_J <

! ! 3 2
d) (1-a) 3>(1-a) 2 e) (2-a)a >(2-a)
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B. BAI TAP TRAC NHIEM
Céu 1: Cho x,y 14 hai sé thuc dwong va m,n 1a hai s6 thuc tuy y. Dang thirc ndo sau day la
sai?

A, X™X" =x™" B. (xy)" =x"y" C. (x”)m = X" D. x™y" =(xy)""
Céu 2: Néu m 13 s6 nguyén duong, biéu thirc nao theo sau day khong bang voi (24)m ?
A 4T B. 2" (2"") C. 4" (2") D. 2°"

Chu 3: Gi4 tri cua biéu thic A =973 : 272 |a;

A.9 B. 35V C.81 D. 3+1283
s 1
Cau 4: Truc can thic 6 mau biéu thac ta duoc:
1 g/g_g/é %
3 3 3
A @+ﬁ5+ﬁ 8. 45432 C. YT5+35+33 D 35+43
(4 a’.b? )4
Cau 5: Rat gon : ~——= taduoc:
3 alZle
A.a%b B. ab? C. a?b? D. Ab

2 4 2 2
Cau 6: Rut gon : [a3 +1}[a9 +a° +1}(a9 —1} ta duoc :

1 4 4 1

A. ad+1 B. a3 +1 C.a%-1 D. a3-1

5 :
Cau 7: Kétqua a2 (a>0) 1a biéu thirc rut gon cua phép tinh nao sau day ?

3/a7_\/g 4 as
A. Jala B. ——— C. a’+a D.
% %b b t2
-8 z .
Cau 8: Rt gonA=————— 2.(1—2£J ~a® dugc két qua:
a3 +23/ab +4b3
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Al B.a+b C.0 D.2a-b
3 3
N N 2 2 _ _
Cau 9: Gia st vai biéu thirc A c6 nghia, gia tri cia biéu thac A = a’+b?_ ? bl .\/5 b
a-b 3 +b§ \/%
la:
Al B. -1 C.2 D. -3
Ciu 10: Biét (a-1)"" > (a-1)"" . Khi do ta c6 thé két luan vé a 1a:
A a>?2 B.a>1 C.l<a<?2 D.0O<ax<l1
23
Cau 11: Cho biéu thuc P = \/x\3/x25/x_3,x > (. Xac dinh k sao cho P = x**
A k=2 B.k=4 C.k=6 D.k=8
) 2017 2016 .
Cau 12: Gi4 tri caa bidu thuc (7+4J§) (7—4@ ) bing
2016
A. 7+43 B.7-43 C.1 D.(7+4J§)

Cau 13: Ong Toan giri 50 triéu dong vao ngan hang ngan hang Pong A theo thé thuc 13i kép
(dén ky han ma ngudi giri khong rat 13i ra thi tién 131 dwoc tinh vao von caa ky ké tiép) voi 1ai
Suit14% mot ndm. Hoi sau hai ndm 6ng Toan thu duoc ca von 1an 13i bao nhiéu (gia sir 13i suat
khong thay doi).

A. 63,98 tridu dong  B. 64,98 triéu dong  C. 64,89 triéu ddng  D. 65,89 triéu dong
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II. LOGARIT

1. Pinh nghia

eVéia>0,a#1b>0,tacé: log,b=a<a” =b

Chii §: log, b c6 nghia khi {Z g 8"’ #1
e Logarit thap phan: lgb=logb=log,,b
n
e Logarit ty nhién (logarit Nepe): Inb=log,b (v6i e=lim (1 + %j ~2,718281)
2. Tinh chat
o log, 1=0; log, a=1; log, a” =b; a°%? =p (b>0)

eChoa>0,a#1,b, c> 0. Khido:

+N&ua > [ thi log,b>log c=b>c
+N&uO<a<1thilog,b>log, ceb<c

3. Céc qui tic tinh logarit. Véia > 0,a =1, b, ¢ > 0, ta c6:

e log (bc)=log b+log c e log, (%j =log, b—log, c e log b”* =alog, b

4.P8icosd. Véia, b, c>0vaa, b =1, tacé:

0
e log, c= Sa¢ hay log b.log, c=log c
b log b a b a
a
e log b ! e lo 110 (a#0)
= W C=— c
8a log, a 8 a 8a
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Vidu 7. Thuc hi€n cdc phép tinh sau: 27" 2 | gl08:27

Vi dy 9. Ching minh ring log, atb

%(logcaﬂogcb),vc’ii a’+b>=7ab.
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A.BAI TAP TU LUAN
Bai 1. Thuyc hién cdc phép tinh sau:

a) log, 4.logl 2 b) logs %-IOgm 9 ¢) log, 3/\/; d) 4log,3 +910gﬁ2
4

Bai2. Tinh gi4 tri cda biéu thifc logarit theo cdc biéu thitc di cho:

a) Cho log, 14 =a . Tinh log,y 32 theo a.

b) Cho log,s3=a. Tinh log,s15 theo a.

¢) Cho log,s7=a ; log,5=b. Tinh log% % theo a, b.

Bai 3. Ching minh cic ding thiic sau (v4i gia thi€t cdc bi€u thiic di cho c6 nghia):

2) blogac _ Clogab b) log (bx)= loga b+ loga X 0 loga c ~1+log b
a“ I+log x log , ¢ “

B. BAI TAP TRAC NHIEM
25'%9:° 1 49'°97® _3

31+Iogg4 +42—Iogz3 +5I0912527

Cau 1: Giatricua P=

A. 8 B.9 C. 10 D. 12
Céu 2:10%%Y bang:

A. 4900 B. 4200 C. 4000 D. 3800
Céu 3: Choa>0vaa= 1. Tim ménh dé ding trong cac ménh dé sau:

A. log, x c6 nghia véi VX B. logal =avalog.a=0

C. logaxy = logaX. logay D. log, x" =nlog, X (x > 0,n = 0)

Cau 4: Choa>0vaa=#1,x vaylahai so dvong. Tim ménh dé dung trong cac ménh dé sau:

A. |Oga§=|0g—ax B. Iogalz !
y log,y x log, x
C. log, (x+y)=log, x+log, y D. log, x =log, a.log, x
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Ciu 5: Khing dinh nao dung:

2

A.log;a’ =2log’ a B. log:a’ = 4log? [a|
C. log?a® =4log’a D. log;a® =2log’|al

Céu 6: Gid tri cia log , Va véi (a>0,a=1) la:

A B. 6 c i D. 2
2 6 3
Ciau 7: Gia tri cta log, a¥/ad/ava la:
A S B 3 c i D. 1
10 10 2 4
2 3/[n2 5/~4
CAu 8: Cho sb thuc a>0,a=1. Gia trj cua biéu thac A =log, a '\/i}/_as_'\/a—
a
A 193 g 3 c 103 D 43
60 60 60 60

Céu 9: Néu Iogax=%loga9—loga5+loga2 (a>0, a# 1) thi x bang:

A 2 B. 3 c.t D.3
5 5 5

Cau 10: Néu log, X =%(Ioga9—3loga 4) (@>0,a=1)thix béng:

A. 242 B. 2 C.g D. 16
Cau 11: Néu log, x =5log,a+4log, b (a, b> 0) thi x bang:

A. a°b* B. a‘b® C.5a+4b D. 4a + 5b
Cau 12: Néu log, x =8log, ab®> —2log, a°b (a, b > 0) thi x bang:

A. a‘b® B. a’b* C. a’h® D. a°b*
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Cau 13: Cho 1g2 = a. Tinh 1g25 theo a?

A.2+a B. 2(2 + 3a) C.2(1-a) D. 3(5- 2a)
Céu 14: Cho lg5 =a . Tinh Igé theo a?
A.2+5a B.1-6a C.4-3a D. 6(a - 1)
A , 125
Cau 15: Cho 1g2 =a. Tinh lgT theo a?

A.3-5a B.2(a +5) C.4(1 +a) D.6+7a

Céu 16: Cho log,5=a. Khi do log, 500 tinh theo a la:
A 3a+2 B. %(3a+2) C. 2(5a + 4) D.6a - 2

Cau 17: Cho log,6=a. Khi do6 logz18 tinh theo a la:

B. — C.2a+3 D.2-3a
a-1 a+b

Céu 18: Néu log3=a thi log9000 bang:
A. a’+3 B. 2a+3 C. 2a° D. &

Céu 19: Cho log, x =2,log, x =3,log, x =4 . Tinh gi4 trj cua biéu thuc: log , - x

AL B. 2 c.t D. 2
13 35 9 13
Ciu 20: Cho X2 + 4y? = 12xy x>0,y > 0. Khang dinh dung la:
A. logx+logy =log12 B. Iog(x+2y)—2|og2=%(Iogx+logy)
C. logx® +logy” =log(12xy) D. 2logx+2logy = log12 +log xy
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III. HAM SO LUY THUA

HAM SO MU - HAM SO LOGARIT

1. Khai niém

a) Ham s6 luy thira y = x% (o 12 hiing s0)

S6 mil o Ham s¢ y = x“ Tap x4c dinh D
a =n (n nguyén dudng) y=x" D=R
o =n (n nguyén 4m hodc n = 0) y=x" D =R\ {0}
a. 12 s& thuc khong nguyén y=x“ D = (0; +o0)

Chii y: Ham 56"y = xn khéng déng nhdt voi ham s6 y = ifx (ne N*).

D6 thi ham s6 iy thira trén (O; +oo) ung vai cac gia tri khac nhau cia « .

1

|

b) Himso mii y=a" (a>0,a #1).

e Tap xdc dinh:

e Tap gid tri:

D =R.

T = (0; +00).
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e Khi a > 1 ham s& ddng bién, khi 0 < a < 1 ham s& nghich bi€n.

e Nhin truc hoanh lam ti€ém cdn ngang.

e D6 thi:
y
/ -
a>1

¢) Ham sd logarit y=1log x (a>0,a=1)

e Tap xdc dinh: D = (0; +0).

e Tap gid tri: T=R.

e Khia > 1 ham s6 dong bié€n, khi 0 < a < 1 ham s& nghich bién.

e Nhin truc tung lam ti€m cin ding.

e D6 thi:

y=logax

1<a

2. Gi6i han dic biét

1 X
e lim(I+x)* = lim (1+lj =e

x—0 x—>to0 X

e |im

y
y=a* \
O<a<1
y
y=logax
\1\ X
O<a<1
X
. -1
1n(1+x)=1 . hme
x—0 X x—>0 X
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3. Pao ham

o (xa )' =ax® 1 (x>0): (ua )' =au® ' u

chiy:  (4x) =1 (vdix>0né’unchd~n) () =1

vdi x #0 néu n 1é

nA X! s
o (ax ), =a"Ina; (a“ )’ =ad"Inau
(ex )’ =e"; (e” ), =e'u
’ 1 ’ M’
’ (loga|x|) ~xlna’ (loga|u|) “ulna
(inlx) _1 (x > 0); (1nlu]) _v
X u
: X +2x ’
Vi du 10. Tim tap xac dinh ctia ham s6 sau y = [ " ]
X+
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x*+4x-3

Vi du 14. Tim dao ham cp 1 cia ham sd sau y=e

Vi du 18. So sanh a, b, ¢, biét d6 thi bén dudi 1a cta cac ham sb

y=1log, X, y=log, X, y=1log, x,(0 <a,b,c #1)
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Vi du 19. So sanh a, b, ¢, biét d6 thi bén duéi 1a cta cac ham sb y=a*, y=b*, y=c*

y =b

Vi du 20. Cho diém €(0:4) duong thang di qua C, cét hai d6 thi ham s6 y=a*,y =b" lan luot
ta1 A va B sao cho AB=AC . Tinh a theo b.

O .
A.BAI TAP TU LUAN
Bai 1: Tim tap xéc dinh cta cdc ham sd sau:
2x° -x + 1 ’ 2
a)yz(—lj b) y=(x"-3x +2)7 C) y=(x*-2x+1)?
x —
d) y=(x - 1)’“/5 e)y= 10g3(x2 - 2X) f) y=In(x* - 5x+6) +(x —1)"
Bai 2: Tinh dao ham cda cdc ham sd sau:
N 2
a) y=3""2 b) y=e**" ¢) y=2"3"+3/x-1 (x>1)
1 X
> —x x—gx 3
d) y=(x"+2x)e e) y=x.e f)y=2—
x“=x+1
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Bai 3:Tinh dao ham ctia cdc ham so sau:

a) y=In2x> +x+3) b) y =log,(cosx) ¢) y =log(x* —2x)

d) y=2x-1)InBx*+x) e) y=log, (x’ —cosx) f) y=log;(cosx)
2

B. BAI TAP TRAC NHIEM

Céu 1: Ham s6 nao sau day c6 tap xac dinh la R ?
3
A. y:(x2+4)0’1 B.y=(x+4)" C. y=[x—+zj D. y:(x2+2x—3)_2
Cau 2: Haim sy = ¥1-x? c¢6 tap xéc dinh la:
A [-1; 1] B. (-o0; -1] U [1; +0) C.R\{-1; 1} D.R
Céu 3: Tap xéc dinh D cua ham s6 y =(x? ~3x—-4)"
A. D=R\{—1,4} B. D:(—oo;—l)u(4;+oo)

C. D=[-14] D. D=(-14)

1
Cau 4: Tap xac dinh D caa ham s y = (x° —3x* + 2x )¢

A. (0;1)U(2;+0) B. R\{0,1,2}
C. (—0;0)u(L2) D. (—0;0)U(2;+)
3
Ciu 5: Tap xac dinh D ctia ham s§ y =(2x—-3) 4 +9-x"

A. [3+0) B. [—3;3]\{%} C.

VR
N W

;

Céu 6: Cho ham sb Y = x*, cac két luan sau, két luan nao sai:
A. Tap xac dinh D =(0;+%)

B. Ham s6 ludn luén ddng bién vai moi x thudc tap xac dinh
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C. Ham s6 luén di qua diém M(L1)
D. Ham s khong cé tiém can

Cau 7: Trong cac ham so0 sau day, ham so nao dong bién trén cac khoang n6 xac dinh ?

3

A.y=x* B.y =x ¢ C.y=x* D.y=x

Céu 8: Him sé y = Ya+bx® ¢6 dao ham la:

Ay = X B.y = __ b
7 Rarbx ey

2

C.y’ = 3bx*Ya+bx® D.y = 3

23/a +bx®
Cau 9: Pao ham cua ham sé y=Z/cosx la:

A —sin X B. sin X C. 1 D —sin X

73cos® x 73cos® x 73cos® x " 73cos"x
Cau 10: Tap Xdc dinh D caa ham s y = log, (x* —2x-3)
A. D=(-13) B. D =(—o0;—1)U(3;+x)
C. D=[-13] D. D =(—0;-1]U[3;+x)
Cau 11: Tap xac dinh cua ham sb y =log, vx? +x—12
A. (-4:3) B. (—0;—4]U[3;4+%)  C. (—0;-4)U(3+x) D. [43]
Céiu 12: Himsb y = In(—x2 +5x—6) co tap xac dinh la:

A. (0; +o) B. (-0; 0) C. (-0; 2) U (3; +0) D. (2: 3)

Céu 13: Him s y = c6 tap xéac dinh la:

1-Inx

A. (0; +oo)\ {e} B. (0; +0) C.R D. (0; e)
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Caul4: Tap xac dinh D ctia ham s6 y = log, (x—l)2 ~log, (3-x)-log, (x +1)3

2
A. D=(—%;3) B. D=(-13) C. D=(-13)\{1} D. D=[-L3]\{1}
Cau 15: Dao ham ctia ham y=e** [a:
A. (2x+1)e"™ B. (2x+1)¢* C. (x*+x)e> D. (2x+1)e™*

Caul6: Himsb y = 3 ¢6 dao ham 1a

A (2x-3).3“*In3. B.3"*In3.  C.(X-3x).3""". D. (2x-3).3" .
Ciu 17: Dao ham ctia ham s6 y =(2x-1)5"1a:

A. 5 (2-2xIn5+In5) B. 5*(2+2xIn5-In5)

C. 25" +(2x-1)x.5** D. 2.5°In5

Cau 18: Ham s6 f (x)=log, (x2 —2x) c6 dao ham

In2 1
A f'(x)= : B. f'(x)=7—5——.
() X2 —2X () (x2—2x)ln2
2x—2)In2 (2x-2)
C. f'(x =(—. D. f'(x)=———".
() X% —2x () (x*=2x)In2
Cau 19: Him s0 f (x)=In(x*-1) c6 dao ham
1 2X
A. f'(x)= B. f'(x)=
X (2x-1)
C. f'(x)= . D. f'(x)=———".
() X2 -1 () (x*~1)In2
Céu 20: Ham sb nao dudi day dong bién trén tap xac dinh cia no?
_ X _ E g _ X _ E X
A.y=(0,5) B.y= (3) C.y=(+2) D.y= (nj

Céu 21: Ham sb nao dudi ddy thi nghich bién trén tap xac dinh caa n6?
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A.y = log, x B.y = log ; x C.y=log, X D.y=log, x

U4

Céu 22: Ham sb nao c6 d6 thi nhu hinh v& 6 bén day ?

\ y
]
i \\\:“"‘T——J.— " :x
1) 1Y x
A. y=(§j B. y:(ﬁj C.y=3" D. y=(J§)

Ciu 23: Gia tri nho nhat ciia ham sb y =< > trén [0;2] Ia:

1
A. 1l B. e C. — D. \e
Je
CAu 24: Gia tri 16n nhét cua ham s yZInTX trén [Le* ] la:
A.0 B. 1 c.2 D. 0
e e

Céu 25: Duong thang y=m , cit hai dd thi ham s6 y =4*,y =" va truc tung lan luot tai M, N
A thoa 3AN =2AM . Ménh dé nao ding

A. a’=b’ B. a’ =b? C.2a=3b D. a%® =1
Ciau 26: Duong thang y=3 , cit hai do thi ham sb y=log, x,y =log, x tai diém x,x, thoa

e . a )
x, =2x,, gia tri cua n bang
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YA y = logyx
y = log,x

y=3
A. 3 B. 3 C. 2 D. 2

Cau 27: Puong thang x =35 , cat truc hoanh va hai d6 thi ham s6 y =1log, x,y =log, x tai cac

diém A, B, C thoa CB =2AB, gi tri cla % bing

)Y y = logyx: |

A. a=b’ B. a=b® D. a=5b
E IV. PHUONG TRINH MU ]
N ~ 2 Y- X b>0
1. Phuong trinh mii cd ban: Véia>0,a=1: a’ = b@{
x=log, b

Vi du 21. Giai phuong trinh sau 2* ***1 =1024

2. Dang dwa vé ciing co'sd: Véia>0,a=1: o/ =a™ o f(x)=g(x)

Trang 86



TO TOAN NGUYEN HIEN

PE CUONG HOC KY I, NAM HQC 2021-2022

Chii y: Trong truong hop co sé cé chita dn s6 thi: a =" < (a-1D)(M-N)=0

, s . x*-1 X242 x? x*-1
Vi du 22. Giai phuong trinh sau 2° — +2 =3" +3

b) Logarit ho4: a' =p?™ < f(x)=(log,b).g(x)

2x-1

Vi du 23. Giai phuong trinh sau 5*.2 *** =50

c) bat an phu:

t=a’™® >0

e Dang I: Pa’)=0 o {P(t) o

° Dang 2: aazf(x) + ﬂ(db)f(x) + ]/bzf(x) -0

F0)
Chia 2 v€ cho b*'™ rdi dit &n phy 1= (%}

eDang 3: /P +b/ =m v6i ab=1.Pit t=a’® =p/® ==

, trong d6 P(t) 1a da thuc theo .

t
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2 2
Vi du 24. Giai phuong trinh sau 4% "2 —9.2% "2 +8=0
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d) St dung tinh don diéu ctia ham s¢
Xét phuong trinh:  f{x) = g(x) (1)
e Dodn nhan xo 1a mot nghiém cta (1).

e Dyra vao tinh dong bién, nghich bié€n clia f{x) va g(x) d€ k&t luan xo 12 nghiém duy

nhat:

f(x) @ddng bi€n va g(x) nghich bi&n (hoic ddng bi€én nhung nghié m ngit).
f(x) don diéu va g(x) = c hing s6

Vi du 27. Giai phuong trinh sau 2* +3* =5*

e) Pua vé phuong trinh cidc phuong trinh diic biét

A=0

¢ Phuong trinh tich AB=0 < [B _0

A=0

¢ Phuong trinh A’+B’ =0 {B i

Vi du 28. Giai phuong trinh sau 8.3 +3.2* =24 +6*

A. BAI TAP TU LUAN
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Bai 1: Gidi cdc phuong trinh sau

2x
a9l g8x2 b) (3-242) =3+242 ¢) 35251 =72
x+10 x+5 2 4x+1 1 3x+2
d) 165710 =(,125.8+-15 e) (Ej =[7]

Bai 2: Giai cdc phudng trinh sau
X X
a)4" +271_g—0 b) 471 621 18=0 o) (7+4W3) +(2443) =6

d) 4cos2x +4coszx -3 e) 32x2+2x+l _28.3x2+x +9=0
Bai 3: Gidi cdc phuong trinh sau

1 1 1 _l _l _l
a) 3.16"+2.81*=5.36" ) 6.9 —13.6* +6.4% =0 d)4 “+6 x=9 x

Bai 4: (*) Giai cdc phuong trinh sau

0 (2-VB) +(2+43)" =14 b (V2:43) +(\2-45) =4
o) (3++45) +(3-45) —7.2* =0

Bai 5: (*) Gidi cdc phuong trinh sau

3 7
a) (EJ +§=2X b) 12.3° +3.15 =51 =20

B. BAI TAP TRAC NGHIEM

Cau 1: Nghiém cta phuong trinh 10°%° =8x+5 1a

A. 1 B. > C. ! D.0
2 8 4
1 X+1
Cau 2: Nghiém cua phuong trinh (Z_SJ =125" |a:
Al B. 4 C. L D. 1
4 8
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Cau 3: S6 nghiém cua phuong trinh 227° =1 Ia

A.2 B.1 C.3 D.0
Ciau 4: S6 nghiém cia phuong trinh 227 —2°> =15 13

A.3 B.2 C.1 D.0
Ciu 5: Phuong trinh 4~ + 27 =3 ¢6 hiéu cac nghiém|x, —X,| bang:

A. 2 B.1 C.0 D.-1
Cau 6: Phuong trinh 3.2* —4** —8=0¢6 2 nghiém X1, X2 va tong Xi+ Xz 1a

A.2 B.3 C.4 D.5
Cau 7: Phuong trinh 9" -3.3" +2=0¢06 2 nghiém X1, X2 .Gid tri A =2x,+3x, 1a

A. 4log, 3 B.2 C.0 D. 3log, 2

Cau 8: Goi x,,x, la 2 nghiém cua phuong trinh: 5.2% = 7.4/10* —2.5* thi x?+x? bang:

Al B.2 C. 4 D.5

X+3 x-1

Céu 9: Tong cac nghiém cua phuong trinh: 21 =5-2%1 13 :

A.0 B. 2 C. -2 D.4
Cau 10: Tong cac nghiém caa phuong trinh: 15.25* —34.15" +15.9* =0 la:

A.0 B.1 C. -1 D.2
Cau 11: Tong binh phuong cac nghiém cta phuong trinh : 8.3 +3.2% = 24+ 6" la:

A.8 B.9 C.10 D.0
Cau 12: Téng cac nghiém cua phuong trinh: 26 + 22X =5 |a;

A.2 B.3 C.0 D.1
Cau 13: Phuong trinh 8.3 +3.2" =24+ 6 ¢¢ tich cac nghiém la

A.3 B.0 C.10 D. 30
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Céau 14: Phuong trinh 9*-3.3"+2=0 c6 2 nghiém X1,X2 . Gid tri A=2x,+3x, la

A. 4log,3 B.2 C.3 D. 3log, 2
Cau 15: phuong trinh 2°°+m?-m=0 ¢4 nghiém la:

A m>1 B.0<m«<1 C. m<Ovm>1 D. m<0
Cau 16: Phuong trinh 27 —2**°* —2m =0 ¢6 hai nghiém phén biét khi:

A . m>0 B. m>-4 C. 4<m<0 D. m<—4

Cau 17: Phuong trinh 4*—m.2*"* + 2m =0¢6 hai nghiém phan biét x,,x, va x, +x, =3 khi:
3
A m=1 B. m=5 C. m=4 D_m:i

Cau 18: Tim m dé phuong trinh 4%° —2¥**2 1 6=m ¢6 dting 3 nghiém.

A.m=3. B.m=2. C.m>3. D.2<m<3.

L V. PHUONG TRINH LOGARIT ]

1. Phuong trinh logarit c¢ ban

Véia>0,a#1: log, x=b< x=ad"

Chiy:
e Khi gidi phuong trinh logarit can chii Y diéu kién dé biéu thitc cé nghia.

e N log, ¢ log, a
eViia b,c>0vaa b, c #1: a8 =%

Vi du 29. Giai phuong trinh sau log, (x2 +7x+ 19) =2

2. Mot s6 phuong phap gidi phuong trinh logarit
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a) Pua vé cung cd so

Jf(x)=g(x)

Véia>0,ax1:  log, f(x)=log, g(x) < {f (x)>0 (hodc g(x)>0)

Vi du 30. Giai phuong trinh sau log, x +1og, . x+logg x =5

b) Mii ho4 Véia>0,a#1: log, f(x)=b < a'%%S P =g

Vi du 31. Giai phuong trinh sau log,(3" —8)=2—x

¢) biit 4n phu

Vi du 32. Giai phuong trinh sau 10g§ X+ \llogg x+1-5=0

d) St dung tinh don diéu ctia ham s6
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e) Pua vé phuong trinh dic biét

f) Phuong phap doi lap

Vi du 33. Giai phuong trinh sau logs(x+3)=3—-x

e N&u f{x) dong bién (hoic nghich bié€n) thi f(u)=f(v) << u=v

2x+1

Vi du 43. Giai phuong trinh sau 2x* —8x = log, ﬁ
x—1

g) Pwa vé hé doi xirng loai 11

Vi du 35. Giai phuong trinh sau 7* =1+ 6log, (6x + 1)

A. BAI TAP TU LUAN
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Bai 1: Gidi cdc phuong trinh sau

a) log, [ x(x-1)]=1 b) log, x+log,(x 1) =1

c) log,(x—2)—6.1og, ¢ V3x—5=2 d) log,(x—3)+log,(x—1)=3
Bai 2: Gidi cdc phuong trinh sau

a) log; x+log f; x+log,; x=6 b) 1+1g(x? =2x+ 1) —lg(x? +1) =21g(1—x)

¢) log, x+1og,,c x+logg x =5 d) 2+1g(dx? —dx+1)—lg(x* +19) =21g(1-2x)
Bai 3: Gidi cdc phuong trinh sau

a) 10g2(9—2x):3—x b) 10g3(3x—8)=2—x

¢) log,(6+7 ") =1+x d) logy (4.3~ =2x-1

Bai 4: Gidi cdc phuong trinh sau

a) 10g§x+\[10g§x+1—5=0 b) 10g35x+310g2x+10g1/2x=2
2
7 2 X
C) logx2—10g4x+g=0 d) 10g14x+10g2?:8

2
Bai 5: (*) Gidi cdc phuong trinh sau :

a) log,(3—x)=x b) log, x+2.log, x =2+log, x.log, x B.
BAI TAP TRAC NGHIEM

Cau 1: S6 nghiém cta phuong trinh log, (X —6) = log,(x—2) +1 1a

A.3 B. 2 C.1 D.0
Cau 2: s6 nghiém cuia phuong trinh: log, x +log, (x+3)=1

A. 1 B. 2 C.0 D. 4

Ciu 3: Tap nghiém clia phuong trinh: log ; |x +1/=2 la:
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A. {-3,2} B. {-4:2} C. {3} D. {-10;2}
Céu 4: Sb nghiém cua hwong trinh sau 1 + 2 =11a
4—-logx 2+logx
A.2 B.3 C.1 D.0

Cau 5: Giai phuong trinh Iogz x—3.log, x+2=0. Ta c6 tong cic nghiém la:

A.6 B.3 c.2. D. 2
2 2
Ciu 6: Phuong trinh: InX+In(3x—2) =0 c6 may nghiém ?
A.0 B.1 C.2 D.3
Cau 7: Phuong trinh In(X+1)+In(x+3)=In(x+7) c6 may nghiém?
A.0 B.1 C.2 D.3
Cau 8: S6 nghiém phuong trinh log, (36 —3**) =1—x la:
A.0 B.1 C.2 D.4
Cau 9: Giai phuong trinh log, x+log, 9=3. Ta c6 tich cac nghi¢m la:
A3 B.1 C.2 D. 27
Cau 10: Phuong trinh 3.\/@— log,3x—1=0 co tong cac nghiém la:
A.81 B. 77 C.84 D. 30
Cau 11: Phuong trinh log, x —3\/@+ 2 =0 c6 tong cac nghiém 1a
3 3
s B. 2 c.2 p. 1
23 81 8 23

Cau 12: Phuong trinh  2(log, x)* —5log, (9x)+3=0 6 tich cac nghiém la:

A. B.7 C. 273 D.

N
%I|\1

27
J5
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Cau 13: Tim m d phuong trinh log? x — (m +2).log, x+3m—1=0 c6 2 nghiém X1, X2 sa0 cho
X1. X2 = 27.

28

Am==, B.ng. C. m = 25. D.m=1.

Cau 14: (Pé thi THPT QG 2017 — Ma dé 101 ciu 39) Tim gia tri thuc cta tham sé m dé phuong

trinh log’ x —mlog, x +2m—7 =0 c¢06 hai nghiém thuc x ,x, , théa man xx, =81
Am=-4 . B.m=4 . C. m=8l1. D. m=44.

Cau 15: Gia tri thuc cta tham sé m dé phuong trinh log: x —3log, x +2m—7 =0 c6 hai nghiém thuc

x,,x,, théa man (x1 + ?))()c2 + 3) =72 thu¢c khoang nao sau day

A.(0:3) . B.(3:6) . C. (-6:-3). D. (-3:0).

Cau 16: (Pé tham khao — Bd GD & PT 2020) Cho phuong trinh
log> (Zx) - (m + 2)10g2 x+m—2=0 (m tham sb). Tap hop cac gié tri ciia m dé phuong trinh c6

hai nghiém phan biét thugc doan [1;2].

A.(1:2) . B.[1:2] . C. [12). D. [2:+w0).
Céu 19: Tich tit ca cdc nghiém clia phuong trinh log, 2x—+)12 =2x% —6x+2 bang
x—1
A.%. B.g. C. 7. D. 2.

Céu 20: Tong tit ca cc nghiém ciia phuong trinh 7' =1+ 6log, (6x +1) bang

A 0. B. 1. C. 3. D. 2.
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VI. BAT PHUONG TRINH MU

e Khi gidi cdc bat phuong trinh mii ta cAn chi ¥ tinh don diéu cia hAm s& mi.
{a >1
20 5 480 | LX) >8(x)
{O <a<l
fx) <glx)
e Ta ciing thudng st dung cdc phuong phap gidi tuong ty nhu d6i v6i phuong trinh mii:
— Pua vé cling co s0. — Pit 4n phu.

Chii y: Trong truong hop co sé a cé chita dn sé thi:

a¥' >aV < (a-1)(M-N)>0

A.BAI TAP TU LUAN

Bai 1. Giai cdc bat phuong trinh sau :

5 x—‘x—l‘ Vx0-2x3+1 1-—x
a) 3V ‘“z@) b) (1] <(1j

2 2

C) 2X+2_2X+3_2X +4>5X+1_5X+2
2 2
e) 9* —3x+2 —6* —3x+2 <0

l) 2x+2+5x+1 <2x+5x+2

Bai 2. Gidi cdc bat phuong trinh sau :

a) 2.14% +3.49" -4 >0

2(x-2)

) 4¥—22"D 483" T 55

B. BAI TAP TRAC NGHIEM

d) A AL B e Y

f) 62x+3 < 2x+7.33x—1

m) 27132 > 36

oy 1,

b) 4 -2 —3<0

d) 25.2% -10" +5* > 25
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L 4
Cau 1: Tap nghiém cua bat phuong trinh (%j“ < (%j la:
A. S=(-;0) B. s=(1; %) C.5=(0;1) D. S=(2;+x)

x|
Céu 2: Giai bat phuong trinh [EJ > > Ta c6 nghiém .
A.0<x<2. B.-1<x<2. C.0<x<1 D.1<x<2,
3\ (3Y
Cau 3: Bat phuong trinh: (Zj > (Zj c6 tap nghiém la:

A. [1 2] B. [—0: 2] C.(0; 1) D. @

. . 1 Jx2-3x-10 1 X-2
Cau 4: SO nghiém nguyén cua bat phuong trinh(gj > (EJ la:

A0 B.1 C.9 D. 11

- ) 1 4x%-15x+13
Cau 5: Tap nghiém cua bat phuong trinh (Ej <2¥ la:
A. S=R B. S=Y C.S:R\{g} D.S:B;ﬂoj

Cau 6: Néu (@-ﬁ)x > /6 ++/5 thi

A x<1 B. x>-1 C. x<-1 D. x>1

x-3

x-1
Cau 7: Tap nghiém ctia bit phuong trinh (2++/3)* < (2-+/3)*3 la;

A ¢ B. R C. (-1)U(3+0)  D. (13)

3-x X+1

Céu 8: S nghiém nguyén cua bat phuong trinh (\/170—3)E > (\/170+3)m la
Al B.3 C.0 D.2

Cau 9: Nghiém cua bat phuong trinh 52 +5 <5 +5% [
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A. 0<x<1 B. 0<x<1 C.0<x<1 D. 0<x<1
— l+1
Céu 10: Tap nghiém cua bt phuong trinh (%j +3.(%)X >12 1a:
A. S=(—x;0) B. S = (—o0;—1) U (0;+00)
C. S=(0;+x) D. S=(-10)
{ VII. BAT PHUONG TRINH LOGARIT ]

e Khi gidi cdc bat phuong trinh logarit ta can chd ¥ tinh don diéu clia ham s& logarit.

{a>1
log f(x)>log g(x)< f(x)>g(x)>0
’ ¢ {O<a<l

0< f(x)<g(x)

e Ta ciing thudng st dung cdc phuong phéap gidi tuong ty nhu ddi véi phuong trinh logarit:
— Pua vé cling co sd.
— Pit 4n phu.

Chii y: Trong truong hop co sé a cé chita dn s thi:

log A

log, B

log, B>0<(a-1)(B-1)>0; >0 A-1)(B-1)>0

A. BAI TAP TU LUAN

Bai 1. Gidi cdc bat phuong trinh sau (dua vé ciing co s6):

a) log, (1-2x) <1+log & (x+1) b) log, (1-2logy x) <1
c) log,v5-x<log, (3—x) d) log, log, logs x>0
3 3 3
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1+2x
1+X

)>0 D(x2—4)10g1x>0

e) |0g£ (Ing
8 2

Bai2. (*) Gidi cdc bat phuong trinh sau (ddt dn phu):
a) log, x+2log _4-3<0 b) 1og5(1—2x)<1+1og£(x+1)
c) 2logs x—log 125<1 d) log,, 64 +log , 1623

B. BAI TAP TRAC NGHIEM

Céu 1: Tap nghiém cua bat phuong trinh log, 4x <3 1a:

A. (0;2) B. (—»;2) C. (2+») D. (0;+0)
Céu 2: Tap nghiém cua bat phuong trinh3<log, x <4 1a:

A. (0;16) B. (8;16) C. (8+x) D. R
Cau 3: Cho log,, x > log,, y. Chon khang dinh ding:

A.y>x=>0 B. x>y>0 C.x>y>0 D. y>x>0
Cau 4: Tap nghiém cia bt phuong trinh log,, (x-1)>01a

A. S=(-x;2) B. S=(12) C.S=[12) D. S=(2;+0)

Cau 5: Bit phuong trinh 2log, (4x—3)+log, (2x+3)<2 1a

3
A. F;+ooj B. (§;+ooj C. P;:%} D. F;%
4 4 4 4
Céu 6: Bat phuong trinh: log, (3x—2) > log, (6 —5x) c6 tap nghiém la:
: 6 1 :
A. (0; +) B. (1;3 C. (E;sj D. (-31)
Cau 7: Bit phuong trinh: log, (x+7) > log, (x +1) ¢6 tap nghiém la:

A. (L4) B. (5;+») C.(-1;2) D. (-0; 1)
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Céu 8: Bat phuong trinh log, X +log, X +log, X > 10g,, X ¢6 tap nghiém 1a
A. [1+) B. (0;1] C. (0;1) D. (1)
Cau 9: Tap nghiém cia bat phuong trinh log, (X +X) < 10g,,(-2x +4) la:
A. (—0—4)U(L+o)  B. (-41) C. (—o-4)u(L2) D. V6 nghiém
Cau 10: Nghiém cua bat phuong trinh 2log, (4x —3) + log, (2x+3) <2 la:
3

4 8
Aol B. 5 <x<3 C. %<x£3 D. V6 nghiém

Cau 11: Nghiém cia bét phuong trinh 1092 (X +1)~2109,(5-x) <1-log, (x-2)
A 2<X<5 B —4<x<3 C.1l<x<?2 D. 2<Xx<3

log, (x+7) > log, (x+1) tap nghiém la:

Céau 12: Bét phuong trinh:
A (i) g. (12) c. (5i+0) p. (L4)
Cau 13: Tap nghiém ctia bat phuong trinh: log, (2x —1) < -2
A. (—oo;gj B. egj C. (S?MJ D. (%;+OOJ
Cau 14: Tap nghiém cua bét phuong trinh: log, (x+2)—log, (x —2) < 2
A. (—oo;—2\/§)u(2\/§;+oo) B. (2\/§:+oo)
C. (222 D. (-2v2;-2)
Cau 15: Tap nghiém ciia bat phuong trinh: log(x* +2x —3)+log(x +3)—log (x —1) <0

A. (-4-2)u(L+») B.(-21) C. (L+x) D. &

. 3
Ciu 16: Giai phuong trinh: log, —-log, X Iog3\/-< L log VX
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A. (0;+0) B. (0;§Ju(l; +0)  C. (%;1} D. (0;2)

Cau 17: Tap nghiém cia bat phuong trinh: log, (x* —3x+2)> -1

2

A. (=2,0)U(3;+,) B. (0;1) C. (2+%) D. [0;1)u(2;3]
A A A y A . 3Xx—-5
Cau 18: Tap nghi¢m cua bat phuong trinh: log, ) <1
5 5
A. (—o;-1) B. (—1;+x) C. (—1;§j D. £§;+ooj

Céu 19: Tap nghiém cua bat phuong trinh: 2log, (4x-3)+ Iog£(2x+3) <2 la:

A (—oo;—gj B. (3;+x) C. (13] D. (4;+x)
Cau 20: Tap nghiém cta bat phuong trinh log,, (x+1)>log,, (3—x) 1a:

A. S=(-11) B. S=(1+x) C. S=(13) D. S=(13]

IX. ON TAP HAM SO

LUY THUA - MU - LOGARIT

A. BAI TAP TU LUAN

Bai 1: Gidi cdc phuong trinh sau:

a) 4712922 180 b) 4%V 0 x I NESS g
¢) 64.9% —84.12% +27.16" =0 d) 647 -2 ¥ +12=0

Bai 2: Gidi cdc bat phuong trinh sau:
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6-5x
2 \2+5x 25
5 4

) x2.57 =52 <0
Bai 3: Gidi cdc bat phuong trinh sau:

a) 4 =252 ~10" >0

1 1 1
c) 94 ¥ +56 ¥ <49 ~

Bai 4: Gidi cdc phuong trinh sau:
a) log; (3" =8)=2-x
¢) log,(2* ~)+log,(2* =7) =1
Bai 5: Gidi cdc phuong trinh sau:
2) 2(10g,¥5) ~3log, 45 +1=0
c) logg x+2log, \/;—2 =0
Bai 6*: Gidi cdc bat phuong trinh sau:

a) log, s(x* —5x+6) > -1

c) ‘log3 x‘—log3 x—3<0

B. BAI TAP TRAC NGHIEM

J5-1 /541

21 _q
2X+1

<2

+1

d) xlgz x—3lgx+l > 1000

b) 25 -5+ >50

d) 3lgr+2 <3lgx2+5 )

b) logs_, ()c2 —-2x+65)=2

d) log;(1+log,(2* -7)) =1

b) log, ; x—3,/log, ; x +2=0

d) 3+2log ., 3=2logs(x+1)

2x—-6
2x-1

>0

b) log,

d) log,, 2_—x3x >—1

Céu 1 : Ruat gon biéu thuc | = MCEgER (v6i x > 0) ta duoc :

A l=x B.l=x?

C.1=x3

D.l=x*
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20 1 4
alad+a?d

Céu 2 : Rut gon biéu thiac: J = -

173 1
a‘l a*+a*

(voia>0)ta duoc :

Al=a B.J=2a? c.J=a D.J=2a*
1 IU%Z*'OQ 2016 1
Cau 3 : Tinh gia tri cua bigu thac P = [— ta duoc :
Ja
1 1
A P=2 B'P:E C.P=-2 D'P:_E

Céu 4: Cho o = logz5 + 3logs25. Tinh gid tri cua biéu thic P = 2% ta duoc :
A.P=125 B.P =215 C.P =512 D.P =152

NN
3

L 4 5
Ciau5:Néua® >a’ va Iogbg<logbg thi

A.0<a<l1lb>1 B.0<a<1,0< b<1

C.a>1,b>1 D.a>1,0<b<1

1
Ciu 6 : Tap xac dinh cia ham s6 y=(@1-x)° 1a

A. (-o; 1) B. (1; +o0) C.R\{1} D. [1; +o0)

Cau 7: Tap xéac dinh ciia ham s6 y =log, (2x? —x—3)1a

A. (—w;—ng(l;%O) B. (- w;—l)u(gﬁoo)

o[ (29

Cau 8:Hamsb y=¢e*

A. Bong bién trong khoang (-oo; 0) B. Bong bién trong khoang (-oo; +o0)
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C. Nghich bién trong khoang (-oo; +o0) D. Nghich bién trong khoang (0; +o0)

Cau 9 : Ham sé y=1log , , . xnghich bién trong khoang (0; +0) khi :

a“-2a+l
A azlvi0<a<2 B.a>1 C.a<0 D.ailvéa>%
CAau 10 : Pao ham cta ham s§ y=x(Inx-1)1a

A. Inx-1 B. Inx C. 1—1 D.1
X

Cau 11 : Cho ham s6 f(x) =3*—2. Chon cac khang dinh diing trong cac khang dinh sau :

A. f(0)=In3 B. f'(0)=3In3 C. f'@)=In3 D. f(2)=9
~ \ £ 3 +3 A £ ovn oA . g \

Cau 12 : Chohamso f(x)= , gi4 tri nho nhat ctia ham so trén tip xac dinh 14 :
Al B.2 C.3 D.4

Cau 13 : Tap nghiém ctia phuong trinh 22 =1 1a
5 2
A. {1; 5} B. {1;5} C. {g}l} D. Y
Cau 14 : Tap nghiém cita phuong trinh log  (5x? ~21)=1 1a :
A. H5;\/§} B. {-5; 5} C. {~log,5;l0g,5) D.&
Cau 15 : Nghiém cua phuong trinh log,(log, x) =11a :
A.x=16 B.x=8 C.x=4 D.x=2

Cau 16 : Nghiém ctia phuong trinh 3*.2 -72=01a:

A.x=2 B. x=log, 72 C. x=4 D. x=8

Cau 17: Tap nghiém cua phuong trinh 3“4 =811 :

A. [1; +o0) B. {1} C. (1; +o0) D.Yg
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Cau 18: Nghiém cua phuong trinh 9 -4.3* -45=01a:

A x=2 B. x=3 C.x=l D.x=£
2 3

Cau 19 : Nghiém cua phuong trinh log, x+log,(x+2) =11a:
A. x=1 B. x=2 C. x=3 D. x=4

Cau 20 : Tap nghiém cua bt phuong trinh log, x+log, x = log, x.log, x 14 :
A. {1, 6} B. {1; 3} C. {2; logs2} D. {2; 4}
Céu 21 : Tap nghiém cua bit phuong trinh (V2] >2%1a :

A. (-3 0) B. (-o05 -8) C. (1; +0) D. (6; +x0)

Cau 22 : Tap nghiém cua bit phuong trinh %) Ia:

A. (2; +o0) B. (-o0; 0) C.(0;2) D. (0; +x0)
Céu 23 : Tap nghiém cua bat phuong trinh 2* +2°* <3* +3%13

A. [2; +o0) B. (-o0; 2] C. (2 +0) D.R

Céu 24 : Theo tong cuc théng ké, naim 2003 Viét Nam c6 80 902 400 ngudi va ti Ié ting dan
s6 1a 1,47%. Néu ti 1¢ ting dan s6 hang nim khong d6i thi ndm 2016 Viét Nam s& c6 s6 ngudi
khoang (chon dap an gan dung nhat) :

A. 97 938 868 B. 96 247 183 C. 95992 878 D. 94 432 113

Céu 25: Mot nguoi guri s6 tién 1 ty dong vao mot ngan hang véi 131 sudt 6% niam. Biét rang néu
khong rut tién ra khoi ngan hang thi cit sau mdi nam thi s6 tién 1ai duoc nhap vao vén ban dau.
Néu khong rat tién ra va lai suit khong thay dbi thi sau 5 nim nguoi d6 nhan duoc s6 tién 13
(két qua 1am tron dén hang nam).

A.1276281600 B.1350738000 C.1298765500 D.1199 538800

Céu 26: Pao ham ctia ham sd f(x) =log, (2x* +1) 14 :
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4x .
A f'(X)=—F B. Két qua kha
(X) 2 1 DIn2 ét qua khac
1 4x
C. f'()=—F7—— D. f'(x)=————
) (2x*+1)In2 ) (2x*+1)In2
R VAL
Cau 27 : Néu a®<a® va log, (v2 ++/5) <log, (v2 ++/3) thi
A.a>10<b<1 B.0<a<1b>1
C.a>1,b>1 D.0<a<1,0<bx<1
Cau 28 : Giatricua log .a (a>0va a=1)bang:
AL B.3 C.-3 D. -1
3 3

CAau 29 : Cho hai sb thyc duong a, b khac 1. Biét rang bat ki duong thang nao song song véi truc hoanh
ma Cat cac dudng y =a*,y = b* va truc tung lan luot tai M, N, A théa man AN =3AM . Tim khang
dinh dang ?

A. ab’ =1 B. ab’ =1 C. b=3a D. a’b=1

1—ab

Céu 30 : (THPT QG 2017 Cau 46 — M4 102) Cho a >0, b>0 thoa log, =2ab+a+b-3.

a+b

Gia tri nhé nhat P_ cia biéu thac P =a+2b

A p 2103 B p -N10-7
min 2 min 2
C' Pmin = 2@_1 D Pmin Z@
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CHUONG III
NGUYEN HAM, TicH PHAN VA UNG DUNG

I. NGUYEN HAM

1. Khai nié m nguyén ham

e Cho ham sd f xdc dinh trén K. Him s6 F duoc goi 12 nguyén ham cda ftrén K néu:

F'(x)=f(x),Vx e K

e N&u F(x) 1a mot nguyén ham ctia f{x) trén K thi hg nguyén ham cia f{x) trén K la:

[ fxxdx=F(x)+C,C eR.

e Moi ham s6 f{x) lién tuc trén K déu c6 nguyén ham trén K.

2. Nguyén ham ctia mdt s6 ham sé thwong gip

X

1) [ax=x+C .
Jdx=x+ 6) [a dleia+C(O<a;t1)
2) jx“dx: xH +C(a¢—1) 7) J.cosxdx:sinx+C
a+1

3) I%dx =In|x|+C

8) J.sinxdx =—cosx+C

4) j%dx=2\/}+c

9 | dx = tanx + C

2
COS X

5) J-exdx =e"+C

lO)I ! dx =—cotx+C
sin® x

Coéng thirc mé réng
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1) j(ax+19)"dx=lM

a o+l

+C(0{¢—1)

8) J.cos(ax + b)dx = lsin(ax + b)+C(a # O)
a

1 1
Z)Iax+bdx=;ln‘ax+b‘+c

9) jsm(ax +b)dx = —lcos(ax +b)+C (a#0)

a

3)J. ! dxz%\/ax+b+c

ax+b

10) Itan(ax + b)dx = —lln‘cos(ax + b)‘ +C
a

1 k(ax+h)

4) J.k(””b)dx = +C(O <k# 1) 11) Icot(ax+b)dx :%In‘sin(ax+b)‘ +C
ax+ 1 ax+ 1 1
5) je bdx:;e b+C(d¢0) 12) Imdx=;tan(ax+b)+C
6) tanxdx=—1n|cosx|+C 1 :_l
J 13) I—sinz(ax+b)dx —cot(ax+b)+C
7) J-cotxdlen‘sinx‘JrC
3. Tinh chat
o [f'(x)dx=f(x)+C o [[f)+g(0)kx = [ f(x)dx+ [ g(x)dx

o [kf(x)dx=k[ f(x)dx (k#0)

4. Phuong phap tinh nguyén ham

a) Phuong phap ddi bién so’

Né&u Jf(u)du =F(u)+C va u=u(x) c6 dao ham lién tuc thi:

Jlueolu'Cod = Fluto]+C

b) Phuong phap tinh nguyén ham tirng phan

N&u u, v 12 hai ham s c6 dao ham lién tuc trén K thi:
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Judv=uv—jvdu

VAN BE 1: Tinh nguyén ham biing céch sif dung bang nguyén ham

Bién doi biéu thicc ham s6 dé sit dung dugc bdng cdc nguyén ham co bdn.
Chii y: D& sit dung phuong phdp néy can phdi:
— Ndm vitng bdng cdc nguyén ham.

— Ndm viing phép tinh vi phan.

2 N ~ 1
Vidu 1. Tim nguyén ham cua ham s6 f(x) = X% 2B A e
X

2x 43

Vidu 4. Tim nguyén ham clia hAm s8 f(X) = ——————— ..o
sin” x.cos” x
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3x+1

(3-2x)

A. BAITAP TU LUAN

Bai 1. Tim nguyén ham clia cdc ham s6 sau:

1 2 2
a) f(x):x_2 b) f(x)zw o) f)=x+3x+4x
x x
d) f(x)=2sin2% e) f(x)=tan’x f) f(x)=cos’x
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g f(x) =;L2xz hy f=e*(e"= 1)

sin” x.cos” x
Bai 2. Tim nguyén ham clia cdc ham s6 sau:

2) £(x) =(3x-5)’ b) f() ==

Bai 3.Tim nguyén ham F(x) ca ham s8 f{(x) thoa diéu kién cho trudc:
a) f(x)=x3—4x+5; F(1)=3 b) f(x)=3—-5cosx;

e
o) flx)=" jx; Fle)=1

B. BAI TAP TRAC NGHIEM
Cau 1: Nguyén ham cta 2x(1+3x°) la:

A. xz(x+x3)+C B. x2(1+3x2)+C C. 2x(x+x3)+C
1 1
CAu 2: Nguyén ham cua el x? 3 la:
4, 2 3 IRV
A_ _X+—X+3+C B _X_+£_§+C C X+—X+3+C
3x 3 x 3 3x

Ciu 3: Nguyén ham ctia ham s f(x)=¥/x 1a:

33/_ 3x3/;

2
A. F(x)= 4" +C B. F(x)=",

i C F(x):%+c

Ciu 4: Nguyén ham ctia ham s6 f(x) = L la:

X~/ X
A. F(x):%+c B. F(x):—%+C C. F(x)=§+c

Ciu 5: I(§+\/;jdx bang:

C) f (X) — e2X+1

F(r)=2
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A.5In|x|—§\/x75+c B. —5In|x|+§\/x75+c
C. —5In|x|—§x/x_5+c D. 5In|x|+§\/x—5+c

, , 1 .
Cau 6: Neu F(x) la mot nguyén ham ctia ham s y = 1 va F(2) =1 thi F(3) bang

Al B.In> C. In2 D. In2+1
2 2
3— 7
Cau 7: Tim 1 nguyén ham F(x) cua f(x) = X > ! biet F(1) =0
X
2 2
AFp)=X_1.1 B. F) =X+ 1.3
2 X 2 2 X 2
2 2
C. Fr=X_1_1 D. Fpy=X 413
2 X 2 2 X 2

Cau 8: Mgt nguyén ham ctia ham s6: y = cos5x. cosx la:

A. F(x) = cos6x B. F(X) = sin6x
C. _l(sm6x +sm4xj D. 1(lsin 6x+£sin 4xj
2\ 6 4 2\ 6 4

Cau 9: Tinh j €0S 5x.c0s 3xdx

A. lsin8x+lsin 2x+C B. 1sin8x+lsin 2X
8 2 2 2

C. isin8x+isin 2% D. _—13in8x—lsin 2X
16 4 16

Cau 10: Ho nguyén ham cta ham s6 f(x)=cos’x 1a:

X COS2X X CO0S2X

A —+ +C B. —— +C
2 4 2 4

C. §+sm2x+C D.5_5|n2x+c
2 4 2 4
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dx
1+cosx

Cau 11: Tinh:f

A. 2tan§+C B. tan§+C C. ltan§+C D. 1tan§+C
2 2 2 2 4 2

Céu 12: Cho f'(x) =3-5sinx va f(0) =7 . Trong cac khing dinh sau khang dinh nao dung?

A. f(X) =3x+5c05X +2 B. f(%):%ﬂ
C. f(n)=3n D. f(x)=3x-5cosx

Céu 13: (d¢é Minh hoa -2016) Tim nguyén ham ctia ham s6 f(x) =+/2x -1

A. %(2x—1)«/2x—1+c B. %(ZX—l)\/Zx—leC
C. —%\/Zx—1+C D. %\/Zx—1+C

Cau 14. Tim F(X) 1a mot nguyén ham cta ham ¢ (x)= 2__ biét F1)=3
2x—1

A. 22x-1 B. V2x-1+2 C. 2J2x-1+1 D. 242x-1-1
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VAN BE 2: Tinh nguyén ham _[ f(x)dx biang phudng phap ddi bién sé

Néu f(x) c6 dang:  f(x) = g[u(x)].u'(x) thi ta ddt t =u(x) = dt =u'(x)dx .
Khi dé: If(x)dx = Ig(t)dt , trong do Ig(t)dt dé dang tim duoc.

Chu y: Sau khi tinh J'g(t)dt theo t, ta phdi thay lai t = u(x).

M#t s6 cach doi bién thwong ding

Tinh | :I f (x")x“‘ldx bat u= x"

Tinh | :jf(\/;)\/;dx Pat u= /x

f(In x)OIX

Tinh | :I <

bat u=Inx

Tinh | :If(ex)exdx Pit u=e¢*

X

x> +5

Vidu 11. Tim nguyén ham I
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2
e
\/5+2x3

Vidu 12. Tim nguyén ham I

Vidu 13. Tim nguyén ham J.In—xdx ...........................................................................................

@+1Inx)x

A. BAI TAP TU LUAN Tinh céc nguyén ham sau:

a) I(2x2+1)7xdx b) IVx2+1.xdx c)j e dx
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e’dx

YIS

3
In xdx
X

e)_[

B. BAI TAP TRAC NGHIEM

Cﬁu];jBx(2x2+1de,béng

A.| =i(2x2 +1)8 +C.
28

C.1= 3—32(2x2 +1)8 +C.

Céu 2. Tim nguyén ham cta ham s6 f(x) =

A. In|x+1+x+1+C B.

B.| = %(sz +1)8 +C.

D.| = i(2x2 +1)8 +C.
64

(x+1)2

In|x+1+C C. i+C D. In|x+1|+i+C
X+1 X+1

Ciu 3. Tim nguyén ham cua ham s6 f (x) = x(1- x*)*°

v\l _y2\10 VAV
AL o B apexpsc o) L6 D, -4=X) ¢
22 11 22
Céu 4. Tim nguyén ham ctia ham séf(x):( X 1]
X+
A. 1In‘x‘ﬁ]ﬁC B. - 31 +C C. 33 +C D. 21 +C
3 3(x°+1) (x*+1) 3(x“+1)
N .
Cau 5: | "X d4x bing:
X
3 3 3 2 3 3
A Sinx) e B2 c CSyinx) vc D. 3(Inx)’ +C
Cau 6. Tim nguyén ham ctia ham sb f(x):li5
xIn® x
A. - i’ +C . 14 +C C. 4In*x+C - 14 +C
In® x 41In” x 41n" x
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X

\J2x%2+3
A. %\/3x2+2+C B. %\/2x2+3+C C.J2x*+3+C D. 2vy2x*+3+C

dx bang:

Cau 7:_[

3

Cau 8: Tim nguyén ham ciia ham s6 f(x)=

x"+5
1 4 1 2 1 1
A. —\x"+5+C B. —Jx*+5+C C. +C D. +C
2 4 4x* +5 8Vx*+5
Cau 9:fx.exz+1dx bang:
1 2 2 2 2
A. Eex 14C B. e +C C. 2e""+C D. x?e“"+C
" e’ N
Cau IO:I ——dx, bang:
e’ +1
A.l=e"+C B.l=In(e*"+1)+C
g* .
C.l=In(———)+C D. | =In(e* +1)
e"+1
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VAN PE 3: Tinh nguyén ham biing phuong phép tinh nguyén ham titng phin

Voi P(x) la da thiic cua x, ta thuong gdp cdc dang sau:

f P(x).e"dx [P(x).cosxdx | [P(x).sinxdx | [ P(x).Inxdx
u P(x) P(x) P(x) Inx
dv e dx cos xdx sin xdx P(x)
Vidu 14. Tim nguyén ham jln XX ottt ettt aes
Vi du 15. Tim nguyén ham Ix.exdx .....................................................................................................
Vidu 16. Tim nguyén ham Ix COSXAX 1ottt sttt b ettt sttt ne e b b
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A. BAI TAP TU LUAN

Bai 1.Tinh cdc nguyén ham sau:
a) | x.sin xdx b) [ xsin 2xdx
d) f(x2 +2x +3) cos xdx e) fxsexzdx
g) I x In xdx h) f In? xdx

Bai 2. Tinh cdc nguyén ham sau:

In xdx

b
) | T
d) fx.sin\/; dx e) fsin%/;dx

a) J‘e\/;dx

o 1n(1;1 2 g h) [sin(inx)dx

c) f(x2 +5)sin xdx
f) .[x cos2xdx

) j In(x? +1)dx

c) Jsin\/; dx

f) fcos(ln x)dx
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B. BAI TAP TRAC NGHIEM
Cau 1: [xe*dx bang:

X X

A. 3(x-3)e3+C

Ciu 2: len xdx bang:

2 2
A. X—.Inx—X—+C
2 4

x*Inx  x?

B.C. - +C

Cau 3. J.2xcos2x.dx bang:

A. F(x)= xsin2x—%cost+C.
. 1
C. F(x)= —xsm2x—500s2x+C.

Ciu 4. Im—fdx bang:
X

Inx 1
A F(x)=——-—+C.
) 2x? 4x?
Inx 1
C.Fx)=———- C.
() 2x?  4x?

Caus. f(x)= _X2 bang:

A. —xcotx+In[sinx|+C

C. xcotx+In|cosx|+C

B. (x+3)e+C C. %(X—S)e3+C

X

D. %(x+3)e3 +C

B. —.Inx—X—+C
2

D. —.Inx+X—+C
4

1
B. F(x)= —xsin2x+icos2x+C.

D. F(x)= xsin2x+%cost+C.

Inx 1
B. Fx)=———+ +C.
) 2x? 4x?
Inx 1
D. F(x)=—+—+C.
) 2x%  4x?

B. —xcotx—In[sinx|+C

D. xcotx—In|cosx|+C
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VAN PI 4: Tinh nguyén ham ctia mot so6 ham sé thudng gip

C s .. _Px)
1. f(x) la ham hitu ti: f(x)= o)

— Néu bac ciia P(x) = bdc ciia Q(x) thi ta thuc hién phép chia da thifc.
— Néu bdc ciia P(x) < bdc ciia Q(x) va Q(x) ¢é dang tich nhieu nhdn tit thi ta phdn tich f(x)

thanh téng ciia nhiéu phan thitc (bdng phuong phdp hé sé bdt dinh).

2 1 A B
Chang han: = +
(x—a)x-b) x—a x-b
! __ A + Bx+C ,vo”iA=b2—4ac<0

(x—m)(ax2 +bx+c) X—m ax® +bx+c

1 A B C D
+ +

= +
(x—a)*(x—b)* X—a (x-a)* X—b (x-b)

2. f(x) la ham vo ti

max+b . _max+b

+ flx) = R(x,,/cxﬂlj — ddt t= ,/Cx+d

+ fix) = RL ! } — ddt t=Nx+a+x+b
N(x+a)(x+Db)

3. f(x) la ham lugng gidc
Ta sit dung cdc phép bién déi lugng gidc thich hop dé dua vé cdc nguyén ham co bdan. Chdng

han:
+ Néu f(x)=R(cosx).sinx thi ddtt = cosx

+ Néu f(x)=R(sinx).cosx thi ddtt = sinx

. 1
+ Néu f(x)=R(tanx).——— thi ddt t = tanx
cos™ x

. 1
+ Néu f(x)=R(cotx).— > thi ddtt = cotx
sin” x

. A dx
Vi du 18. Tim nguyén ham Iz—
x“=Tx+10
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tan xdx

COS2 X

Vidu 20. Tim nguyén ham _f
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A. BAITAP TU LUAN

Bai 1.Tinh cdc nguyén ham sau:

a) J~ dx

x(x+1)

X
Mie®

Bai 2. Tinh cdc nguyé€n ham sau:

1
a) | ———=dx
I1+3‘x+1

Bai 3. Tinh cdc nguyén ham sau:

a) fsin4 X cos xdx

d) I sin2x sin Sxdx
B. BAI TAP TRAC NGHIEM

-1 N
3 dx bang:
X+2

caulzj
A.3x+7In|x+2+C

C. 3x+In|x+2/+C

Ciu Z:f( dx bang:

x+1)(x+2)
A. In|x+1+In|x+2/+C
C. Injx+1+C
Ciu 3:jx—+ldx bang:
X2 —3X+2

A. 3In|x—2|-2In|x-1+C

b) J~ dx

(x+D(2x-3)

dx

x> —6x+9

e)j

x+1

S b

dx

sin x

b) | dx

Cos X

e) j cos x sin 3xdx

B. 3x—In|x+2/+C

D. 3x-7Injx+2|+C

+C

D. In|x+2|+C

B. 3In|x—2|+2In|x-1+C
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C. 2In|x-2|-3In|x-1+C D. 2In|x—2|+3In|x-1|+C

Céu 4:jﬁmdx bang:

A X2l c B. 6 X=2|+cC
X+1 x+1
c. imX=3c D. —Im[X=2,c
6 [x+1 6 |x+1

Céu 5. Tim nguyén ham cua ham s6 f(x) = cosx.sinx

| 3 | 1. 3
A. gcos x+C B. —cos”’ x+C C. —gcos x+C D. gsm x+C.
Céu 6. Tim nguyén ham ctia ham sé f (x) = tan2x

1
A. 2In|cos2x|+C B. 5 In|cos2x|+C
1 1 .

C. - In|cos 2x|+C D. Eln|5|n2x|+C
Céu 7. Tim nguyén ham ctia ham s6 f (x) =sin® x.cosx

H) H) 6 6
A SIUX g _SIX C. 00X D 0% |
Cau 8. Tim nguyén ham ciia ham s f (X) = sin®.cos®x

15 1. s 15 1. s
A. =sin” x ——sin’ x+C B. ——sin” x+—sin” x+C

3 5 3 5
C.sin®x —sin®x + C D. Dap 4n khac.
Cau 9. Nguyén ham cia ham s6 f(x):_cos—h la

sin x — cos x

A. F(x)=—cosx—sinx+C. B. F(x)=cosx+sinx+C.
C. F(x)=cosx—sinx +C. D. F(x)=—cosx+sinx+C.
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Céu 10. Tim nguyén ham ctia ham sé f(x) =

A.Inlsin x —cosx|+C

C.In|sin x+cosx|+C

Céu 11. Nguyén ham ctia ham sé f(x) =

A. F(x)= é.tanﬁ x+C.

C. F(x) =é.tan5x+C.

Cau 12. Nguyén ham cia ham s6 f(x) =

A. F(x)=+2In[l-tanx|+C.

C. F(x)= 1n\1—tanx\+c.

sin X —cos X
Sin X + COSX

B.—In]sinx—cosx|+C
D.—In|sin x+cosx|+C

sin’ x .
- la
CcoS’ x

B. F(x)= %.tan6 x+C.

D. F(x) =é.tan5x+C.

! la

T
COSX.COS(X + 4}

B. F(x) :—\/Eln‘l—tanx‘+C.

D. F(x)=—3In[l-tanx|+C.
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[ HINH HOC ]

[ CHUONG I: KHOI PA DIEN ]

ON TAP KIEN THUC CcU

1. Hé thire lwong trong tam gidc vuong : cho AABC vudng & A ta c6 :

a) Dinh ly Pitago : BC? = AB* + AC?

A
b) BA’=BH.BC; CA*=CH.CB . b
c) AB.AC=BC.AH ; AH?=BH.HC
H\M
g L_ 1,1 B L - e
AH? AB* AC
e) BC=2AM
f) sinB:E, cosBzg, tan Bzg, cotB ="
a a C b
2. H¢ thac lwong trong tam gidc thwong:
* Pinh 1y ham s6 Cosin: a%®=b?+ c?- 2bc.cosA
* DPinh Iy ham s6 Sin: 2 b °__2R

sinA:sinB:sinC B

3. Cac cong thire tinh dién tich.

a. Cong thirc tinh dién tich tam gidac

1) S= %.a.ha 2) S= %a.bsinC 3) S= 2’—? (R : ban kinh duong tron ngoai tiép)
’ , . . s L= K . a+b+C
4) S = p.r(r:ban kinh duong tron ndi ticp va p= > )
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5) S=./p.(p-a)(p-b)(p—c) (Cong thirc HE — Rong)

Dac bigt :

1
AABC vuong 5 A: S =2 AB.AC

a?/3

4

AABC déucanha; S =

Puong cao tam giac déu canh a =

a3

2

Puong chéo hinh vuéng canh a = a\/g

DPuong cao tt dién déu canh a =

a6

3

Duong chéo hinh 1ap phuong canha = a\/g

DPuong chéo hinh hop chit nhat c6 3 kich

thuéc a, b, ¢ bing: Va’ +b° + ¢’

b/ Dién tich hinh vuong:

S =canh x canh

¢/ Dién tich hinh chir nhat:

S = dai x rong

d/ Dién tich hinh thoi:

S = — tich 2 duong chéo

| —

e/ Dién tich hinh binh hanh:

S = day x chiéu cao

f/ Dién tich hinh thang:

1 5
S= > (day 16n + day nho) x chicu cao

g/ Dién tich hinh tron :

S=7x.R?
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BAI 1-2:
KHAI NIEM VE KHOI PA DIEN
KHOI PA DIEN LOI - KHOI PA DIEN PEU
A.TOM TAT LY THUYET

1/ Khoi da di¢n

Hinh da dién (goi tit 1a da dién) (H) 1a hinh dugc tao bd1 mot s6 hitu han cac da giac thoa
man hai tinh chét sau.

a) Hai da gidc phdn biét chi cé thé hodc khéng c6 diém chung, hodc chi ¢6 mét dinh chung,
hodc chi co mot canh chung.

b) Méi canh ciia da gidc nao ciing la canh chung ciia ding hai da gidc.

2/ Khoi da dién 16i :Khbi da dién (H) dugc goi 14 khéi da dién 16i néu doan thang nbi hai
diém bat ki cua (H) luon thudc (H). Khi d6 da dién giéi han (H) duoc goi 1a da dién 16i

3/ Khéi da dig¢n déu. Cho khoi da dién déu {p;q}, chi so p 1a s6 canh ctia mdi mat va q 1a

s& mat & mdi dinh.

S6 | S6 | S6 | S6 mat | S6 truc

Tén da diéen | Loai dinh| canh mat| d.xiing | d.xiing

Tit dién déu | {3;3} 4 6 4 6 3
H.lap phuong | {4;3}| 8 12 | 6 9 9
Bat dién déu | {3;4}| 6 12 | 8 9

12 mat déu | {5;3} 20 30 | 12 15

20 mat déu | {3;5} 12 | 30 | 20 15

Goi D, C, M 1a sb dinh, s canh, s6 mit caa khéi da dién déu, ta co:

M.p=2C=gD,D+M=2+C
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B. BAI TAP TRAC NGHIEM

Cau 1. Cho cac hinh khdi sau

Hinh 1 Hinh 2 Hinh 3 Hinh 4

MJi hinh trén gom mot s6 hitu han da giac phang (ké ca cac diém trong cua no), hinh da

dién la:

A. Hinh 1 B. Hinh 2. C. Hinh3. D. Hinh 4.

A. B. C. D

/ L A7
f I
rd 1+ g~ i j

Hinh 3 Hinh 4

Ciu 2. Vit thé nao trong cac vat thé sau khong phai 1 khoi da dién ?

Hinh 1 Hinh 2

A. Hinh 2. B. Hinh 4. C. Hinh 1. D. Hinh 3.
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Cau 5. Hinh da dién trong hinh v€ bén c6 bao nhiéu canh

A. 14 B. 20 C.12 D. 16

Céu 6. Ménh dé nao sau day la sai ?

A. Hai mat phan biét ctia hinh da dién ludn c6 mot canh chung.

B. Hai mat phan biét ciia hinh da dién c6 thé khong co diém chung.

C. Hai mit phan biét ctia hinh da dién c6 thé chi c6 mét dinh chung.

D. Mdi canh cua hinh da dién 1a canh chung ctia dung hai mit cta da dién do.
Céu 7. Cho mot hinh da dién. Ménh dé nao sau day 1a sai ?

A. Mdi dinh 1a dinh chung cuta it nhat ba canh ~ B. M&i dinh 1a dinh chung cua it nhat ba mat
C. Mai canh 1a canh chung cua it nhat ba mit  D. Mi mit c6 it nhét ba canh
Cau 8. Mot khéi chop co day 1a da gidc n canh. Ménh dé nao sau day sai ?

A. S& mit va sb dinh bang nhau B. Sb dinh caa khéi chop bang n+1
C. S6 canh cua khéi chép bang 2n D. S6 mat cua khéi chéop bang n

Céu 9. Cho mot hinh da dién c6 cac mat 1 hinh tam giac, goi M 1a sé mat va C 1a sé canh cua

hinh da dién d6 . Ménh dé nao du6i day ding
A.3C=2C B.C=M+2 C.M>C D.3M =2C

Céu 10. Cho mot hinh da dién, goi D 1a s6 dinh, M 1as6 mit va C 1a sb canh caa hinh da dién

d6. Ménh dé nao duéi day diing
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A.D>4,M>4,C>6 B. D>5 M>5C>7

C.D=24,M=>4,C=>6 D.D>5M>5,C>7

Cau 11. M6t hinh lang tru c6 24 dinh s€ ¢6 bao nhiéu canh ?

A. 36 canh B. 48 canh. C. 24 canh D. 36 canh

Céau 12. Hinh chop tir gidc déu c6 bao nhiéu mat phang di xang ?
A. 4 mat phang B. 1 mat phang. C. 2 mit phang D. 3 mit phang
Céau 13. Hinh hop chit nhat ¢6 ba kich thudc doi mot khac nhau c6 bao nhiéu mat phang ddi xang ?
A. 4 miat phang B. 3 mat phang. C. 6 mit phang D. 9 mit phang
Cau 14. Hinh lang try tam giac déu c6 bao nhidu mat phang d6i xtng ? (Dé 103-23)
A. 4 miat phang B. 1 mat phang. C. 2 mit phang D. 3 mit phang

Céiu 15. Hinh chop tr gidc déu c6 bao nhiéu truc ddi xang ?

Al B.3 C. 4 D.0

Cau 16. Hinh da dién nao dudi day khong c6 tam ddi xing

A.Tadiéndéu  B. Bat dién déu C. Hinh lap phuong D. Ling tru luc giac déu

Cau 17. Lap ghép hai khéi da dién (H1) va (Hz) dé tao thanh khéi da dién (H), trong d6 (Hz)
1a khéi chop ttr gide déu co tat ca cac canh bang a. (H2) 1a khdi tir dién déu canh a sao cho mot
mat cua (H1) tring véi mot mat caa (Hz) nhu hinh vé. Hoi khéi da dién (H) c6 tat ca bao nhiéu
mat ?
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A.5 B.7 C.8 D.9
Céu 18. Mit phang (4B°C’) chia khéi lang tru ABC.4A’B’C’ thanh cac khdi da dién nao ?
A. Mot khéi chop tam giac va mot khéi chop ngil giac.

B. Mot khdi chop tam giac va mot khdi chop tir giac.

C. Hai khdi chop tam giac.

D. Hai khéi chop tir giac.

Cau 19. Ménh d& nao dudi day sai?

A. Hinh tao béi hai tt dién déu ghép voi nhau 1a mot da dién 16i.

B. T dién 1a da dién 15i.

C. Hinh lap phuong la da dién 16i

D. Hinh hop 1a da dién I6i.

Céu 20. Hinh ndo duéi day khéng phai hinh da dién 1i

A |
.n“" . |
| |
] |
1
[ S Sy ' ’..‘*“_“‘
Hinh 1 Hinh 2 Hinh 3 Hinh 4

A. Hinh 1 B. Hinh 2 C. Hinh 3 D. Hinh 4

Cau 21. Cho c4c hinh khdi sau
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___________________

Hinh 1 Hinh 2 Hinh 3 Hinh 4
MB5i hinh trén gdm mét s6 hitu han da gide phing (ké ca cac diém trong cia nod), s6 da
dién 161 1a:

A.l B.2. C.3 D. 4

Cau 22. Khéi da dién déu loai {5;3} c6 tén goi la:

A. Khdi lap phuong B. Khéi bat dién déu

C. Khéi muoi hai mat déu D. Khéi hai muoi mat déu.

Cau 23. Cho khdi hai muoi mat déu thuoc loai {p;q}. Tinh p —q

A.?2 B. 1. C.—2 D.-1

Cau 24. Khdi da dién déu nao sau day cé cac mat khong phai 1a cac tam giac déu
A. Khéi mudi hai mat déu B. Khéi hai muoi mat déu
C. Khdi ta dién déu D. Khéi bat dién déu

Céu 25. Tam tit ca cic mit cia mot hinh 14p phuong 1a cac dinh cta hinh nao trong céc

hinh sau ?
A. Bt dién déu B. Tadiéndéu  C. Luc giac déu D. Ngii giac déu

Céu 26. Cac khoi da dién déu ma mdi dinh ciia n6 déu 1a dinh chung cua ba mit thi s6 dinh

D va s6 canh C cua cac khéi da dién d6 ludn théa man:
AD=C-2 B.D>C C.3b=2C D.3C=2D
Céu 27. Tong cac goc cua tat ca cac mat cua khdi da dién déu loai {4; 3} 1a:

A. 1T B. 8% C.12n D.10 &
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Céu 28. Tong d6 dai d cua tat ca cac canh ciia mot khdi mudi hai mit déu canh bang 2
A.d=8 B.d=16 C.d=24 D.d=60

Céu 29. (P& 104-23) Cho hinh bat dién déu canh a . Goi S 1a téng dién tich tit ca cac mat

cta hinh bat dién d6. Ménh dé nao dudi ddy ding ?
A. S =443a2 B. S =+/3a2 C. §=2\3a D. § =8a

Céu 30. Trong khong gian chi c¢6 5 loai khéi da dién déu nhu hinh v&

A. Moi khéi da diéndéu c6 sé mat la nhitng sé chia hét cho 4

Ménh dé nao sau day dang

B. Khéi 1ap phuong va khéi bat dién déu c6 cung sb canh
C. Khéi tir dién déu va bat dién déu c6 1 tam ddi xang

D. Khéi 12 mat déu va khdi 20 mat déu cé cang sé dinh
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[ BAI3: THE TiCH KHOI PA DIEN

]

A.TOM TAT LY THUYET

B:di€n tich ddy;

THE TICH KHOI LANG TRU: Vi R
h: chiéu cao

THE TICH KHO| HOP CHU NHAT: Véi a, b, ¢ 1a ba kich thudc

THE TICH KHO\ L4P PHUONG: Véi a 1a o dai canh

{B : di€n tich ddy

h: chiéu cao

THE TICH KHOI CHOP: v:% Bh| Véi

TI SO THE TICH TU DIEN: Cho khoi t dién SABC va A’, B’, C’ 1a cac diém tuy y 1an

A ) VSA'B'C' _ SA'SB'SC
luot thude SA, SB, SCtaco: 7, SA SB SC

SABC

* Mot s6 dang hinh thwong gip:

S

Hinh chép day tam giac Hinh chop day tir giac Hinh chép day hinh thang
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S

S
D
A C
B C
B

Hinh chop co6 day la hbh, ht, hen, hv Hinh chop day tam giac co SA 1 day

‘D
B C

Hinh chop day hinh thang co SA 1 day Hinh chop day la hbh, ht, hen, hv co SA L day

A B
A B ;
C D ! C
A B
A \ / B’ Rl R
c D I
Lang tru dung tam giac Hinh hop chir nhat Hinh lap phuong
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B. BAI TAP TU LUAN
Bai 1: Cho khéi chop S.ABC c6 day ABC la tam giac vudng tai A, canh SB L (ABCD). Biét
AB = 3a, AC = 4a, SC = v29a. Tinh thé tich khi chép S.ABC. Bs: V, .. =4d’

.ABC

Bai 2: Cho khdi chép S.ABC ¢ dudng cao SA = a, day 1a tam giac vudng can, AB = BC = a.
B’ 14 trung diém ciia SB va C’ 14 chan dudng cao ha tir A cua tam giac SAC.

3

a. Tinh thé tich khdi chop S.ABC. bs: V, .. = %
b. Chitng minh: SC L (AB'C")

3
c. Tinh thé tich khéi chép S.AB’C”. Ps: V0 = §_6

Bai 3: Cho hinh chép S.ABC, c6 day ABC la tam giac déu canh bang a, SA L (ABCD)va SA =
2a. Goi E, F lan luot 13 hinh chiéu vudng goc cta diém A trén canh SB, SC.

3
a. Tinh thé tich khéi chép S.ABC. Ps: V. f‘f
, 2 ., I 8a3\/§
b. Tinh thé tich khoi chép S.AEF. Dbs: V., :T
16

c. Tinh ti 6 thé tich cua hai khdi chop S.AEF va ABCEF.  Ds: o

Bai 4: Cho khdi chop tam giac déu S.ABC c6 canh day bang a. Cac canh bén tao véi day mot

3
g6c 60°. Tinh thé tich khdi chop S.ABC. Ps: V., = a3

S.ABC — 12

Bai 5: Cho khéi chop déu S.ABC c6 canh day bang 2a. Goc tao boi canh bén va ddy mot goc

3
30°. Tinh thé tich khéi chop S.ABC. Ps:V, = a'2y3

S.ABC ~
9

Bai 6: Cho khi chép déu S.ABC c6 canh day bang 2a, canh bén bang 2a. Tinh thé tich cua

3
khéi chop S.ABC. Ps: v =2 22

S.ABC — 3
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Bai 7: Cho khdi chop déu S.ABC c6 canh day bang a. Goc tao boi mit bén va day mot goc 60°.

3
Tinh thé tich khbi chép S.ABC. Ps: V, . = %
‘e , 2 Ly s 2r 4rn A , M a3\/5
Bai 8: Tinh thé tich khoi tir dién déu ABCD cé canh banga. Ps: Vv, , .= ST

Bai 9: Cho khéi chép tam giac déu S.ABC, c6 day ABC la tam giac déu canh bing a, canh bén
bang 2a. Goi |, J lan luot 13 trung diém cua canh SA, SB.

3
a. Tinh thé tich khéi chop S.ABC. Dbs: V. =af
3
b. Tinh thé tich khdi chép S.IJC. Ps: V, .= - jgﬁ

Bai 10: Cho hinh chép S.ABC c6 day 1a tam giac déu canh a, tam giac SAB vudng can tai S va
nam trong mit phang vudng goc voi day. Tinh thé tich khbi chop S.ABC.
Bai 11: Cho khéi chop S.ABCD c6 ddy ABCD 1a hinh vuong canh bang a. Canh SA vudng vi

3
day va SC = 2a. Tinh thé tich hinh chép S.ABCD. Ds: V. &

S.ABCD — 3

Bai 12: Cho khdi chép S.ABCD c¢6 day ABCD la hinh vudng canh bang 2a. Canh SB vudng

3
Véi ddy va SC = 3a. Tinh thé tich hinh chép S.ABCD. Ps: V., = 4a'\s

S.ABCD 3

Bai 13: Cho khdi chop S.ABCD c6 day ABCD 1a hinh vudng canh bang 2a. Canh SB L (ABCD)
va SD = 3a.

a. Chung minh Cac mat bén cua hinh chop la cac tam giac vuong.

3
b. Tinh thé tich khéi chép S.ABCD. Ps: V, 4a

S.ABCD 3

Bai 14: Cho khdi chop S.ABCD ¢6 ddy ABCD 14 hinh thoi va canh AC = 2a, BD = a. Canh
SA 1 (ABCD) va SA =2a.

3

a. Tinh thé tich khéi chép S.ABC. Ds: V a

S.ABC — ?

b. Chitng minh: (SBD) L (SAC)
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Bai 15: Cho khéi chop S.ABCD c6 ddy ABCD 1 hinh vudng canh bang a. Canh SC L (ABCD)
va SA tao véi day goc 30°,

a. Ching minh Cac mat bén ctia hinh chép la cac tam giac vuong.

b. Tinh thé tich khéi chép S.ABC. Ps:y .6

S.ABC 18

Bai 16: Cho hinh chop déu S.ABCD c6 anh day bang a. Goc SAC = 45°. Tinh thé tich hinh chop

3
S.ABCD. Ps: V a2

S.ABCD —
6

a6

Bai 17*: Cho h/chép ti gidc déu S.ABCD c6 canh day bang a, canh bén bang —~ vaHla
tam cua day.
a. Chung minh SH L (ABCD).

3

b. Tinh thé tich hinh chép S.ABCD. Ds: V. =2

S.ABCD — o
3

Bai 18*: Cho hinh chép tir giac déu S.ABCD, c6 canh ddy bang a va mit bén tao véi day goc

45°. Tinh thé tich khdi chop S.ABCD. Ps:V,, =—

Bai 19*: Cho hinh chop t& gidc déu S.ABCD, c6 canh day bang a va canh bén tao véi ddy goc
60°. Tinh thé tich khéi chép S.ABCD. Ps:y  _a\6

S.ABCD ~—
6

Bai 20*: Cho hinh chop tr giac déu S.ABCD, c6 canh ddy bang a va canh bén bang b. Tinh thé

tich khdi chop S.ABCD. Ps: a4 —2a’
S.ABCD 6

Bai 21*: Cho hinh chop S.ABCD c¢6 day 1a hinh vudng; canh BD = 2a. Tam gidc SAB vudng

tai S va nim trong mit phing vudng goc vai day, SC= a+/3 . Tinh thé tich khdi chép S.ABCD

3
Ps: 2 V3
3
Bai 22: Cho hinh ling tru tam giac déu ABC.A’B’C’ ¢6 canh day 1a a2 va AA'=a5.
3
Tinh thé tich khoi ling tru ABC.A’B’C’. Ps: 2 f?
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Bai 23: Cho hinh lang tru ding ABCD.A’B’C’D’ ¢6 day 1a hinh chit nhat véi AB = a
AD =a+/3 va AC'=a+/5. Tinh thé tich khéi ling tru ABCD.A’B’C’D’ Ds: a°+3

Bai 24: Cho hinh ling tru ABC.A’B’C’ ¢6 day 1a tam giac déu canh a. Hinh chiéu cua dinh A
trén (A’B’C’) 1a trung diém H cua A’B’. Géc gitta AC’ va day (A’B’C’) bang 60°. Tinh thé
3a°\/3

tich khéi ling try ABC.A’B’C". Ds: 5

Bai 25: Cho hinh ling tru ABC.A’B’C’ ¢6 day la tam giac déu canh 2a, canh bén bang a+/3.
Hinh chiéu vudng goc ciia A’ trén (ABC) tring voi trung diém cua AB. Tinh thé tich khdi
lang tru ABC.A’B’C’ Ds: a°\/6

BAI TAP Ti SO THE TiCH (NC)

Bai 1. Cho khéi chép tam giac S.ABC, trén 3 duong thang SA, SB, SC lan luot liy 3 diém A”,
B’, C’ khac S. Goi V va V” lan lugt 1a thé tich cac khdi chop S.ABC va S.A’B’C’. Chang minh
.V _SA SB SC

V' SA"SB''SC'
Bai 2 .Cho khéi chop S.ABC c6 dudng cao SA = a, ddy la tam giac vudng can c6
AB = BC = a. Goi B’ 1a trung diém SB, C’ 1a chan dudng cao ha tir A ciia tam gidc SAC
a.Tinh thé tich khdi chép S.ABC
b.Tinh thé tich khdi chép S.AB’C’
Bai 3 *. Cho khdi chop S.ABCD c6 day 1a hinh binh hanh, M 1a trung diém cia SC. Mt phang
(p) di qua AM va song song voi BD, chia khoi chop thanh 2 phan. Tinh ti s thé tich hai phan
do.
Bai 4*. Cho khéi chop ttr giac déu S.ABCD. Goi () 1a mat phang qua A, B va trung diém M
cua SC. Mat phang (« ) chia khoi chop thanh 2 phan. Tinh ti so thé tich cta hai phan do.
Bai 5*. Cho hinh chop tam giac déu S.ABC c6 d6 dai canh day a. Goi M, N lan luot 13 trung
diém SB, SC. Tinh th¢ tich S.AMN bi¢t rang mp(AMN) vudng goc vai mp(SBC)

DE ON TAP HINH HOC CHUONG I

DE 1:

Bai 1 : Cho hinh choép tam giac SABC c6 mat day ABC la tam giac vudng can tai A, SB
vudng goc v6i mat day biét BC=a~/2 .Géc giita canh SA va mat day bang 60°.

a.Tinh chiéu cao cua hinh chép SABC.

b.Tinh thé tich khdi chop SABC.
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c. Goi M la trung diém cua SB. Tinh thé tich khbi chop SMAC.
Bai 2 Cho hinh ling try tam giac ABC.AB'C  c6 mit day ABC la tam giac déu canh a,
AH L (ABC) sao cho H la trung diém ciia AC, biét AA = a.

a.Xac dinh goc gitta AA va mat day (ABC).

b.Tinh thé tich khéi lang try ABC.AB'C".
PE SO 2:

Caul Cho hinh chop S. ABC c6 day ABC la tam giac vuong tai C. Canh bén SA
vudng goc voi mit phang day. SA = BC, biét CA = 3a, BA = 5a; Tinh thé tich cua S.ABC.

Cau 2 . Cho hinh chép S.ABC c6 day ABC la tam gidc vudng cén tai A, canh BC = av/2 ,
canh bén SA vudng goc voi mit phang day ; mit bén (SBC) tao véi mat day (ABC) mot goc
bang 45° .

a) Tinh thé tich khdi chép S.ABC.
b) Tinh khoang cach tir A d&én mat phang(S BC).
PE SO 3:

Cau 1 Cho hinh chép S. ABC c6 day ABC la tam giac vudng can tai A. Canh bén SA vudng
gbc v6i miat phang day. SA = AB = 2a. Tinh thé tich ctia S.ABC.

Céu 2 .Cho hinh chdp S.ABC c6 tam giac ABC déu canh 2a, canh bén SA vudng goc véi mat
phing ddy va SA = a+/3 . Goi M,N lan luot 14 trung diém caa AB va AC.

a) Tinh thé tich khéi chop S.AMN.
b) Tinh khoang cach tir A dén mat phang(SMN).
PE SO 4:

Cau 1. Cho hinh chop S. ABC c6 day ABC la tam giac vuong tai A. Canh bén SA vuong
gdc v6i mat phang day. SA = AB = 2a, BC = 3a.Tinh thé tich cia S.ABC.

Ciu 2 .Cho lang try ditng ABC.A'B/C’ ¢6 day ABC 1a tam gidc vudng tai A, AB = a, AC =
a3, canh AB’ tao véi mit day goc 30°.

a)Tinh thé tich khéi lang tru.

Trang 143



TO TOAN NGUYEN HIEN PE CUONG HOC KY |, NAM HQC 2021-2022

b) Tinh khoang cach tir C dén mat phang(ABC”)
PE SO 5:

Cau 1 Cho hinh chép S.ABC c6 tam giac ABC vudng tai B, AB = a2, AC =a+/3, canh
bén SA vudng goc véi mat phang day va SB = a+/3 .Tinh thé tich khbi chop S.ABC

Cau 2 . Cho lang try ding ABC.A'B/C/ c6 ddy ABC la tam gidc vudng tai B, AB=a, BC =
a2 , mit bén (A/BC) hop véi mit day (ABC) mot goc 30° .

a) Tinh thé tich khéi ling tru.
b) Tinh khoang cach tir A dén mit phang(A’BC)
PE SO 6:
Cau 1. Cho hinh chép S.ABC c6 tam giac ABC vudng cin tai B, AC = a+/2, canh bén SA

vudng goc v6i mit phang day va SB = a3 .Tinh thé tich khéi chép S.ABC ;

Cau 2 . Cho ling tru ABC.A'B/C' ¢6 day ABC la tam gidc déu canh 2a+/3 , hinh chiéu vuong
goc ciia A’ 1én mat phiang (ABC) tring véi trong tim H cta tam giac ABC, canh A/A hop voi
mit day (ABC) mot goc 30°.

a)Tinh thé tich khéi lang tru.
b) Tinh khoang cach tir A d¢én mit phang(A’BC).
Cau 3: Cho lang tru ABC.A’B’C’ c6 day ABC la tam giac vudng tai A, AC= 2AB.
Biét A’A=A’B=A’C=avaA’A hop véi day mot goc 60°,
a) Ching minh (A’BC) vudng goc vai (ABC).
b) Tinh thé tich ling tru ABC.A’B’C".
C. BAI TAP TRAC NGHIEM
I/ THE TiCH KHOI CHOP
1/ KHOI CHOP CO CANH BEN VUONG GOC VOI DAY

Cau 1. Cho khéi chép SABC c6 SA L(ABC), tam gisc ABC vudng tai B, AB=a,AC =av3.
Tinh thé tich khbi chép SABC biét ring SB =a+/5
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3 3 3 3
a2 Ba\@ C.a\@ D.a\/175

A. .
3 4 6 6

Ciu 2: Cho khdi chép SABC c6 ddy ABC 1a tam gidc déu canh a. Hai mat bén (SAB) va
(SAC) clng vudng géc véi day. Tinh thé tich khdi chop biét SC =a+/3

2a°/6 5 a6 c a3 D a3

A.
9 12 4 2

Cau 3: Cho hinh chép SABC c6 day ABC la tam giac vudng can tai B voi AC = a biét SA
vudng goc voi mp(ABC) va SB hop voi ddy mot goc 60°. Tinh thé tich hinh chép

3 3 3 3
2’6 g 33 c. a6 D, &6

A.
24 24 8 48

Ciu 4: Cho hinh chép SABC c6 day ABC la tam giac déu canh a biét SA  vudng goc véi
day ABC va (SBC) hop véi ddy (ABC) mot goc 60°. Tinh thé tich hinh chop

a’\/3 5 a’\/3 a’\/3

8 12 4

A

3
c.t D.
4
Céu 5: Cho hinh chop tam giac SABC c¢6 canh ddy AB=2a, BC=3a; Géc giita AB va BC bang
60°. Tinh theo a thé tich khdi chép SABC biét SA vudng goc véi ddy va SA=4a
A. 24/3a° B. J/3a° C. 4/3a° D. 2a°

Céu 6: Cho hinh chop tam giac SABC c6 canh ddy AB=AC=2a, BC=3a; Tinh theo a thé tich
khdi chop SABC biét SA vudng goc véi day va SA=3a

3 3 3 3
A. ‘/fa B. Jlfa C. 3a2ﬁ D. 3a4ﬁ

Céu 7: Cho hinh chép tam giac SABC c6 day ABC 1a tam giac déu canh bang a; Tinh theo a
thé tich khéi chop SABC biét SA vudng goc véi day va SA= +/3a
3a° 3

A — B. a

a3
C. 3a° D. —
2 4

Céu 8: Cho hinh chop tam giac SABC c6 AC=3a, AB=4a, BC=5a; Tinh theo a thé tich khoi
chop SABC biét SA vudng goc véi day va SA=2a

A. a’ B. 2a° C. 4a° D. 6a°
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Cau 9: Cho hinh chép tam gidc SABC c6 ABC la tam gidc vuong tai A; AB=AC=a; Tinh
theo a thé tich khéi chop SABC biét SA vudng goc véi day va SA=2a

3 3
A a° B. & c. & D. 3a°
6 3

Cau 10: Cho hinh chop SABC c¢6 day la tam giac vuéng can tai C, canh SA vudng goc voi
mit day, biét AB=2a, SB=3a; Thé tich khdi chép SABC 1a V. Ty sb i—y c6 gia tri 1a.

E 5. 85 c. M5 p, 3

3 3 3 3
Cau 11: Cho hinh chép SABCD c¢6 day ABCD la hinh vuéng canh a+/5. SA vudng goc véi
day. SA =2a+/2 . Tinh theo a thé tich khdi chép SABCD.

3 3 3
102°V2 B 2 2 C. 522 D. 2 V10

A.
3 3 3

Cau 12: Cho hinh chép SABCD c6 day ABCD la hinh vudng c6 canh a va SA vudng goc
day ABCD va mit bén (SCD) hop Véi day mot goc 60°. Tinh thé tich hinh chop SA BCD

3 3 3
a’V3 g, 22°V3 c. &3 D. a°\3

3 3 6

A

Cau 13: Cho hinh chop SABCD c6 day ABCD Ia hinh vuéng va SA vudng goc véi day. Goc
giita SB va day bang 60°. SA= 2a; Tinh theo a thé tich khéi chép SABCD

3 3
A. 3a° B. 8% C. 8a° D. 8%

Cau 14: Cho hinh chép SABCD c6 ddy ABCD Ia hinh vudng va SA vuong goc véi day.
SA=3a. Goc gitra mit phang (SBC) va day bang 30°. Tinh theo a thé tich khdi chép SABCD

A. 9a° B. a° C. 3a° D. 27a°
Céu 15: Cho khdi chép SABCD c6 day ABCD 14 hinh chita nhat tim O, AC=2AB=2a, SA

vudng goc v6i day. Tinh thé tich khbi chop biét SD =a/5

3 3 3
a5 g, &1 C. %6 p, &6

3 3 3

A
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Ciu 16: Cho khéi chop SABCD c¢6 ddy ABCD 1a hinh chit nhat biét raing SA L (ABCD),
SC hop vé6i day mot goc 45° va AB = 3a, BC = 4a. Tinh thé tich khéi chop

10a+/3

3

A. 20a° B. 40a° C. 10a° D.

Céu 17: Cho hinh chép SABCD c6 day ABCD 1a hinh thoi canh a; Goc A bang 60°. SA
vudng goc voi ddy. Goc gira SC va day bang 60°. Tinh theo a thé tich khdi chop SABCD

a\3

2

A. a° B. 2a° C. 4a° D.

Ciu 18: Cho hinh chép SABCD c6 ddy ABCD 1a hinh thoi canh a; Goc A bang 60°. O 14 tim
hinh thoi. SA vudng goc voi day. Goc gitta SO va day bang 45°. Tinh theo a thé tich khoi
chép SABCD

3 3
A al B. & c. & D. 2a°
4 2

Ciu 19: Cho hinh chép SABCD c6 ddy ABCD la hinh thang vudng tai A, B biét AB = BC =
a, AD = 2a. Cho SA vuong vdi mat day va canh bén SC hop véi day mot goc béng 60°. Tinh
thé tich hinh chop

a6 a6 c a®\15 a6

A.
2 6 6 3

Céu 20: Cho hinh chép SABCD c¢6 day ABCD 14 hinh thang vuéng tai A, D biét AD = CD =
a, AB = 2a; Cho SA vuédng goc véi day va SD hop Vvéi ddy mot goc bang 30=. Tinh thé tich
khdi chop 1a:

3 3 3 3
A 26 g, 23 c. 223 D &3
3 6 3 6
2/ KHOI CHOP PEU
Cau 21: Thé tich ctia khéi tr dién déu canh a bang:
3 3 3 3
A.aﬁ B.aﬁ c:.”5 D. &
12 4 12 12

Céu 22: Cho hinh chdp tam giac déu SABC c6 canh bén a, goc ¢ day ciia mit bén 1a 45°.
Tinh thé tich hinh chép SABC.
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2 3 3 3
AL B. & c. & D. &
3 6 4 5

Céu 23: Cho hinh chdp tam giac déu c6 duong cao h va mit bén c6 goc & dinh bang 60°.
Tinh thé tich hinh chop.
h*\3 h*J4 h*2 h*3

B. C. .
8 8 6 6

A.

Ciu 24: Cho (H) 1a khéi chop tir giac déu c6 tat ca cac canh bang a; Thé tich cua (H) bang:

3 3 3
a*\2 C.a\@ D.aﬁ
6 4 2

3
A. % B.

Ciu 25: Cho hinh chép tir gidc déu c6 canh bén bang a, hop voi day mot goc 60°. Tinh thé
tinh hinh choép.

2 3 3 2
a’\2 g 2 Ja c a NE) D, 2 J5
4 8 12 5

A

Ciu 26: Cho hinh chép déu SABC c6 canh bén bang a hop véi day ABC mot goc 60°. Tinh
thé tich hinh chop.
3 2 2 3
A 2 g 38 c 3 D, 3%
16 16 8 8
Ciu 27: Cho hinh chép tam gidc déu SABC c¢6 canh bén a, goc & day cuia mat bén 1a 45°.
Tinh thé tich hinh chép.
9a%/3 3a®

3 3
%°V2 B. c. D. &
2 2 2 6

A.

Ciu 28: Cho hinh chop tir gidc déu SABCD c6 canh day bang a, goc giita canh bén va mit
day bang ¢ Thé tich khdi chép SABCD theo a va ¢ bang

2a%tan ¢ 5 a’\2tang c a’\2tan¢g 5 a’\/2tan ¢
-3 ' 6 T2 ' 3

A

Cau 29: Cho hinh chop tam gidc déu SABC c6 canh day a va mat bén hop voi ddy mot géc
60°. Tinh thé tich hinh chép SABC.
a’3 a’\2 a’3 a’3

B. C. D.
12 12 8 24

A
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Céu 30: Cho chop tam giac déu co dudng cao h hop véi mot mit bén mot goc 30°. Tinh thé

tich hinh chop.
3 3 3 2
h®J3 g h J3 o h J3 o h J2

3 6 9 C 4

A

3/ KHOI CHOP CO MAT BEN VUONG MAT PAY
Céu 31: Cho hinh chép SABC c6 BAC=90°;ABC=30°; SAB la tam giac déu canh a va
mp(SAB) L mp(ABC). Tinh thé tich khdi chép S.ABC.

3 3 3
af B. af C. a_2 D. 2a%\2

A.

-

Céu 32: Cho tir dién ABCD c6 ABC 1a tam giac déu canh a, BCD 1a tam giac vudng cén tai
D, (ABC) L (BCD) va AD hop véi (BCD) mot goc 60°. Tinh thé tich ti dién ABCD.

3 3 3

af g, &3 c &3 D. 2a%\3

A. :
3 - 12

CAau 33: Cho hinh chép SABC c¢6 day 1a tam gidc can tai A, AB = AC =a, BAC =120°. Mat
bén SAB la tam giac déu va nam trong mat phang vudng goc véi day. Tinh theo a thé tich
khdi chop SABC

3 3
AL B. a° c.2 D. 2a®
8 2
Cau 34: Cho hinh chop SABCD c6 day ABCD la hinh vuong c6 canh a; Mat bén SAB la

tam giac déu nam trong mit phang vudng goc véi day ABCD. Tinh thé tich khdi chop
SABCD.

3 3 3
PNERE B. 2°3 c &3 p, &3
6 2 3
Céu 35: Cho hinh chép SABCD c6 day ABCD 1a hinh vudng canh a, biét (SAB) va (SAD)

cling vudng goc voi day, SA = a+/3. Tinh V xaep :

a3 5 a6 c a2 a3

A. . .
3 3 3 4

Trang 149



TO TOAN NGUYEN HIEN PE CUONG HOC KY |, NAM HQC 2021-2022

Céu 36: Cho hinh chop SABCD ¢6 day ABCD 1a hinh chit nhat véi AB = a, AD = 2a,
(SAB) va (SAD) cing vudng goc v6i ddy, SA = av2 . Tinh V; spep |

3 3 3 3
A.af g, 22°V2 c. V3 D, &2

3 4 2

Cau 37: Cho hinh chép SABCD c6 day ABCD la hinh chit nhat, tam giac SAB déu canh a
nam trong mat phang vudng goc véi day, biét AD = 4a; Tinh V, uep :
2a°\/3 2a°\/2 a’\3 a®\2

B. C. D.
3 3 4 2

A

Cau 38: Cho. ABCD, ABCD 1a hinh thoi. AB =a, ABC la goc 60°, tam gidc SAB can nam
trong mat phang vudng goéc day. SC hop véi day goc 45°. Tinh thé tich khdi chép.

3 3
A. 3° B. & c.& D. a®\2
2 4
Cau 39: Cho hinh ch6ép SABCD c6 day ABCD la hinh thoi vé1 AC =2BD =2ava A SAD

vudng can tai S, nam trong mat phang vudng goc véi ABCD. Tinh thé tich hinh chép
SABCD.

PN g &5 c. &5 p. &3
12 6 4 12
4/ TY SO THE TiCH
Céu 40: Néu 2 khdi chép co cung chiéu cao thi ti s6 thé tich bang ti s6:
A. Dién tich 2 day B. 2 Buong cao C. Canh day D. Canh bén

Cau 41: Néu 2 khdi chop co cing dién tich day thi ti s6 thé tich bang ti s6:

A. Dién tich 2 day B. 2 Buong cao C. Canh day D. Canh bén
Cau 42: D6i véi 2 khdi chop tam giac co: SAS_B& bang:
SA SB SC
A B. V, c. Yose D.2V
: Vs.ABc * "SABC "V : SABC
S.ABC

Céu 43: Cho tir dién ABCD . Goi B' va C' lan luot 1a trung diém ciia AB va AC. Khi d6
ti s6 thé tich cua khéi tu dién AB'C'D va khéi ta dién ABCD bing:
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A. B. C. D.

N~
Al
o
OO.IH

Céu 44: Cho hinh ch6p SABCD c6 day ABCD 14 hinh binh hanh va I 13 trung diém cua SC.
M3t phang qua Al va song song v6i BD chia hinh chép thanh 2 phan. Tinh ti s thé tich 2
phan nay

Al B.

N |-
0O
Wl
I

II.THE TICH KHOI LANG TRU

1. LANG TRU PUNG TAM GIAC

Cau 1: Cho(H) lang try dung ABCA’B’C’ day la tam giac tam giac vudng can tai B, AC=
a2 biét goc giita A’B va dy bang 60°. Thé tich cua (H) bang:

3 3 3
A. \3a° B. ‘/52"" C. ‘/ia D. ﬁ;‘

Ciu 2: Cho(H) ling tru ding ABCA’B’C’ ddy 1a tam gidc vudng can tai B, AC=a2 biét
goc giita (A’BC) va day bang 60°. Thé tich cua (H) bang:

3 3 3
A. J/6a® B. ‘/§6a C. ‘/éza D. Jia

Cau 3: Cho lang try dung ABCA’B’C’ c6 day ABC vuong can tai B co6 AB = % .Biét A’C =

a va A’C hop voi mit bén (AA’B’B) mot goc 30°. Tinh thé tich ling tru

3 3 3 3
aﬁ B.ax@ C.27a D.aﬁ
16 4 8 4

A

Cau 4: Cho lang tru ding tam giac ABCA’B’C’ c6 day ABC la tam giac vudng can tai B voi
BA = BC = a, biét (A’BC) hop Véi day (ABC) mot goc 60°. Tinh thé tich ling tru
a’\6 a’\3

27a°
B. .al D.
n > C. a®/6 -

A.

Cau 5: Cho lang tru dang ABC.A'B'C'c6 day ABC la tam giac vuong tai B. AB = 2a, BC =
a, AA’' =2a+/3. Tinh theo a thé tich khéi ling tru ABCAB'C',
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2a%/3 a3

3 -3

A.

C. 4a°3 D. 2a%\3

Ciu 6: Cho ling tru ditng ABCA'B'C’ ¢c6 day ABC 1a tam giac déu canh %. Goc gitta mat
(A'BC) va mat day 1a 45°. Tinh theo a thé tich khéi lang tru ABCA'B'C',
3 3
AL B. & c.i D.L
3 16
A - ) > U a4 r \ .7 A a\/E ’ s~
Cau 7: Cho lang tru dang ABC.A'B'C’ ¢6 day ABC la tam giac déu canh 3 Goc gitra canh

C'B va mat day 1a 30°. Tinh theo a thé tich khdi ling tru ABC.A'B'C'.

a2 5 a2 c a2 a2

A. .
27 54 9 3

Cau 8: Cho lang try ding ABCA’B’C’ ¢6 ddy la tam gidc vudng tai A, AC=a, ZACB=60°.
Puong chéo BC’ cia mit bén (BCC’B’) tao véi mat phang (AA’C’C) mot goe 30°. Tinh thé
tich ctia khéi lang tru theo a

a’\/6 2a°\/6 42°\/6

C. D.
3 3 3

A. a6 B.

Cau 9: Cho lang tru dung ABC.A'B'C'¢6 day ABC la tam giac vudng tai B. AB =a+/2, BC =
3a. Goc giita canh A'B va mit day 1a 60°. Tinh theo a thé tich khoi lang tru ABC.A'B'C’,

3
A. 2a°\3 B. 3a°\3 c. 2 f D. a°\3

Céu 10: Cho ling tru dimg ABCA’B’C’ ddy 1a tam giac vudng can tai B, AC =a+/3, biét goc
gitta (A’BC) va day bang 60°. Thé tich khéi lang tru bang:

3 3 3
A. 278& B. 246 c. 2 f D. 2 f

) N 2 .
Cau 11: Cho ABCA’B’C’ day la tam giac déu canh ?a. Goc gitra (AB’C’) va day la 45°.
ViTla

3
A. % B. 2a°3 C. a%\6 D. a%3
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Céu 12: Cho lang tru XYZ. X’Y’Z’ day tam giac déu. XY =a, XX’ =a+2 . Vi1=?

3 3
A 26 B. 2% c. 2 f D. 2a°\3

Cau 13: Cho lang tru dimg ABCA’B’C’ ¢6 day ABC la tam giac vuong tai A, AB =a, BC =
2a, mit bén ACC’A’ 13 hinh vudng. Goi M, N, P lan luot 14 trung diém cua AC, CC’, A’B’
va H 14 hinh chiéu cta A 1én BC. Tinh thé tich khdi chép A’. HMN

A Y3 B. % c. Y3 D, Y3
"33 © 32 - 23 " 34

Céu 14: Cho khdi lang try dimg tam gidc ABCA’B’C’ co thé 4
tich bang V. M, N lan luot 1a trung diém BB’ va CC’. Thé tich
cua khéi ABCMN bang:

A Y B.
2 3

A
c. Y D. ¥
3 4

2. LANG TRU PUNG TU GIAC

Cau 15: Cho lang tru ding ABCDA’B’C’D’ véi day ABCD la hinh vuong. BD’ = 2a va AB
=a; Tinh V.71

3
A. a®\2 B. a’\3 C. 2a°3 D. 2%

Cau 16: Cho lang tryu ding XYZT. X’Y’Z’T’. Canh bén XX’ = 2a va khoang cach

dr,xz17)) = a; Tinh thé tich lang tru

43.3 3 3 a3
A.? B. a®\2 C. 2a%\3 D.Z

Cau 17: Cho hinh lang tru ding ABCDA’B’C’D’. B4y la hinh chit nhat ABCD c6 AB=ava
BC =2AB, goc BCB’ bang 30°. Tinh Vi1

3 3
A. 433‘/5 B. a®\/3 C. %2 D. %
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Cau 18: Cho lang try dung ABCDA’B’C’D. bay ABCD Ia hinh chit nhatc6 CD=ava S =
2

% . Goc giita B’D va (ABCD) bang 45°. tinh Vi1

3 3 3
a f B. % C. 2""3@ D. a*\8

A.

Cau 19: Cho ling try ABCDA’B’C’D’ ddy ABCD la hinh thoi canh a~/3. Goi O 1 giao diém
hai duong chéo, OC tao véi mp (A’B’C’D’) mot goc 60° va CC’ = 2a. Tinh thé tich lang tru.

Biét dién tich hinh thoi S = %dldz .

3 3
B. a%3 c. a2 D, &2

A. 4335 5 1

Céu 20: Cho hinh hép dung ABCDA’B’C’D’, c6day la hinh  thoi canh bing a

va BAD=60° Goi M, Nlinluotlatrungdiém cia CD va  B’C
biét raing MN vudng goc véi BD’. Tinh thé tich khbi hop ABCDA’B’C’D’

3 3 3 3
A Y3 B, 3& c. Jra D, Yea
6 6 2 2

Cau 21: Cho hinh lang tru ding ABCDA’B’C’D’ ¢6 day la hinh thoi canh a, BAD = 60°,
AC’=2a.GoiO= ACNBD, E=A'CNOC". Tinh thé tich ling tru ABCDA’B’C’D’ 1a:

3 3 3
A. 33a° B. 3% C. ‘/éza D. ﬁa

3. LANG TRU PEU

Céu 22: Hinh lang tru déu la:

A. Lang tru ding c6 day 1a da giac déu

B. Ling try c6 day la tam gidc déu va cac canh bén bang nhau

C. Lang tru c6 day la tam giac déu va canh bén vudng goc voi ddy
D. Ling tru c6 tat ca cac canh bang nhau

Céu 23: Cho (H) 1a khdi ling tru ding tam giac déu co tat ca cac canh biang a.

Thé tich cua (H) bang:
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3 3 3
a’V3 c. &3 D Y2
2 4 3

3
A. % B.

Céu 24: Cho lang tru tam giac déu ABCA’B’C’, canh ddy bang a; Goi M, N, I lan luot 1a
trung diém ctia AA’, AB, BC; goc giita hai mat phang (C’Al) va (ABC) bang 60° . Tinh theo
athé tich khoi chop NAC’I

3 3 3
A. 324/3a° B, 3 c. & D, Y38
32 32 4

Céu 25: Cho lang tru déu ABCDA’B’C’D’. ABCD Ia hinh vudng canh va BD’ = a; Géc giita
BD’ va (AA’D’D) bang 30°. Tinh thé tich ling tru

3 3
a f B. a° C. a%\8 D. 2 f

A

Cau 26: Cho ABCDA’B’C’D’ 1a lang try déu. Pay 1a hinh vudéng ABCD, gbc giita mp
(ACD’) va mp (ABCD) 1a 45°. Tinh thé tich lang tru, biét AA’ = 2a.

a’\J6

4

4333

A. 16a° B.
3

3
C. % D.

Cau 27: Cho lang tru ABCDA’B’C’D’. Bay ABCD la hinh vudng tdm O. c6 OA’ =a va OA’
hop vai (ABCD) mot goc 60°. Vir="?

3 3
RE B. 2a°\/3 C. a%\8 p, 43

4 3

A.

Céu 28: Cho lang tru dimg ABCA’B’C’ ¢6 day ABC 1a tam giac déu canh a; BC” hop Véi
mp (ABB’A’) mdt goc 30°. Tinh V.
3 3
NG B. 22 C. a2 D. &
4 5 9
Céu 29: Cho liang tru ding ABCA’B’C’ day la tam giac déu canh 2a; BC” hop véi ddy goc
30°. Tinh thé tich

3 3
2’6 C. a°J/8 D. 32’V

A. 2a° B.
4 8

Cau 30: Cho hinh ling tru tir gidc ddu ABCD.A'B'C'D’, canh déy bing a, khoang cach tirA
dén mat phang (A'BC) bang % tinh thé tich lang tru
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3 3 3
A. 3/3a° B. 3% C. ‘/52"" D. ‘/ia

4. LANG TRU XIEN
Céu 31: Cho ling try xién ABCA’B’C’ day ABC la tam giac déu canh a, biét canh bén 1a
av/3 va hop véi ddy ABC mot goc 60°. Tinh thé tich lang tru.

3
A. 3a8\/§ B. a®/2 C. 2a%/3 D. a°\/8

Céu 32: Cho ling tru xién ABCA’B’C’ ¢6 day la tam giac déu canh a; Hinh chiéu AA’ xudng
ABC trung voi trung diém H cua BC. Goc gitra AA’ va (ABC) bang 60°. Vit =?
3a°\/3 2a°

3
B. & C. 2a%3 D. &
8 5 V3 9

A

Cau 33: Cho lang tru xién tam giac ABC A'B'C' ¢c6 day ABC la tam giac déu canh 2a; Hinh
chiéu cia A' xudng (ABC) 1a tim O dudng tron ngoai tiép tam giac ABC biét AA' hop véi
day ABC mét goc 60. Tinh thé tich lang tru.

2a° 3a°\3

3
A. 2a°\3 B. & c. &4 D.
a'\3 2 5 8

Ciu 34: Cho lang try ABC A'B'C' ¢6 day ABC 1a tam giac déu canh a, dinh A' ¢6 hinh chiéu
trén (ABC) nam trén dudng cao AH cua tam giac ABC biét mat bén (BB'C'C) hop voi day
ABC mot goc 60°. Tinh thé tich lang tru.

3 3 3 3
323 B. 2& c. a6 p, 23
8 3 4 3

A

Cau 35: Hinh hop chir nhat c6 3 kich thudce a, b, ¢ thi duong chéo d c6 do dai la:

A. d=+a’+b?+c? B. d=+/2a° +2b* -¢?
C.d=+2a°+b*-¢c? D. d=+/3a° +3b® —2¢?
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M@t 56 cong thirc tinh nhanh

Cong thirc 1:

Cho khéi chép S.ABCD ¢6 ddy ABCD la hinh binh hanh. Trén cac doan SA, SB, SC, SD ldy lan
luot cac diém A’, B’, C’, D’ khac S sao cho a+ ¢ =b + d. Trong do:

L_SA ,_SB _SC ., _SD

s c= s -
SA’ SB’ SC’ SD’

Khi d6 ta co ti 18 thé tich 1a:

Vs vpep a+b+c+d
4abcd

S.ABCD

Cong thirc 2: Hai khoi chép chung chiéu cao

Cong thirc ndy rat don gian va hién nhién nhung ta lai hay thuong gap trong giai toan. Cu thé, néu
hai khoi chop (H) va (H’) c6 dién tich hai day lan lugt 1a S va S°. Bong thoi c6 cung chiéu cao h.
Thi ta co:

Y .8
v, S

Cong thirc 3: Hai khoi da dién dong dang ti so k.

Hai khéi da dién (H) va (H) duoc goi 1a ddng dang ti s6 k néu c6 1 phép dong dang F ti s6 k bién
(H) thanh (H’). Khi do6 gia st AB la 1 canh cua (H) va F(AB)=A’B’ thi A’B’=kAB. Goi V va V’
1an luot 1a thé tich cua (H) va (H’), khi d6 ta co ti sb thé tich sau:

=K

Vv
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Vidu 1. Cho khéi chop S.ABCD. Goi M, N, P, Q lan luqt 1a trung diém cua SA, SB, SC, SD. Goi
V la thé tich khoi chép S.MNPQ. Tinh V biét thé tich khoi chép S.ABCD bang 12.

Ta c6 phép vi tu tAm S ti s6 2 bién khéi chop S.MNPQ thanh khdi chop S.ABCD.

Loi giai:

V
S.ABCD _ 93 Vi sveo = 1,12 = 3
Vs.aveo 8 2

Vi du 2. Cho khdi ti dién ABCD c6 thé tich V. Goi V' 1a thé tich cua khéi tir dién c6 bén dinh 1a

b

trong tAm cac mat cua khoi tr dien ABCD. Tinh ty s6 “// .

Loi giai:
Goi A’, B’, C’, D’ lan luot 1a trong tdm cac mat (BCD), (ACD), (ABD), (ABC), ta co

AN ACT AD ]
AB  AC  AD 3

nén khdi tir dién A’B’C’'D’ dong dang vai khéi tir dien ABCD theo ti s6 & = % . Do d6

V’=k3=i
1% 27
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Cong thirc 4: Khoi ling tru tam gidc

Cho khoi lang try tam gidc ABC.A’B’C’. Trén cac canh bén AA’, BB, CC’ Iy lan luot céc diém
M, N, P. Khi d6 ta c6 ti s0 sau:

AM B P
Trong d6 a = , b= N, =C ,tacod
’ BB’ cc’
VABC.MNP _a+b+c
VABC.A’B’C’ 3

Cong thirc 5: Khoi ling tru day 13 hinh binh hanh (khdi hop)

Cho khdi hop ABCD.A’B’C’D’. Trép cac canh bén AA’,’BB’, CcC, DD’ léy lan luot cac diém M,
N, P, Q sao cho M, N. P, Q dong phang. Khi do ta c6 ti s6 sau:

Trong d6 a = A—M, b=
AA’

VABCD‘MNPQ _a+t b+c+d
\% 4

ABCD.A’B’C’D’
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Thé tich khoi chop tir giac déu co tt ca cic canh bang a

b

6

Vv

Thé tich khéi bat dién déu co tat ca cac canh bang a

b
3

Thé tich khoi tir dién déu c6 tat ca cac canh bang a

Vv
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[ CHUONG II : MAT NON, MAT TRU, MAT CAU ]

p
BAI 1: MAT NON ]
-
A.LY THUYET CO BAN
Lo ]
+ Dién tich xung quanh: S, = 7RI :
Ay o _ 2 P > i
+ Dig¢n tich day: S,,, = 7R nare
+ Dién tich toan phan: S, =S, +S,,, = 7R(I+R) \\'
; 1., 1 CAS :
+Thé tich: V :gsd.hzéﬂ'th M __

+ 12=h?4r?

B. BAI TAP TU LUAN

Bai 1: Mot hinh nén c6 dudng cao bing 20cm, ban kinh day r = 25cm.

a) Tinh dién tich xung quanh hinh nén va thé tich khdi noén twong tng.

b) MGt thiet dién di qua dinh, cach tdm cua day la 12cm. Tinh dién tich thiét di¢n do.
Bai 2: Cit hinh nén N dinh S cho truéc boi mit phing di qua truc ciia né ta duoc mot tam
giac vudng can co canh huyén bang a2

a) Tinh dién tich xung quanh, dién tich toan phan va thé tich khbi non N.

b) Cho mét day cung BC cuia duong tron day hinh non sao cho mp(SBC) tao vdi day hinh

nén mot géc 60°. Tinh dién tich tam giac SBC.

Bai 3: Cho hinh non dinh S ¢6 day 1a hinh tron (O;R) va géc ¢ dinh bang 2« . Cho ABC 1a tam
giac déu ndi tiép dudng tron day cua hinh non.

a) Tinh dién tich xung quanh va thé tich caa hinh non
b) Tinh thé tich ctia hinh chép SABC va khoang cach tir O dén mp(SBC)

Bai 4 *: Cho hinh nén dinh S, 4§ dai duong sinh la d, géc gitra duong sinh va mat day la « .
Mot mp(P) qua dinh hinh nén hop véi mit day goc 60° cit hinh nén theo hai dudng sinh SA,
SB. Tinh dién tich tam giac SAB va khoang cach tir O dén mp(SAB)
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Bai 5 *:Cho hinh nén c6 thé tich 96z(cm®), ti 6 giita dudong cao va dudng sinh 1a 4/5. Tinh

dién tich toan phan cta hinh nén.
C. BAI TAP TRAC NGHIEM

Céau 1. Cho hinh nén c6 duong cao bang 20cm, ban kinh day 25c¢m. Dién tich xung quanh hinh
nén do la:

A. 125741 cm? B. 120741 cm? C. 4807 /41 cm? D. 7687441 cm?

Céu 2. Cho hinh nén c6 thiét dién qua truc 14 tam gidc déu canh a. Dién tich xung quanh hinh
non do la:
3 2 3 2
A2 B. & ¢ ™3 p, T3
3 2 8 4

Céu 3. Cho hinh nén c6 thiét dién qua truc 1a tam giac vudng cin c6 canh huyén bang a\/E .
Thé tich khéi nén d6 la

ra’2 ra’\/2 na’2 na’y2

B. C. D.
12 2 4 12

A.

Céu 4. Cho hinh nén c6 thiét dién qua dinh S, tao véi ddy goc 60° 1a tam giac déu canh bang
4cm. Thé tich ctia khéi nén do 1a:

A. 97zcm?d B. 4+/3 7zcm?® C.3zcm? D. zcm?

Céu 5. Mot tir dién déu canh a c¢6 dinh trung véi dinh caa hinh non, ba dinh caa ddy ndm trén
duong tron day cua hinh non. Dién tich xung quanh cta hinh nén 1a

2 2 2
na’/3 na’/2 na’/3 D. na*\3

B. C.
2 3 3

A

Céu 6. Cho tam giac déu ABC canh a quay xung quanh duong cao AH phat sinh ra mot hinh
non. Dién tich xung quanh ctia hinh nén do la:
na’ ) na/3

A — B. 2na’ C. na D.
2 4

Céu 7.Cho hinh nén c6 thiét dién qua truc 1a tam giac vudng can c6 canh goc vudng 1a b. Dién
tich thiét dién qua dinh va cat day theo cung 120° la:
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b2/3 b2/3 b2\/15 b2\/15
4 8

A B C. D.

8 |

Ciau 8. Cho hinh nén c6 thiét dién qua tryc 1 tam gidc vudng can c6 canh goc vudng 1a b. Dién

tich thiét dién qua dinh va tao véi day goc 60° 1a:

b2\7 b2\7 b2\14 b’\14
4

B. C. D.
8 16 8

A.

Céu 9. Cho hinh ti dién déu S.ABC, canh bing a. Hinh nén c6 dinh S, day 13 hinh tron noi
tiép AABC. Thé tich cta hinh nén la:

na’\/6 na’\/6 na’\/6 na’y2

B. C. D.
27 108 9 12

A

Céu 10. Cho hinh chép tir giac déu S.ABCD tit ca cac canh bang a. Hinh nén c6 dinh S, day
13 hinh tron ngoai tiép ABCD. Thé tich cua hinh nén 1a:

2na3\/§ na?’\/i Tta3\/§ na?’x/E

B. C. D.
3 3 6 2

A
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p
BAI 2 : MAT TRU ]
(S
A.LY THUYET CO BAN "
+ h=l f\%x A%]_thj{

+ Dién tich xung quanh: S, =2zRIl =27zRh ;

+ Dién tich 2 day: S,,,, =27R? P =S
HP 4 \ A B?jh‘“_"'-uj--
+ Dién tich toan phan: S, =S, +S,,,, =27R(1+R) \____:__i__, ¢

+ Thé tich: V = S,h=7R*h = zR

B. BAI TAP TU LUAN

Bai 1: Mot mat phang di qua truc caa hinh tru (T) cat hinh try theo thiét dién 13 hinh vudng
canh 2R.

a) Tinh dién tich xung quanh va dién tich toan phan cua hinh tru (T).
b) Tinh thé tich khoi tru (T).
Bai 2: Cho hinh tru (T) c¢6 ban kinh day R va chiéu cao 1a R3

a) Tinh dién tich xung quanh va dién tich toan phan cia hinh try (T).
b) Tinh thé tich cua khoi tru gidi han boi hinh try (T).
Bai 3: Cho hinh try c6 ban kinh day Scm va c6 khoang cach gitta hai day bang 7cm.
a) Tinh dién tich xung quanh cua hinh try.
b) Cat khoi tru béi mot mat phang song song vaéi truc va cach truc 3cm. Tinh dién tich thiét
dién.
Bai 4: Cho hinh tru T ¢6 truc 00’, ¢6 thiét dién qua tryc 1a mot hinh vudéng. Mot thiét dién song
song Véi truc c6 dién tich bing 4+/2a?va khoang cach tir truc dén thiét dién d6 bang a. Tinh
dién tich cua thiét dién qua truc.

C. BAI TAP TRAC NGHIEM
Céu 1. Cho hinh try c¢6 thiét dién qua tryc 1 hinh vudng canh a. Dién tich xung quanh cta

hinh tru do la:

A. 4ma’ B. 2na’ C. na’ D. —
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Céu 2. Cho hinh try c6 hai day 13 hinh tron ngoai tiép cua hinh ling tru tam giac déu c6 tat ca
cac canh bang a. Thé tich cua hinh tru d6 la:
na’ na’ 2

A — B. — C. ma
3 9

D. 3ra®

Céu 3. Cho hinh tru c6 hai day 13 hinh tron ndi tiép cta hinh ling tru tam giac déu co tat ca
cac canh bang a. Thé tich cua hinh tru d6 la:
3 3 3
ma ma 3nta
B * D

A — S — C. ma :
3 12 16

Céu 4. Cho hinh try c6 hai day 13 hinh tron ngogi tiép cua hinh 1ap phuong canh a. Thé tich
cua hinh tru do la:
na’ na’ 2ma’

A — B. — C.
2 6 3

D. 2na®

Céu 5. Cho hinh try c6 hai day 13 hinh tron ngi tiép cua hinh l1ap phuong canh a. Thé tich cua
hinh tru d6 la:
3 3
a a a
A= B. = c. = D. ma’

4 12 3
Céu 6. Cho hinh try c6 hai day 13 hinh tron ngogi tiép cta hinh 1ap phuong canh a. Dién tich
xung quanh cua hinh try do 1a:

n/2a’

> B. 2ra’ C. \/Enaz D. 2\/§na2

A

Cau 7. Cho hinh try c6 hai day 1a hinh tron ngi tiép cua hinh 1ap phuwong canh a. Dién tich
xung quanh cua hinh try do 1a:

2
a
A. % B. na’ C. 2na’ D. ra®

Céu 8. Cho hinh try c6 thiét dién qua truc 1 hinh vudng canh a. A, B lan luot nam trén hai

2+/3 . .
duong tron day, AB = Ta . Goc tao boi AB vai truc cua hinh tru dé 1a :

A. 30° B. 45° C. 60° D. 90°
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Céu 9. Cho hinh try c6 ban kinh ddy va chiéu cao cung bang a. A, B lan luot ndm trén hai
duong tron day, AB tao v4i day goc 30°. Khoang cach gifta AB va truc hinh try d6 1a:

o a2 5 a3
2 2

a
A a B. —
2
Cau 10. Tur mot tm ton hinh chir nhat kich thudc 50cm x 240cm, ngudi ta lam cac thung dung
nuée hinh try c6 chiéu cao bing 50cm, theo hai cach sau (xem hinh minh hoa duéi day) :
e Cach 1 : Go tAm t6n ban dau thanh mat xung quanh cua thung.

e Cach 2 : Cit tAim t6n ban dau thanh hai tim bang nhau, roéi go mdi tim d6 thanh mit xung
quanh cua mét thung.

Ki hiéu V1 14 thé tich cua thung go duoc theo cach 1 va V2 1a tong thé tich cia hai thung

"/
g0 duoc theo cach 2. Tis6 —* la:
2

A.% B.1 C.2 D.4
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[ BAI 3. MAT CAU ]

A.LY THUYET CO BAN

1. Dinh nghia: ® Mit ciu: S(O;R) ={M|OM =R} eKhéiciu: V(O;R)={M|OM <R}
2. Vi tri twong doi giira mdt cdu va mdt phang
Cho mat cau S(O; R) va mit phang (P). Goi d = d(O; (P)).

e Néu d < R thi (P) cit (S) theo giao tuyén 1a dudng tron nam trén (P), c6 tim H va ban

kinh r=+vR?-d?.
e Néu d = R thi (P) tiép xuc véi (S) tai tiép diém H. ((P) dgl tiép dién cua (S))
e Néu d > R thi (P) va (S) khong co diém chung.

Khi d = 0 thi (P) di qua tam O va dgl mdt phang kinh, dwong tron giao tuyén cé ban kinh
bang R dgl dwong tron Ién.

3. Vi tri twong déi gidra mat cau va dwong thang
Cho mat cau S(O; R) va dudng thang A. Goi d = d(O; A).
e Néu d <R thi A cét (S) tai hai diém phan biét.
e Néu d = R thi A tiép xtic vai (S). (4 dgl tiép tuyén cua (S)).

e Néu d > R thi A va (S) khong co diém chung.

4. Mdt cdu ngoai tiép — ngi tiép

Mit cau ngoai tiép Mt cau ndi tiép
Hinh da dién | Tatcacacdinhciahinhdadién |  Tatca cac mat cia hinh da dién
déu nam trén mat cau déu tiép xuc véi mat cau
Hinh tru Hai duong tron day cua hinh try M3t cau tiép xtc v6i cac mit
nam trén mat cau day va moi duong sinh cta hinh tru
Hinh nén Mt cau di qua dinh va duong Mt cau tiép xtc v6i mat day va
tron day ctia hinh nén moi duong sinh cia hinh non
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5. Xdc dinh tdm mdt cau ngogi tiép khéi da dién

e Cach 1: Néu (n — 2) dinh cua da dién nhin hai dinh con lai dudi mot goc vudng thi
tAm cua mit cau 13 trung diém cua doan thang ndi hai dinh do.

e Cach 2: Pé xac dinh tdm ctia mit ciu ngoai tiép hinh chop.

— X4c dinh truc A cta day (A la dwong thang vuéng goc véi day tai tim
dwong tron ngoqi tiép da gidc day).

— Xéc dinh mit phang trung truc (P) cua mot canh bén.

— Giao diém cua (P) va A 1a tAm ctia mat cau ngoai tiép hinh chop.

6. Dién tich — Thé tich

. _ 2
Dién tich S =4zR

2., 4 5
Thé tich V =§7zR

B. BAI TAP TU LUAN

Dang 1: Chitng minh cdc diém ciing thudc mdt cau

+ Dua dinh nghia: M € S(O;R) < OM =R

+ A, B co dinh, AMB =90° = M & (S) ¢6 duong kinh AB

Bai 1: Cho hinh chép S.ABC c6 day 1a tam giac ABC vudng can tai B, AB=a. Biét SA=2a va
SA 1 (ABC). Goi H va K 1an luot 1a hinh chiéu cua A trén SB, SC.

Chang minh:
a) A, B, C,S ciung nam trén mot mit cau. Xac dinh tdm va tinh ban kinh mat cau do.

b) Cac diém A,B,C,H,K cung nam trén mot mit cau. Tinh dién tich mat cau do.
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Bai 2: Cho hinh chop S.ABCD c6 day ABCD la hinh vudng, SA L (ABCD) va AB=SA=a. Goi
(P) 1a mat phang qua A va vudng goc voi SC, (P) lan luot cat SB,SC,SD tai H, 1 va K. Ching
minh cac diém A,B,C,D,H,I,K cung nam trén mot mat cAu. Tinh dién tich cua mat cau do.

Dang 2: Mt cdu ngogi tiép hinh chép, ling tru
+ Dieu kién hinh chdp cé mdt cau ngoai tiép; cdch xdc dinh tim

+ Pieu kién ldng tru ¢ mat cau ngoai tiép.

Bai 1: Xac dinh tAm va tinh dién tich mat cau ngoai tiép ti dién SABC c6 SA, SB,SC vudng goc
véi nhau tirng d6i mot va SA=a,SB=b,SC=c.

Bai 2: Cho hinh chép tir giac déu S.ABCD c6 canh day bang a, SB=2a. Xac dinh tdm va tinh
thé tich khéi cau ngoai tiép hinh chop.

Bai 3: Cho hinh chép tir gidc déu S.ABCD c6 canh day bang a va ASB =« . Xac dinh tdm va
tinh ban kinh mat cau ngoai tiép hinh chop.

Bai 4: Cho t& dién SABC c6 ABC 1a tam gidc déu canh a. Xéac dinh tdm va tinh ban kinh mat
cau ngoai tiép tir dién biét SA=2a, SA L (ABC)

Bai 5: Cho hinh chop tam giac déu SABC, AB=a va mat bén hop véi mat day goc « . Tinh dién
tich mat cau ngoai tiép hinh chop.

Bai 6*: Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh vudng canh a, SAB 13 tam giac déu nam
trén mp vudng goc voi mp(ABCD). Xac dinh tdm va tinh ban kinh ctia mat cau ngoai tiép hinh
chop.

Bai 7*: Cho ti dién ABCD c6 ABC va DBC 1a cac tam giac déu c6 canh bang a va nam trén
hai mit phang vudng goc voi nhau. Xac dinh tm va tinh ban kinh mat cau ngoai tiép ta dién.

Bai 8*: Cho tir dién SABC c6 SBC va ABC 1a cac tam giac déu canh a. Xéac dinh tm va tinh
ban kinh mat cau ngoai tiép ti dién biét mp(SBC) hop véi mp(ABC) goc 60°.

C. BAI TAP TRAC NGHIEM

Ciu 1. Thé tich cua khéi cau ngoai tiép hinh 1ap phuong canh a la:

na3x/§ 3na3\/§

41Ta3\/§
B. —— C.44/3 a3 D.————
2 2 3 3

A.

Céu 2. Cho tir dién OABC c¢6 OA, OB OC d6i mot vudéng goc nhau va co do dai 1an luogt 13
3a, 4a, 12a. Thé tich cua khdi cau ngoai tiép OABC 1a
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A 169w 5. 2197w c. 2197w D. 2197w

3 2 6 3

Cau 3. Cho hinh chép SABC c6 day la AABC vudng tai B, AB =a, BC = a\/§. SA 1 (ABC),
SB tao véi day 1 goc 60°. Thé tich khdi cAu ngoai tiép S.ABC la:

3 3 3 3
A \/§ga B, 7\/72na c 7x/767:a D. 47;a

Cau 4. Cho hinh chép S.ABCD c6 day 1a hinh vudng, canh a. (SAB) va (SAD) cung L day.
SC tao véi day goc 60°. Thé tich khdi cau ngoai tiép S.ABCD la:

A

242713’ 5 8/2ma’ c 32/27a’ 5 4ma®
3 C3 3 © 3

Céu 5. Cho hinh chop S.ABC c¢6 AABC la tam giac déu, canh a, SA L (ABC), (SBC) tao voi
day goc 60°. Dién tich mat cau ngoai tiép S.ABC la:

A. %7[8.2 B. 4 7a2 C. 1274 D. 3782

Céu 6. Cho hinh chop déu S.ABC, canh bén bang a tao voi day goc 60°. Dién tich mat cau
ngoai tiép S.ABC la:

A. %naz B. 4 7a2 C. gyzaz D. 9782

Céu 7. Cho hinh chép déu S.ABCD, canh day biang a. Mat bén tao véi day goc 60°. Thé tich
khoi cau ngoai tiép S.ABCD la:

3 3 3 3
5 12572 5 J3ra o 125ma 5 125+3na
144 16 48 144

Céu 8. Cho hinh chép S.ABC c6 day ABC 1a tam giac déu canh bang 1, mit bén SAB 1a tam
giac déu va nam trong mat phang vudng goc voi mat phang day. Thé tich V cua khéi cau
ngoai tiép hinh chép da cho 1a.

A.V:5\/1—5n B.V=5\/1—5n c.vz4*/§’E D.v =%
18 54 27 3
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Céu 9. Cho tir dién ABCD, I, J O lan luot 1a trung diém cia AB, CD, 1J. M 1a diém thoa diéu

kien | MA + MB + MC + MD | = a, véi a 1a do dai cho trude. Phat biéu nao sau ddy ding

. a . a
A. M thuéc mat cau tam O, ban kinh Z B. M thuoc mat cau tam O, ban kinh —

. a .
C. M thuoc mat cau tam O, ban kinh § D. M thuoc mat cau duong kinh 1J

Céu 10. Hinh ciu (S) c6 ban kinh R. Mp (a) cat (S) theo dudng tron ban kinh r va dién tich

. _ . R
bang nua di¢n tich hinh tron 16n cia (S). Tinh ti SO —
r

AR_o2 /2 B.§:z@ c.?;ﬁ p.R_/3
:

KIEM TRA GHK 1 2018-2019
TRAC NGHIEM: ( 7,5 diém)
Céu 1: Cho hinh chép S.ABC c¢6 day la tam gidc déu canh 2a va thé tich bang a®. Tinh chiéu

cao h cia hinh chép da cho.

J3a
- B. h=2=" C. h=—"2=, D. h=+/3a.
6 2 3 \/—

A. h
Cau 2: Ham s6 y =+/x—x2 nghich bién trén khoang
. 1 1

Cau 3: Gid tri nho nhét ciia ham s6 y = + 2 trén khodng (0;+o0) 1
X

A. miny=3. B. miny=1.
(03400) (0;+0)

C. miny=-1. D. Khong ton tai miny .
(0;+0) (0;400)

Trang 171



TO TOAN NGUYEN HIEN PE CUONG HOC KY |, NAM HQC 2021-2022

Ciu 4: Cho ham s y=(m+1)x* —mx®+3. Tim tat ca c4c gia trj thuc ctia tham s6 m dé ham
sb ¢ ba diém cuc tri.

A. me(—oo;—l)u(0;+oo). B. me(—l;O).
C. me(-w;-1]u[0;+). D. me(—0;-1)U[0;+ ).
Céu 5: Tong sb duong tiém can dang va tiém can ngang cia do6 thi ham sb y = 2X+12 la
4-X

A 1. B. 4. C. 3. D. 2.

Cau 6: Hinh dudi 1a d6 thi ciia ham so nao trong cac ham so sau day:

A

y

/o

-1 1

'Ze

A y=x"-2x*-1. B.y=x'-2x*+1. C.y=-x'-2x*+1. D.y=-2x"+3x"-1.

+4

Cau 7: D6 thi cac ham sb y = 4x va y =x?—1 cit nhau tai bao nhiéu diém?

A. 0. B. 2. C. 3. D. 1.

Céu 8: Cho hinh lang try dting c6 dién tich day 1a 3a?, d6 dai canh bén bang 2a. Thé tich khdi
lang tru ndy bang

A. 2a°. B. a°. C. 3a°. D. 6a°.
Cau 9: Tinh theo a thé tich khéi ling tru diing ABCD.A'B'C'D’ ¢6 day 1a hinh thoi canh a, goc

BAD bing 60° va canh bén AA’ bang a.

A 2a. B. %aS. c. B D. \3a'.
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Céu 10: Cho hinh chép S.ABC c6 ABC la tam giac déu canh a va SA vudng goc véi day. Goc
tao béi mat phang (SBC) va mit phang (ABC) bang 30°. Thé tich cua khéi chép S.ABC 1a

a’\/3 a3

a3
A 8 B. 24 c. 4 D. 12"

Céu 11: Duong cong & hinh bén 14 @ thi ham sé y =2 véi a, b, ¢ 1a céc sé thuc,

cX+b
Y
1
—92 (o] 2

—1
Ménh dé ndo sau day dung?
A a=2;b=2;c=-1. B.a=1;b=2; c=1.
C.a=1;,b=-2; c=1. D.a=1; b=1; c=-1.

Cau 12: Cho ham sb y = f (x) xéc dinh, lién tuc trén doan [-2;2] va c6 do thi 1a dudng cong
trong hinh v& bén dudi. Céc gia trj cua tham s m dé phuong trinh | f (x)|=m c6 6 nghiém thuc

phén biét 1a

A.0<m<2. B.0<m<?2. C. m<0. D.m>2.
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Cau 13: Tim tit ca céc gi tri thuc caa tham s6 m dé phuong trinh X2 —4x+m=2v5+4x—x> +5 ¢b
nghiém.

A . m>-1, B. -1<m<243. C. m>0. D. 0<m<15.
Cauld: Sbégid tri nguyén cta tham s6 m  thugc [-24] dé ham sd
y :%(mz ~1)x* +(m+1)x* +3x—1 dong bién trén R Ia

A. 3. B.0. C. 2. D. 5.

Ciu 15: Biét rang d6 thi ham s6 y = x* +3x? ¢6 dang nhu hinh v&

Hoi do thi ham s6 y =[x® +3x*| c6 bao nhiéu diem cuc tri?
A. 3. B. 1. C. 2. D. 0.
TU LUAN: (2,5 diém)

1/ Tim cac khoang don di¢u va cuc tri ciia cac ham sb sau:
1 4 2
al y= " X' —2x* +1.

X +3
b/ y= .
y x-1

2/ Tim m dé ham s6 : y = x® —3x? + mx—2 dat cyc tiéu tai x=2.
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KIEM TRA GHK 1 2019-2020
I/ TRAC NGHIEM: (7 diém)

Cau 1: Cho ham s0 y=ax’+bx* +cx+d (a=0) c6 do thi nhw hinh v& du6i day. Ménh dé nao
dudi day dtng?
A a<0,b>0,c>0,d<0 .

B a<0,b<0,c¢>0,d<0.
C a>0,b<0,c<0,d>0.

D a<0,b>0,c<0,d<0.

CAu 2: Cho hamsé y = X

. Ménh dé nao ding.
x-1
A. Ham sb nghich bién trén R\ {1}.
B. Ham s6 nghich bién trén (—o0;1) U (L +00).

C. Ham s6 dong bién trén khoang (0;1).

D. Ham s6 nghich bién trén tirng khoang (—oo;l) va (1; +oo).
bién trén khoang (—o0;+00) .

Ciu 3: Tim tap hop tat ca cac gia tri cia tham sé thuc mdé ham s6 y = = x® + ma® + 4x —m dong

/\.[_2;2]'

B. (—oo; —2].

C. (—00;2). D. [2;+oo).
Cau 4: Tim gia tri I6n nhat ciia ham s6y = 2x* +3x> —12x+2 trén doan [—1;2] .
A. maxy=11. B. maxy =6

c. MHy=1e D, Ty =10
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A . X N T 2 ) \ J4 2+3 3 . 1
Cau 5: Goi M,n lan lugt 1a gia tri cuc dai, gia tri cuc ti€éu ctia ham so y = % . Khi do
+
gia trj cua biéu thac M2 —2n bang
A. 7. B. 6. C.9. D. 8.

a2

A A . N A X r LA 3 *A \ 1A A
Cau 6: Do thiham so y = 7 3r_a c6 tat ca bao nhiéu duong tiém can?
x°—=3x-

A. 2. B. 1. C. 0. D. 3.
Cau 7: D6 thi hinh bén dudi 1a ctia ham sé nao?

A Y=—x"+20+2. g oy=x'-4x"+2. o y=x'-22"+3. p y=x"-2x*+2,

v

Ciau 8: Khéi da dién déu loai {5;3} 1a khéi
A. Hai muoi mit déu. B. Lap phuong. C. Muoi hai mat déu. D. Bat dién déu.

Céu 9: Tim m dé duong thang y = 4m cit do thi ham s6 y = x* —8x*+3 tai bon diém phan biét.

|_\

w

w

w

H

w

'_\

&5
IA
3
IA

Mlw

A 4 4 B. 4 C. 4° D.
Céu 10: Tim hoanh do giao diém cua hai do thi ham s y=x"—4x>+6 vd y=—4x+97?
A x=3. B y=3. C. x=-8. D. x=1.

Céu 11: Cho khdi lang tru tam giac déu ABC.A'B'C’ c6 canh day bang 2, dién tich tam giac
A'BC bang 3. Thé tich khéi lang tru ABC.AB'C’ 1a
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A’ C’
B!
B
A 25 B. V2 . C. 245 . D. 32 .

3

Ciu 12: Cho ham sd y=f x lién tuc trén doan 1,3 va c6 bang bién thién nhu sau

x|l 2 3
Y + o -

Tong cac gia tri meZ sao cho phwong trinh f x—1 = %M c6 hai nghiém phan biét
trén doan 2;4 béng
A. -T72. B. —294. C. -75. D. —297.

Cau 13: Cho hinh chop tu giac déu S.ABCD c6 canh day br:ing a va mat bén tao véi day mot
goc 45°. Thé tich V khoi chop S.ABCD 1a
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Cau 14: Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh vuéng canh a, SD = 3—; , hinh chiéu vuong

goéc cua S trén mat phang (ABCD) la trung diém cua canh AB. Tinh theo a thé tich khdi chop

S.ABCD .
A 22 B & c. &
= -z .z

11/ TU LUAN: ( 3 diém)
1/ Tim khoang don di€u va cuc tri cua cac ham sb sau:

X2 42x+1

2
aly=x"-Zx*-x? b/
y 3 y 1-x

2/ Cho ham sd: y = x* —3x? +4 ¢6 d6 thi (C). Viét phuong trinh tiép tuyén caa do thi

(C )biét tiép tuyén c6 hé sé goc k = 9?

3/ Tim tat ca cac gia tri thuc cta tham sb m sao cho ham sb
1

]_ A =X A ™ y .
y=—x" — mez) +2mx — 3m + 4 dong bién trén tap xac dinh?

3
PE GIUA HQC KY 1-2020
Cau 1:  Gia tri nh6 nhat ctia ham s§ y =v/x+2 +/4—x la:

A. 24/3. B. V6. C. 2.

Cau2: Cho khbi lap phuong. Ménh dé nao sau day 1a dung.
A. La khéi da dién déu loai {3;4}.

B. S6 dinh ctia khéi 1ap phuong béng 6.

C. S6 mat cua khdi 1ap phuong bang 6. D. S6 canh cua khéi 1ap phuong bang 8.

Cau3: Ham s y=x"-4x*-3 ¢ gia tri cuc dai bﬁng:
A —T. B. -3. C.0.
Cau4: Hinh da dién nao dudi day khong 14 hinh da dién déu
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Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

S o

o L

A. Tur dién déu. B. Bat dién déu. C. Hinh lap phuong. D. Ling tru luc gidc déu.

Gié tri 16n nhat ctia ham s6 y = 3, ren doan [0;2] la:
—X

1
A2 B. 0. C.-3 D. 3.

2x+1

D6 thi ham sb: y = 1a (C). Biét tiép tuyén cua do thi (C) song song voi duong thang

(d): y =-3x+15. Phuong trinh tiép tuyén do 1a

Ay=—-3x+1lvay=—-3x-1. B.y=3x+11.
C.y=—-3x-1 D.y=—-3x+11.

Cho hinh chép S.ABCD cé day la hinh vudng canh 6a, SA vudng goc véi day, goc SBA = 60°
. Tinh thé tich ctia khdi chép S.ABCD.

A. 72 a3 B. 72+/3a%. C. 216+/3a%. D. 216 aS.

Ham s6 y = x* —3x+1 nghich bién trén khoang niao?
A R. B. (—o0;-1). C. (-11). D. (-13).

Ham s6 y = VxZ —3x+2 nghich bién trén khoang nao?

A. (—o0;-1). B. (2;+x). C. (1%) D. (SZj
Cho ham sb y = X +§ .Gi4 tri nho nhét ciia ham s6 trén (0;+o0) bang
A. 4. B. 2. C.-2. D. -4.
Ham s6 nio sau day c6 gia tri 1n nhat trén tap xac dinh?
A y=2x"—x*+1. B. yzx;z.

x+1

C.y=-—x"+3x*+2. D. y=—X*+2x*+4x-2

Cho ham s6 Y = f(X) co6 bang bién thién nhu sau:
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Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Ciu 19:

—“+oco

’ — J— (0] —+

2\2 -

Tong s6 tiém can dtng va tiém can ngang cia do thi ham sé da cho 1a:

A. 1l B. 3. C. 4. D. 2.
N ’ 2 —
Do thi ham s0 y = ———— ¢0 bao nhiéu ti€ém cén ngang va tiém can ding
X“—5X+6
A. 1l B. 2. C.3. D. 0.
Do thi dudi day 14 ciia ham sb nao?
|\ .f
\, 1 f
\‘ ]
Y /
I\I :‘» F’\
‘\\ e | ™ /
A y=—x3+2x* +4x+1. B. y=x"-2x°.

C. y=—x"+2x*+1. D. y=x"-2x*+1

Cho hinh choép S. ABC c6 day 1a tam giac ABC c6 CB :2a\/§, CA = 2a va goc ACB bang

30°, SA vudng goc véi day va goc gitra SC va (ABC) bang 60°. Tinh thé tich cia khéi chop
S. ABC

A. 3a3. B. 2a3. C. 9a3. D. 6a3

NG
X—2
B. 2.

Do thi ham so y = c6 bao nhiéu tiém can ngang va tiém can ding

A. 3. C. 1 D. 0.

Cho hinh chép S.ABCD c6 d4y 1 hinh chit nhat canh AB = a, AD =a+/3 . Biét ring tam gidc
SAB cén tai S va nam trén mit phang vudng goc véi day, khoang cach gitta AB va SC bang
3a

Tinh thé tich ciia khéi chop S.ABCD

A J3a3 . D. \3a:.

B. 24/3a. c. 2

3a3
3

Vi gia tri ndo ciia tham s6 m thi ham sé y = x* —6mx?® + 2 dong bién trén R ?
A. m=0. B. m>0. C. m<0. D. m>0.

Vi gia tri nao cia tham s6 m thi ham sd y =x>—mx® +x—3 dat cyc dai tai x=—-1?
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A - meR. B.m=-2. C.med. D. m=-2.
Céu 20: Hinh nao dudi day khong phai 14 hinh da dién 15

Hinh 1. Hinh 2. Hinh 3. Hinh 4.
E
. .
¢ :
4 -
‘V ) i
F
A. Hinh 4. B. Hinh 3. C. Hinh 2. D. Hinh 1.

Cau 21: Khbi chop tir gidc déu c6 canh day bang a, chiéu cao bang 3a thi co thé tich bang:
3
A. a%y3. B. %. C. a’. D. 3a°.

Cau 22: Do thi sau day la cia ham sb Y = x> —3x+1. Véi gi4 tri nao ctia tham s6 m thi phuong trinh

x}—3x—-m=0 ¢6 diing mot nghiém thuc phan biét.

s
>¢me
>
x

&
=
W N w o
G‘
4
w

m<-1 m<-2
. : B. 2<m<2. C. . D. -1<m<3.

m>3 m>2

Céu 23: Khbi lap phuong cd canh bang a c6 thé tich bang:
3
A. a*\3. B. a°. C. % D. 3a°
A . e 2X+1 A A n .
Cau24: Chohamso y= T Ménh dé nao sau day sai?
X+

A. Tap x4c dinh ctia ham s6 14 D = (—o0; —1) U (~1; +0).

B. b6 thi ham $6 ¢o hai tiém can.

C. Ham sb dong bién trén cac khoang (—o0; —1) va (—1; +o0).
D. Ham sb ¢6 cuc tri.

Cau 25: Cho ling try ding 4 'B’C’D’. ABCD c6 tit ca cac canh déu bang a+/3 . Tinh thé tich cua khéi
lang tru A’B°’C’D’.ABCD.
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3 3 3 3
A_9a\/§l B 3@ c_3a\/§l -
4 : 4 4
Céu 26: Bang bién thién dudi day 1a ctia ham sé nao?
a T +co
Y . +
A. y=2X_3. B. y:2X+3. C. y:—ZX_gl N yzzx_sl
x—1 X+1 X+1 X!

Cau 27: Cho hinh lang try ABC.A’B’C’ c6 day la tam giac déu canh a, hinh chiéu cta A’ trén mat
phang (ABC) triing véi trong tim O ciia tam gidc ABC, goc giita mit bén (ABB’A’) va mit
phang day bang 60°. Tinh thé tich khéi lang truy ABC.A'B’C’.

3 3
A2 f . B. a’\/3. C. 3a%\/3. D. 3a8ﬁ

Cau28: Cho ham s§ y=f x. DO thi ham s6 y=/f x nhu hinh v& bén dudi va
f-2=f2=0

ya

\ N\ r
-2 ()/1 2\
y=f"x

r 2 r
Hamso g ¥ = { fox ] nghich bién trén khodng nao trong cac khoang sau?

3 3
A. 1,5 . B. |—-L=|. C. —2;—1 . D. —1;1.

CAu29: Cho ham s6 y=f x ¢6 dao ham f' x =x>—2x v6i moi x<€R. Ham sd
g x = f x> —8x c¢0 bao nhiéu diém cuc tri?
A. 3. B. 4. C.5. D. 6.

Cau 30: Cho phuong trinh \/; +49—X =+v=X*+9x+m . C6 bao nhiéu gia tri m nguyén duong dé
phuong trinh c6 nghiém?

A. vo sb. B. 9. C. 10. D. 6.
B - PHAN TU LUAN

CAu 1: Khao sat su bién thién va tim cyc trj ham sb y=x"-2x*+2
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A Y S , £ 2 1a £ X+m . Y S ,
Cau 2: Tim tat ca cac gia tri thyc cua tham so m dé hamso y = 1 dong bién trén tirng khoang
X+

xac dinh .

2
X —X

Cau 3: Tim GTLN va GTNN clia ham s y = —1+1 trén (1;+00)

Cau 4: Cho hinh chép S. ABC c¢6 day 1a tam gidc ABC vudng tai B c6 c6 BC=3a, CA=5a,

SA vudng goc véi mp(ABC) va goc giita SB va mp(ABC) bing 60°. Tinh thé tich ctia khéi chép
S. ABC.
KIEM TRA HK1 2018-2019

I/ TRAC NGHIEM: ( 6 diém)

Céu 1: Ham s6 nao sau day dong bién trén R ?

A. y:X—_l. B. y=x®—x*+2x+3.
X—2
C. y:%x4+x2—2. D. y=x>—x*-3x+1.

-1[o}/ x
/
A y=_2X+1. B. y=2x+1. C. =—2x+1. D. y=2x—1.
X+1 x-1 x-1 X+1
Céu 3: Pao ham cta ham sé y =sin2x+3*1a
A. y' =2c0s2x+3"In3. B. y' =2cos2x+x3"".
C. y'=-cos2x+3". D. y'=-2c0s2x—-3"In3.
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Céu 4: Cho hinh noén (N) c6 ban kinh ddy bang a va dién tich xung quanh S, =27a’. Tinh thé tich
V cua khéi chép tir gide déu S.ABCD c6 ddy ABCD noi tiép ddy cua khdinén (N) vadinh S trung
véi dinh ctia khéi nén (N)?

3 3
A.vzzﬁa. B.V:Z\/ga. C.V=

D.V =2y3a°.
3 3 Vs

24/3a°

3
Cau 5: Cho ham s6 y =X’ —6x*+7x+5 (C). Tim trén (C) nhitng diém c6 hé s6 goc tiép tuyen
tai diém do bang —27?

A (L7);(--9).  B.(L7);(3:-1). C. (-5-9);(3%-1).  D.(57);(-3;,-97).
Cau 6: Cho a=log,5, b=log, 9. Biéu dién cua P = Iog24—?? theoa vab la

_3a

=— D. P=3+a-+b
2b +a=vb

A. P=3+a-2b B. P:3+a—%b C.p

Céu 7: Phuong trinh tiép tuyén ciia d6 thi ham s6 y = x* +2x* -1 tai diém c6 tung d6 tiép diém

bang 2 1a
A. y=8x-6,y=-8x+6. B. y=40x-57.
C. y=8x-8,y=-8x+8. D. y=8x-6,y=-8x—-6.

Cau 8: Trong cac ham sb dugc cho béi cac phuong an A, B, C, D dudi day, dd thi ctia ham sb
nao khong c6 duong tiém can?
X 2x+1

1 C.y=2 : D. y=x'-3x"+2.
X2 + —X

A_y:i_ B,y:
X

Ciu 9: Tap xdc dinh cila him s6 y=x"+(x* -1) I
A. (—0;-1)U(L+). B. R\{-11}. C. (0;+x). D. (L+).

Cau 10: Cho tr dién OABC c¢6 OA, OB, OC doi mot vudng goc va OA=a, OB=a3,
OC = 2a.Tinh thé tich khdi t& dién d6?
3 3
a’'\/3 B. a%\3. c. 2 */5.

A. . .
3 2
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Céu 11: Céc gid tri cia tham & m dé dd thi ham s y=”%3 ¢6 hai duong tiém can ngang
mx-—5
Ia
A. m<0. B. m>0. C. m>+/5. D. m>0.

Cau 12: Cho ham s6 y=x*—3x c¢6 gia tri cuc dai va cuc tiéu lan luot 1a y,, y,. Khi d6
A. 2y,-y,=-6. B. 2y,-y, =6. C.y,—y,=-4 D. y,+y, =4

Céu 13: Cho hinh tru ¢ ban kinh day bang a va chiéu cao bang h. Tinh thé tich V cua khéi
lang tru tam giac déu noi tiép hinh tru da cho?

2 2
A_stﬁah_ B.vz?”/g—”ah.
4 4
2 2 2 2
c.ov="lp | & D v _¥3ah
3 3 N2 3 4

A .7 Ve A 5 \ A 4 A \
Cau 14: Gia tri I6n nhat cia ham so y = 2COSX—§COS3X trén [0; 7] la

2 10
maxy=—. maxy=0. maxyzﬁ. .
A, 7] 3 B. [07] C. o] 3 D, [07] 3

Ciu 15: D6 thi sau day 13 cia ham s y = x* —3x+1. V6i gia tri nao cua tham sé6 m thi phuwong
trinh x* —3x—m=0 c6 ba nghiém thuc phéan biét.

>.u L N
t t + t +—
x

b R om0
é‘
N4
w

§EE

A. -2<m<2. B. -1<m<3. C. -2<m<?2. D. 2<m«<3.

Cau 16: Hinh non c¢6 duong sinh | = 2a va ban kinh déy bang a. Dién tich xung quanh ctia hinh nén

bang bao nhiéu?
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A. gﬂ'az. B. 4ra°. C. ra®. D. 2za?.
2
Cau 17: Cho mit ciu c6 dién tich bang S% . Khi d6, ban kinh mit cu bing
ave e ay2 aV3
A 3 B. 2 c. 3 D. 3

Cau 18: Cho phuong trinh 9% —10.3“*2 +1=0. Téng tat ca cac nghiém cua phuong trinh
bang

A. 0. B. 1. C. -2. D. 2.
Céu 19: Trong cac ham sb dudi day, ham s6 ndo nghich bién trén tap sb thuc R ?

A. y=(%j . B. y=log, (2 +1). C. y=[§] : D. y=log, x.
4 2

Céu 20: Tich tat ca cac nghiém cia phuong trinh (1+log, x)log, 2x =2 bang

A B. 4. C. D.

0|~
NG
N |-~

Cau 21: M6t ham s6 trong nhimg ham sé duéi day dong bién trén khoang (-w;+x). D6 1a ham

SO nao?

A y=x+x*+1. B. y=x"+x*+1. C. y=x"+2x+1. D. y::TJr;.

Céu 22: Cho lang try tam giac déu ABC.A'B'C' c6 AB =a, goc giita dudng thang A'C va mat
phang (AA'B'B) bang 30°. Goi H la trung diém cua AB. Tinh theo a ban kinh R cua mat cau
ngoai tiép hinh chép A.ABC.?

a+/30

:—an . . . R:_ D. R: .
6 6 2 6

A R

Cau 23: Cho hinh chép tir giac S.ABCD c6 day la hinh vudng canh bing a+/2 . Tam giac SAD
cantai S va mit bén (SAD)vudng goc véi mat phang day. Biét thé tich cua khdi chop S.ABCD

bang %a‘*. Tinh khoang cach h tir diém B dén mit phang(SCD)?
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A.h:ga. B.h:§a. C.hzga. D.h:ﬂa.
3 4 3 3

Ciu 24: Ong Binh xay mét hd nudc dang khéi hop chit nhat khong nap c6 thé tich bang 18 m?
, day ho 12 mot hinh chir nhat ¢ chiéu dai gap ba lan chiéu rong. Gia thué nhan cong dé xay hod
1a 500000 dong cho mdi mét vudng. Chi phi thap nhat dé xay ho 1a

A. 18 triéu dong. B. 19 triéu dong. C. 20triéu dong. D. 16 triéu dong.

2

Céu 25: Tim tit ca cac gia tri coa tham s6 m dé ham sé y = (1—m)x* +mx? +m? — 2 c6 mét

cuc dai va hai cuc tiéu?

A 0<m<l B. m<0 Cc. m<0Ohoac m>1 p m>1

Céu 26: Tt ca cac gia tri cua tham sé mdé ham sé y = ﬁ nghich bién trén khoang (L, +0)
la

A. O0<m<1. B. 0<m«<1. C. m>1. D 0<m<1,
Cau 27: Tim tat ca cac gia tri cua tham sé m dé phuong trinh sau c6 hai nghiém thyuc phan biét

log, (1-x*)+1log, (x+m—-4)=0
3

A. —l<m<0. B. 5<m<2—l C.5<m<2—1. D. —15m§2.
4 4 4 4

Céu 28: Mot ngudi gui tiét kiem 20 triéu dong vao ngan hang vai 13i suat 7,2%/ nam va tién
13i hang thang duoc nhap vao von, gia s 13i suat khong doi. Hoi sau bao nhiéu nim ngudi d6
thu dugc s6 tién 200 triéu dong, két qua gan nhat véi gid tri ndo sau day?

A. 50 nam. B. 10 nam. C. 41 nam. D. 33 nam.
Cau 29: Tim tit ca cac gia tri cia m dé phuong trinh x+1=my2x?+1 c6 hai nghiém phén biét?

8 o 2 J

A. —<m . B. —<m C. m<—. D.m>—.
2 6
Céu 30: Mot hinh tru ¢6 ban kinh R = 2a va thiét dién qua truc 13 hinh vudng. Dién tich xung
quanh cua hinh try d6 bang

A. gﬁaz. B. 167a®. C. 4rza’. D. 8ra’.
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TU LUAN: (4 diém)
1/ Tim gia tri 16n nhét va gia tri nho nhat cua ham sé sau:

I
y= % trén doan [1; e2]

2/ Giai bat phwong trinh sau:

5X+2 <(ij
25

3/ Tim tat ca cac gia trj thuc ciia tham s6 m dé ham so: y = % X° +mx® +(m+6)x+m
6 cuc dai va cuc tiéu?
4/ Cho hinh 1ap phuong ABCD.A'B'C'D’ ¢6 canh bang 2a. Biét ring O' 1a
tam cta hinh vuéng A'B'C'D’ va (C) 1a hinh tron ngoai tiép ddy ABCD.
Dién tich xung quanh cua hinh nén ¢6 dinh O’ va day 1a hinh tron (C) ?
HK 1 2019 - 2020
I/ TRAC NGHIEM: ( 6 diém )( 60 phut )

Céu 1: Thé tich khdi lang tru tam giac déu c6 tat ca cac canh bang a 1a

3 3 3 3
A N2 g, Y32’ c. Y22 p. Y3
3 2 4 4
Céu 2: Khoang dong bién caa ham s6: y=—x® +6x2—9x+4 la
A. (—0;0). B. (1;3). C. (0;3). D. (2;+).

Ciu 3: Cho ham sb y = f (x) x4c dinh trén ® va c6 d thi nhu hinh v& bén duéi . Tim tat ca

cac gia trj thuc cta tham s6 m d€ phuong trinh f (x)+m-2018=0 c6 duy nhat mot nghiém .
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A. m=2015v m=20109. B. 2015 < m < 20109.

C. m<2015v m>2019. D. m<2015v m> 2019.

Ciu 4: S6 duong tiém can duang va tiém can ngang cia do thi ham s6 y = 3 3 1+& 1a
X+

A 2 B. 0. C.3. D. 1.

Cau 5: Cho hinh tru (T) c6 chiéu cao h, d6 dai duong sinh 1, ban kinh day r. Ky hiéu S, 1a

dién tich xung quanh cta (T). Cong thirc nao sau day 1a dung?

A Sq=7rl. g Su=7mh. C. S =27r’h. D, Sq=2zrl.
Céau 6: Cho hinh vuéng ABCD canh 8(cm) Goi M, N lan luot 13 trung diém cia AB va CD.
Quay hinh vuéng ABCD xung quanh MN . Dién tich xung quanh cta hinh tru tao thanh la

A. 647z(cm2). B. 327z(cm2). C. 967z(cm2). D. 1267z(cm2).

Céu 7: Cho hinh nén ngoai tiép hinh chop tir gidc déu co chiéu cao bang 4cm, day 1a hinh
vudng canh 3+v/2cm . Dién tich xung quanh cta hinh nén 1a

A. 127(cm?). B. 157 (cm?). C. 20z (cm?). D. 30z(cm?).
Cau 8: Cho a,b>0va a,b=1, biéu thac P = log ; b.log, a* ¢ gi tri bang bao nhiéu?

A 6. B. 24. C.12. D. 18.

Céu 9: Cho ham s6 y = f (x) c6 do thi nhu hinh v& bén. Xéc dinh tat ca céc gia tri cia tham so m dé

phuong trinh ‘ f (X)‘ =m c6 dang 2 nghiém thuc phan biét.
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]

A. 3<m<4, B, 4<m<0, C.m>4vm=0. D. 0<m<3.

Céu 10: Cho ham sé y:%x:“—(mjtl)x2 +(m2+2m)x+1 (m 1a tham sd). Tim tat ca tham sé
thyc mdé ham s6 dat cuc tiéu tai x=2.  A.m=1. B.m=3. C.m=2. D.m=0.

Céu 11: Cho hinh chop S.ABCD c6 ddy ABCD la hinh vudng, SA vudng goc VSi mat phang
(ABCD) va SC = 2a. Tinh ban kinh mt cau ngoai tiép hinh chép S.ABC .

A. av2. B #. C. a. D. 2a.

Cau 12: Tim tap xac dinh D coa ham s6 y=(1+x—2x*)", véi n la mot s6 nguyén am.
1 1 1

Céu 13: Bang bién thién trong hinh duéi 1a d6 thi caia mot ham s trong bon ham sb duoc liét
ké & bén phuong an A, B, C, D duéi ddy. Hoi ham s6 d6 1a ham s nao?

x | —ao 1 +o0

—x -1

Ciu 14: Phuong trinh tiép tuyén ctia d6 thi ham sd y =x* —3x* +1 tai diém A(3;1) 1a
A. y=9x+2. B. y=-9x-3. C. y=9x-26. D. y=-9x-26.
Céu 15: S6 nghiém cua phuong trinh 7* -7 =6 1a

A. V6 nghiém. B. 3. C.2. D. 1.

Trang 190



TO TOAN NGUYEN HIEN PE CUONG HOC KY |, NAM HQC 2021-2022

Céu 16: Cho ham sb y = f (x) xac dinh va lién tyc trén R va c6 db thi 12 duong cong trong hinh

V& bén. Hoi diém cuc tiéu cua do thi ham s6 y = f (x)1a diém nao ?

A. M (0;-2). B. x=-2. C. N(2;2). D. y=-2.

Céu 17: Gia tri nho nhat ciia ham s6 ¢6 bang bién thién sau trén khoang [-2;3] 1a

L | -2 -1 1 3
y' + 0o - 0 +
1 7
y /‘ \ /‘
0 -3
A. E]zl;g}ny].. B. {pzl;g]yz—& C. {pzl;g}yzl D. {pzl;g}yzo.

Cau 18: D6 thi ham s6 y=—x*+2x* -1 ¢6 dang hinh nao trong 4 hinh v& sau

A B.
N
£
c D.
A. Hinh A. B. Hinh C. C. Hinh B. D. Hinh D.

Céu 19: Duong cong trong hinh bén duéi 1a do thi cia mot ham sé trong bén ham sb duoc liét
ké & bon phuong an A, B, C, D duéi ddy. Hoi ham s6 d6 14 ham sb nao?
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51
at

3l
B
A

54 4 9 N4/
-1+
2+
-3+

A y=-x*-3x+1. B.y=x>-3x-1. C. y=—x*+3x+1. D. y=x>-3x+1.

x> —2x-3

vay=x+1.
_0 Y

Céu 20: Tim toa d6 giao diém M cua do thi ham s v =

M(3;1). M(2;-3). M(-10). M(2;2).

A B. C. D.

Cau 21: Cho khéi chop SABC c¢6 day la tam gidc ABC vudng tai A, SA vudng goc véi ddy
SA=4,AB=6,BC =10. Tinh thé tich khéi chop SABC?

AV =192, B.V =40, C. V=32, D.V =24,

Céu 22: Cho khdi chop S.ABC c6 SA vudng goc véi (ABC), ddy ABC la tam giac vudng can
tai A,BC =2a , goc gilta SB va (ABC) la 30°. Tinh thé tich khdi chép S.ABC.

a’\6 a’\J6 a2 a’\3

A 3 B. 9 c. 4 D. 3

Cau 23: Mot khoi try (T) c6 thé tich bang 817 (cm®) va co duong sinh gap ba lan ban kinh dy.
Do dai duong sinh cua (T) 1a A.12(cm). B.3(cm). C.6(cm). D.9(cm),

Céu 24: Cho log,15=a. Tinh A=1log,15 theo a ta dugc

A A= 22 B. A2 | C.A=_2 D. A= &
a-1 2(a—1) a-1 2(1-a)

Cau 25: Tim tap nghiém bét phuong trinh log,, (4x+11) < log, (x2 +6x+8) :
A. S =(—0;-3)U(L+) . B. S =(-31).

C.S :(—2;1) ) D. S :(—oo;—2)u(1;+oo) .

Trang 192



TO TOAN NGUYEN HIEN PE CUONG HOC KY |, NAM HQC 2021-2022

Ciu 26: Cho ham sb y = f (x) c6 bang bién thién nhu hinh v&

x | —o 1 3 +0C
y’ - 0 - 0 -

0

Tim tAt ca cc gid tri m dé bat phuong trinh y = f (\/x—1+1) <m c6 nghiém?

A. m>-2. B. m>4. C. m=1. D. m>0.

Cau 27: Anh Nam giri 100 triéu dong vio ngan hang theo thé thire 13i kép ki han 1a mot quy
V6i 131 suat 3% mot quy. Sau ding 6 thang anh Nam giri thém 100 triéu dong véi ki han va 1ai
suat nhu trude d6.Hoi sau 1 nam s6 tién (ca vén lan 1di) anh Nam nhan duoc 1a bao nhiéu? (
Gia sir 14i suat khong thay doi).

A. 209,25 triéu dong. B. 208,25 triéu déng. C. 210,45 triéu dong. D. 218,64 triéu dong.

Céu 28: Mot hinh hop dimg c6 day 13 hinh vudng chtra d6ng ho cat nhu hinh v&. Ti s6 thé tich
ctia dong ho cét va phan con lai giita ddng ho cat va hinh hop dimg 13

\\\\\\

A QUL c. . .
24— 12—rx 24-2r 6-r7

Ciu 29: Cho ham s y = f(x). Him s y= f '(x) c6 bang bién thién nhu sau:

X -00 -1 0 1 3 +oo

2
5 +o0
. © 12 8
f (X) +\0/12 \é* /_/
9
4
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bit g(x)=f(x)- In(x2 +1) . Khang dinh nao sau day sai?

A. g(3)<g(4). B. g(-1)<g(0). C. g(1)>g(2). D. g(-2)>g(-1).

Chu 30: Cho phuong trinh: ¥+ -2xm _ ¥ 143 _3y 1m=0 (1). Dé phuong trinh (1) ¢ ba
nghiém phan biét, tap hop cac gia trj thuc cia tham s m c6 dang (a;b). Tong a+2b bang

A o. B. 1. C. 2 D. _a.
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PE GIUA KY 12020

CAU HOI TRAC NGHIEM (30 CAU)

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 7:

2

D6 thi ham so y = ¢ bao nhiéu tiém can ngang va tiém can dung

X*-5x+6
Al B. 2. C.3. D. 0.
Cho khéi 1ap phuwong. Ménh dé nao sau day la ding.
A. La khéi da dién déu loai {3;4}. B. S6 dinh cua khéi 1ap phuong bang 6.
C. S6 mat cua khéi lap phuong bang 6. D. S6 canh cua khéi 1ap phuong bang 8.
Y -9 e o
Do thi ham so y = > c6 bao nhiéu tiém can ngang va tiém can ding
X J—
A. 3. B. 2. C. 1 D. 0.

Cho hinh chép S.ABCD c¢é déy 1a hinh vudng canh 6a, SA vudng goc véi day, goc SBA = 60°
. Tinh thé tich ciia khbi chop S.ABCD.

A T728% B. 723 a°. C. 216+3a° D. 216a°.
Ham sb y =vx?—3x+2 nghich bién trén khoang nao?

A. (—o0i-1). B. (2+0). c. (1%)

Béng bién thién dudi day la cua ham s6 nao?

T —co -1 + oo
y' + || +
+ oo 2
Y / /
2 — oo
A y=2X_3_ B. y=2x+3. C. =—2x—3. D y=2X_3.
x-1 X+1 X+1 X+1

Ham s6 y = x® —3x+1 nghich bién trén khoang nao?
A R. B. (—o0;—1). C. (-L1). D. (-13).

Cho hinh ling try ABC.4’B’C’ ¢6 day la tam giac déu canh a, hinh chiéu cta 4’ trén mat
phang (ABC) tring v&i trong tdm O clia tam gidc ABC, goc gitra mit bén (4BB’A’) va mit
phang day bang 60°. Tinh thé tich khéi lang tru ABC.4'B’C’.

3 3
A 2 f . B. a%\3. C. 3a%3. D. 3""8‘@.
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cho hinh chop S. ABC c6 day la tam giac ABC co6 CB :2a\/§ , CA = 2a va goc ACB bang

30°, SA vudng gbe véi day va goe gitta SC va (ABC) bang 60°. Tinh thé tich cua khdi chép
S. ABC
A. 3a3, B. 2a3. C. 9a%. D. 6as3.

Do thi dudi day la cia ham s6 nao?

[}
|
.

A y=—x+2x* +4x+1. B. y=x"-2x%.
C.y=—x"+2x*+1. D. y=x"-2x*+1.

Khéi chop tir gidc déu ¢ canh day bang a , chiéu cao bang 3a thi co thé tich bang:
3

A. a3, B. % C. a°. D. 3a°.
Gia tri 16n nhat cia ham sb y = 3 = trén doan [0;2] la:
—X
1
A. 2. B. 0. C. —5 . D. 3.

X - A 1n \ £ 3 TR , £ \ s
Do thi sau day 1a ciia ham s6 Y = X* —3X+1. Vi gia tri nao ciia tham s6 m thi phwong trinh

x* —3x—m =0 c6 ding mdt nghiém thyc phan biét.

y

o R
x

3 5 1 i’ \1/ i 3
m<-1 m< -2
A. : B. 2<m<2. C. : D. -1<m<3.
m>3 m>2
Khéi 1ap phuong c6 canh bang a co thé tich bang:
3
A. a*\3. B. a’. c. 2 D. 3a°

3
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Cau 15: Cho lang tru ding 4 'B’C’D’.ABCD c6 tAt ca cac canh déu bing a+/3 . Tinh thé tich cua khéi
lang try 4’B’C’D’.ABCD.
9a°+/3 3a° 3a°\/3 9a°

A . B. —. C. . D.—.
4 4 4 4

Cau 16: Vi gia tri nao cua tham s6 m thi ham séy=x3—mX2+X—3 dat cuc dai tai x=-17
A melR. B.m=-2. C. med. D.m=-2.

Cau 17: Cho hinh chop S.ABCD c6 day I3 hinh chit nhat canh AB = a, AD =a~/3 . Biét ring tam gi4c
SAB cén tai S va ndm trén mit phing vudng goc véi day, khoang cach gitta AB va SC bang

37“. Tinh thé tich ciia kh6i chop S.ABCD

A \J3a3 B. 24/3a3 . c. 2 §a3 . D. 33a*.

Céu 18: Hinh da dién nao dudi diy khéng 13 hinh da dién déu

<D

A.Tadiéndéu. B.Batdiéndéu.  C.Hinh lap phuong. D. Ling tru luc gidc déu.

Cau 19: Ham s6 y=x* —4x* -3 ¢b gia tri cuc dai bé“mg:

A -T. B. -3. C.0. D. V2.
Cau 20: Vi gia tri ndo cua tham sé m thi ham s6 y = x* —6mx? + 2 dong bién trén R ?
A. m=0. B.m>0. C. m<0. D. m>0.
Cau 21: Hinh ndo duéi ddy khéng phai 12 hinh da dién 16i
Hinh 1. Hinh 2. Hinh 3. Hinh 4.
E
V - -
y ¥
A. Hinh 4. B. Hinh 3. C. Hinh 2. D. Hinh 1.

Cau 22: Gia tri nho nhat ctia ham sb y=vx+2 +/4—x 1a:
A. 24/3. B. V6 . C. -2. D. 1.

Cau 23: Cho hamsé y = f (X) c6 bang bién thién nhu sau:
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Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

x — o O T —+oo

2

i \oo 2\2 /+°°

Tong s6 tiém can dtng va tiém can ngang cia do thi ham sé da cho 1a:

Al B. 3. C. 4. D. 2.
2x+1
x+1
A. Tap x4c dinh ctia ham s6 14 D = (~o0; —1) U (~1; +0).
B. D4 thi ham s6 c6 hai tiém cén.

. Ménh dé nao sau day sai?

Cho ham sb y =

C. Ham s6 dong bién trén cac khoang (—oo; —1) va (—1; +o0).
D. Ham s ¢6 cuc tri.

2x+1 oz . ; ,
1 la (C). Biét tiép tuyén cta do thi (C) song song véi dudong thing

D6 thi ham sb: y =

(d): y =—3x+15. Phuong trinh tiép tuyén d6 1a

Ay=—-3x+1lvay=—3x-1. B.y=3x+11.
C.y=—3x-1. D.y=—3x+11.

‘ 4 e, , £ N -\ A oA N
Cho ham s0 Y = X+ — .Gi4 tri nho nhat ctia ham so trén (0;+0) bang
X

A. 4. B. 2. C.-2. D. -4.
Ham s6 nio sau day c6 gia tri 1n nhat trén tap xac dinh?

X—2
A y=2x"—x*+1. B.y=—o.

X+1

C.y=-x"+3x*+2. D.y=-x+2x*+4x-2.

Cho phuong trinh \/; +4/9—X =~+/=x* +9%X+m . C6 bao nhiéu gi4 tr m nguyén duong dé
phuong trinh c6 nghiém?
A. o sb. B. 9. C. 10. D. 6.

Cho ham sé6 y=f x. Db thi ham s »=/" % nhu hinh vé bén dusi va

f-2=f2=0

VA

r 2 r
Hamso g x = [ fox ] nghich bién trén khodng nao trong cac khoang sau?
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3 3
A. [1;5]. B. [—1;5]. C. —2;—-1. D. —1;1,

CAu30: Cho ham s6 y=f x ¢6 dao ham f' x =x*—2x v6i moi x€R. Ham sb

g x = f x* —8x b bao nhiéu diém cuc tri?

A. 3. B. 4. C.5. D. 6.
TU LUAN.
Cau 1: Khao sat sy bién thién va tim cyc tri ham s y=x*-2x*+2

A \ Av 2 s ey ) A A 1% A X+m - X A
Cau 2: Tim tat ca cac gia tri thuc cua tham s6 m dé ham so y =1 dong bién trén
X+

tung khoang xac dinh .
Ié 2 a—
Cau 3: Tim GTNN cta ham sé y= x—xl” trén (1;-+00).

Cau 4: Cho hinh chop S. ABC c6 day la tam giac ABC vudng tai B c6 ¢c6 BC = 3a, CA

= 5a, SA vudng goc véi mp(ABC) va goc gira SB va mp(ABC) biang 60°. Tinh thé tich
ctia khdi chop S. ABC.

PE HQC KY 12020
Céu 1: Cho ham sé y = f(X) c6 do thi ( C ) nhu hinh dudi. Ménh dé nio sau day sai ?

vy
4

=y

vz o v \
A. Ham sd nghich bién trén khoang (—\/5 ; 0) .
B. Ham so nghich bién trén khoang (—\/5 N2 )
C. Ham s6 dong bién trén khoang (_oo;_ﬁ ) :
D. Ham s6 dong bién trén khoang (0;1).

Cau 2: Dya vao bang bién thién ctia ham s, chon cau khang dinh diing .

. S, T
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A. Ham s dong bién trén (=2;+o0) B. Ham s6 nghich bién trén(-2; 2)
C. Ham s6 ¢6 2 cuc tri D. Ham s6 c¢6 gia tri cuc tiéu 1a 3
Cau 3: D6 thi dudi 1a cua ham s6 y =-2x° +3x* —1,v6i gia tri nao ctia tham s6 m thi phuong

trinh 2x°® —3x*+2m =0 c6 ba nghiém phan biét.

&
¥

1
A.0<m<1 B.O<m<§. C.-1<m<0 D. -1<m<0
Cﬁu‘4: Cho tir dién déu d6 dai canh bﬁng a, c6 mot dinh trung véi dinh hinh nén, 3 dinh con
lai ndm trén duong tron day cua hinh non . Khi d6 dién tich xung quanh cua hinh noén bang
3ra’ 2 2
Jara’ g, Yora* c. Yora® D. /37a’.
2 3 3
Céu 5: Tim tat ca cac gid tri cia tham s6 m dé ham sé y = x* —mx? + x+1 dong bién trén R.

A. me[—«/§;\/§] B. me(—\/§;\/§). C. me(0;+w). D. med.

A

2
Cau 6: Cho a 1a so thyc duong. Biéu thtic a* o vidt dusi dang liiy thtra v&i s6 mil hitu ty 1a
[ 7 11

1
A. a’. B. a?. C. aS. D. af.
Cau 7: Tim gid tri tham s6 m dé dudng thing (d):mx-y+m=0 cit dudng cong
(C):y=x"-3x*+4 tai ba diém phan biét A,B va C (-1;,0) sao cho tam giac AOB c¢6 dién tich

bang 55 .(Véi O 1a gdc toa do).
A Mm=4. B. m=6. C. m=5. D. m=3.
CAu 8: Cho ham s6 y= f x . DO thi ham sd y= f’ x nhu hinh bén dudi

Yl

N o) s
[T\

Ham s ¢ x =2/** dong bién trén khoang nao trong cac khoang sau ?
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A. [—oo;—%]. B. —:1. C. [—%;1]. D. 1,2.

Cau 9: Tinh ban kinh r cta khoi cau c6 thé tich 1a V =367 (cm®).

A. r=9(cm). B. r=4(cm). C. r=3(cm). D. r=6(cm).
Ciu 10: Him s6 y=13""* c¢6 dao ham la

A. y’=13""*mn3. B.y’= (2x—3)13" *.1n13.

C. y'=(@?—3x)13" ", D. y’=(2x—3)13" .

Cau 11: Cho hinh chop S.ABC c6 SA vudng goc voi mp(ABC) , day la tam gidc ABC co AB =
AC = 2a va gbc BAC = 1200 Biét goc mp(SBC) va mp(ABC) bang o véi tano = 2 . Hiy tinh
ban kinh mat cau ngoai tlep hinh chop S.ABC.

A. a2 B. a3 C. a\5 D. 2a

Céu 12: . Hinh bat dién déu (tham khao hinh v&) c6 bao nhiéu canh ?

A. 12, B. 16. C. 20. D. 8.

Céu 13: Cho khéi chép S.ABC c6 SA vudng goc v6i ddy, SA=4,AB=6,BC =10 va CA=8.
Tinh thé tich V cua khéi chop di cho.

A.V =40. B.V =32 C.v=24 D.V =192

Cau 14: Hims6 y =log, 2* —z +2 c6 dao ham 14
3

A_yl: 2 2z —1 ‘ B.y': 20 — 1 1‘
r —z+2.In3 22—z +921n~

3

Cy—— 1720 D.y—— 2071
2 —x+2 .In3 2 —x+2.

Cau 15: Cho hinh lang try ding ABC.A'B'C' c¢6 day ABCla tam gidc can véi
AB = AC = a,BAC =120°, mit phang (AB'C') tao voi ddy mot goc 60°. Tinh thé tich V cia khoi
lang tru da cho.
3 3 3
Av-2e B. V=20 c.v==2, D.v=2%
8 4 8 8

CAu 16: Ham sb y——x +mx +( 4)x+2 dat duoc cuc dai tai x =1 khi

A m=-1 B. m=-3.
C. m=1 hoac m=-3. D. m=1
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Céu 17: D6 thi ham sé y = X3 — 6x2 + 9x + 2 ¢6 2 diém cuc tri c6 toa do 1a:
A (3;2);(-1;-14) B.(2;4);(522) C.(1;6); (3;2) D.(1;6);(2;2)

Ciau 18: S nghiém phuong trinh: 9* -3-6=0 la:
A.3 B.1 C.2 D.0

Céu 19: Goi n 12 s6 hinh da dién 16i trong bdn hinh duéi. Giatrinla.

A.n=2 B. n=3. C.n=4. D.

A

- ‘: J\ A
. Y.
S
N
/,
/
/

Cau 20: Nghiém cta phuong trinh 2" =32 1a
A. z=3. B.ng. C.x:§. D.z=2.
2 2
14 2_ J— 14 7 1 14
Cau 21: Cho ham s y=X X2 2 (1). Tiép tuyén v6i dd thi ham sb (1) va song song véi duong
X+
thang 3x+y—2=0 c6 phuong trinh :
A. y=-3x+5;y=-3x+3 B. y=-3x-3;y=-3x-19
C. y=-3x+3 D. y=-3x+5

Ciu 22: Bat phuong trinh log, (xz — x—gj <2-log,5 co tap nghiém S la:
2

A S= —oc0;—1U 2;+00 B. S :[—1;2]

C. S=[-21] D. S =(-o0;-2]U[L;+)

Cau 23: Cho hinh lang try ding ABC.A'B'C’ ¢6 day ABC la tam giac déu canh bang 4 va biét
CC'=5. Tinh the tich V cua khoi lang tru da cho.

A.Vz%. B.v:? C. V =2043. D. V=43,
Ciau 24: Cho ham sb y = f (x) ¢6 bang bién thién nhu sau
r |—oo -1 2 +oc
Y + 0 - 0+
4 2
y / \ /
2 -5

M¢énh dé nao dudi day ding?

A. Ham s6 c6 bon diém cuec tri. B. Ham s6 khong co cuc dai.

C. Ham so0 dat cuc ti€u tai x =-5. D. Ham so dat cuc tiéu tai x=2.
Cau 25: Ham s6 nao dong bién trén R ?
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A. y=+x*+1 B. y=x°. C. y=x>+3x D. y=$.

Cau 26: Biét cac hinh dudi day tao thanh tir htru han céc da giac. Hinh nao la hinh da dién

A. B. C. D.
Cau 27: Tich cac nghiém cta phuong trinh 4log,;v'x—2 —log, (10— x)=1+log,3 la

5

A.35 B.-32 C.28 D.-18

3
Cau 28: Himsb y = (4— X2 )g co tap xac dinh la:

A R\{-2;2}. B. R C. (-2;2). D. (—o0;—2]U[2;+0).
Cau 29: S6 nghiém nguyén ciia bat phuong trinh 22+* - 22-X < 15 16n hon—2la

A.3 B.5 C.0 D. v6 sb

Cau 30: Tim gié tri nho nhét ciia ham s y =~/6—3x trén doan [-1;1]

A. miny=0. B. miny=3. C. rr_11ilny:—1. D. r[r_lli;lr]ly:\/g.

[-1:1] (1] [-1:1]
Céu 31: Tong cac nghiém cia phuong trinh: log,(x*+7x)=3 la:
A7 B. -7 C.-8 D.8
Céu 32: Cho ham sd y = x*—2x?. Ménh dé nao duéi diy ding?
A. Ham s6 nghich bién trén khoang (-11). B. Ham s6 dong bién trén khoang (—o0;-1).
C. Ham s6 dong bién trén khodng (-11). D. Ham s6 nghich bién trén khoang (—o0;-1).

. 3 . 1
Cau 33: Két luan nao sau day vé hamso y = la ding ?

A. Ham s dong bién trén cac khoang (—o0; —1) va (—1; + oo) .
B. Ham s6 ludn co it nhat mot diém cuc tri

C. Ham s6 dong bién trén (—o0;-1) U (—1;+).

D. Ham s6 nghich bién trén khoang (—oo ;—1) va (—1; + OO) .
Céu 34: D6 thi ham s nao sau day c6 ba dudng tiém can?
1-2x X X+3 1
A'y:1+x B'y:xz—x+9 C'y:5x—l

Cau 35: Nghiém cua bat phuong trinh : log, (3X - 2) <0 la

A. log,2<x<1 B. x<log, 2 C. 0<x<1 D. x>1
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Cau 36: Cho hinh chop S.ABCD c¢6 day ABCD 1a hinh thoi canh a, goc ABC bang 60° . Mat
bén (SAB) la tam gidc vudng can tai S va nam trong mit phang vudng goc véi mit phang
(ABCD). Tinh thé tich V ctia khdi chép S.ABCD.

3 3
A.V:a\@. B.V =a’. C.Vzas*@. D.v-2.
12 4 3
Céu 37: Tap xac dinh cia ham s y = log —2° — 22+ 3 1a
A =31 B.R\ —31.
C. —o00;—3 U L;400 . D. —oo;—3] U [1;—1—00
Céu 38: Tinh thé tich V cua khdi tru ¢6 ban kinh day r =4 va chiéu cao h=42.
A.V =128 B.V =64V2x C.V =322z D.V =32z
CAu 39: Pao ham cia hamsé y =%z + 2 +1 1a
1 2z +1
A vy = . B. y' = .
3.3(x*+ x+ 1) 3.3+ x+ 1)
(x4 x+ 1) 2z +1
Cy="———7-— D y=——.
3 I+ x+1
2 —
Céu 40: Do thi ham sé y = ZXTlA, c6 bao nhiéu duong tiém cén dung va ngang ?
X" —oX—
A3 B.5 C.2 D.4
Céu 41: . Cho ham s6 y = f(x) c6 bang bién thién sau :
X - 0 2 +o0
i R A I

y _00/5\1/%0

Vi gia tri nao cia m thi phuong trinh f(x) =m c¢6 3 nghiém phan biét

A. m<1 hoac m>5 B.1<m<5 C. m<1lhoac m>5 D.1l<m<5b

Cau 42: Cho hinh lang truy ABC.A'B'C' c6 day ABC la tam giac vudng can tai B, AC =2a.
Hinh chiéu vudng géc cia A’ trén mat phang (ABC) 1a trung diém ciia canh AC, duong thang
A'B tao v6i mit phang (ABC) mot goc 45°. Tinh thé tich V ciia khéi ling tru da cho.

A. V:2\/5a3. B. V=2d. C. V:%cf. D.vV =a%

Cau 43: D6 thi ham sb vy =i(—+1 c6 dang
—X
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Ty 4y
8 3
2 2

C. ’ / . D. :
Cau44: Himsb: y = 1ys 2,2 6y 1 dat gid tri 16n nhat va gid trj nho nhat trén [1 ;3] tai diém
3 2

c6 hoanh do X1 ; Xz . Khi d6 tong X1 + X2 bang

A. 4 B. 2 C.5 D.3

Ciu 45: . Mot khoi d6 choi gom mot khéi nén (N) xép chong 1én mot khéi try (T). Khoi tru (T)
c¢6 ban kinh ddy va chiéu cao lan luot 1a r, h,. Khéi non (N) ¢6 ban kinh ddy va chiéu cao lan

lugt 13 r,, h, théa man r, = %rl va h, =h, (tham khdo hinh vé).

< >

I
Biét rang thé tich cta toan bd khoi do choi bang 124 cm?, thé tich khdi non (N) ban
g g

A. 62 cm’. B. 15 cm®. C. 108 cm®. D. 16 cm®.
Céu 46: Mot hinh try c6 dién tich toan phan 1a 6x. Ban kinh ctia khdi try ¢6 thé tich 16n nhét 1a
A. R=4/3. B.R=2. C.R:?. D.R=1.

Cau 47: Cho khoi chop tir giac déu S.ABCD , ddy 1a hinh vudng c6 AB = a, SA = 2a. Tinh thé
tich V cia khoi chop S.ABCD.

A. V:\/Eas B. Vz\/faS C. V:€a3 D. V:JE;P
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Cau 48: Tap xac dinh cia ham ) y= (sz la:
X J—

A. D =(0;+) B. D=R\{2} C. D=(-x;0) D. D =(-o0;+)

Ciu 49: Cho ham s f(X) c6 dao ham 1a f'(x). D3 thi cia ham s y = f'(x) dugc cho nhu hinh
vé bén. Biét ring f(0)+ f(3)=f(2)+ f(5). Tim gid tri nho nhat m va gié trj 16n nhat M cia
f (x) trén doan [0;5]?

\

ER

A m=1f(1),M=f(5). B. m=f(0),M = f(5),
C. m=1£(2),M = (0). D. m=1f(2),M = f (5).
Céu 50: S6 cac gia tri nguyén ctia tham sé m dé phuong trinh log s -1 = log, mz —8 ¢o

hai nghiém thuc phan biét la
A. 3. B. 4. C. 5. D. 2.
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